MHT CET 2020 Oct 12 Shift 2 Question Paper with Solutions

Read the following instructions very carefully and strictly follow them:
1. The test is of 3 hours duration.

2. The question paper consists of 200 questions. The maximum marks are 200.

3. There are three parts in the question paper consisting of Physics, Chemistry and
Mathematics having 50 questions in each part of equal weightage.

1.
A bus is moving with a velocity of 5m/s towards a wall. The driver blows the horn
of frequency 165 Hz. If the speed of sound in air is 335m/s, then after reflection of

sound wave, the number of beats per second heard by the passengers in the bus
will be
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Correct Answer: (B) 5

Solution:

Step 1: Understanding the Concept: The frequency of sound heard by an observer changes
due to the relative motion between the source and the observer (Doppler Effect).

In this case, the wall acts as a stationary observer receiving the sound and then as a stationary
source reflecting it back to the moving bus.

Step 2: Key Formula or Approach: The apparent frequency f’ received by a moving ob-
server from a moving source is given by:

;o v £,
=l <U$US>

Where v is the speed of sound, v, is the velocity of the observer, and vy is the velocity of the
source.

Step 3: Detailed Explanation: 1. Frequency received by the wall (fy,):
The bus is the source moving towards the wall.

v 335 335
- — 165 — 165 (222} = 165 x 1.01515 ~ 167.5 H
Ju=1o <v—vs> (5% 5) (5%) - ’

2. Frequency of reflected sound heard by the passenger (f’):
The wall now acts as a stationary source, and the bus (passenger) is an observer moving towards



it.

335+5 340
= fu (U +”0) = 167.5 ( 33’; ) = 167.5 (ﬁ> = 170 Hz
v

3. Calculation of Beat Frequency (n):
The beats are produced by the superposition of the original frequency and the reflected fre-

quency.

n=f — fo=170 — 165 = 5 Hz

Step 4: Final Answer: The number of beats per second heard is 5.

9 Quick Tip

For a source moving towards a stationary reflector with velocity u, the frequency heard

by the person in the source is f’ = fy (;’i’—ﬁ) This shortcut saves time!

2.
A graph of magnetic flux (¢) versus current (I) is shown for four inductors A, B,
C and D. Larger value of self-inductance is for inductor

Correct Answer: (D) A

Solution:

Step 1: Understanding the Concept: Magnetic flux (¢) linked with an inductor is directly
proportional to the current (I) flowing through it. The constant of proportionality is the self-
inductance (L).

Step 2: Key Formula or Approach: The relationship is given by:

¢=LI



On a graph of ¢ vs I, the slope (%) represents the self-inductance L.

Step 3: Detailed Explanation: Looking at the provided graph:

The lines represent different inductors.

The slope of each line is given by tan(#), where 6 is the angle with the current axis (I).

Since L = slope, the line with the steepest angle (highest slope) will have the largest self-
inductance.

Inductor A has the maximum slope compared to B, C, and D.

Slope 4 > Slopeg > Slopes > Slopep = Ly > Lp > Lc > Lp

Step 4: Final Answer: The inductor A has the largest value of self-inductance.

9 Quick Tip

In any Linear Graph Y = mX, the quantity represented by the slope is simply the
ratio Y/X. Here, L = ¢/1.

3.
Kirchhoff’s current law and voltage law respectively are based on the law of con-
servation of

(A) charge, energy.
(B) charge, momentum.
(C) energy, charge.
(D) momentum, charge.

Correct Answer: (A) charge, energy.

Solution:
Step 1: Understanding the Concept: Kirchhoff’s Laws are fundamental rules used in cir-
cuit analysis to determine current and voltage distribution.

Step 2: Detailed Explanation: 1. Kirchhoff’s Current Law (KCL): States that the
algebraic sum of currents entering a junction is zero. This implies that charge cannot accumu-
late at a junction; what goes in must come out. Thus, it is based on the Conservation of
Charge.

2. Kirchhoff’s Voltage Law (KVL): States that the algebraic sum of potential differences
(voltages) around any closed loop is zero. This is a statement of the work done in moving a
charge around a closed path in a conservative field being zero. Thus, it is based on the Con-
servation of Energy.



Step 3: Final Answer: The laws are based on conservation of charge and energy respectively.

9 Quick Tip

Remember: KCL — Charge (alphabet C matches), KVL — Potential (Voltage) —
Work — Energy.

4.
Focal length of a convex lens will be maximum for

(A) yellow light.
(B) violet light.
(C) blue light.
(D) red light.

Correct Answer: (D) red light.

Solution:
Step 1: Understanding the Concept: The focal length of a lens depends on the refractive
index of the material, which in turn varies with the wavelength of light used (Cauchy’s Formula).

Step 2: Key Formula or Approach: From Lens Maker’s Formula:

1 1 1 1
?:<“‘1>(R—1‘R—2) =

According to Cauchy’s relation: p o %

Step 3: Detailed Explanation: 1. We know that in the visible spectrum (VIBGYOR),
wavelength A\req > Aviolet -

2. Since refractive index p is inversely proportional to wavelength, tiveq < fiviolet-

3. From the Lens Maker’s formula, the focal length f is inversely proportional to (u — 1).

4. Therefore, the lower the refractive index, the larger the focal length.

5. Since fipeq is the minimum among the given colors, fi.q will be the maximum.

Step 4: Final Answer: Focal length is maximum for red light.

@ Quick Tip

Red light bends the least because it has the longest wavelength and lowest refractive
index, hence it focuses furthest from the lens.




5.

An electromagnetic wave of wavelength ')\ is incident on a photosensitive surface
of negligible work function. If the photoelectrons emitted from this surface have
the de-Broglie wavelength '\| then

Correct Answer: (C) A oc A2

Solution:

Step 1: Understanding the Concept: The energy of the incident photon is transferred
to the electron. Since work function is negligible (¢ ~ 0), all the photon energy becomes the
kinetic energy (K') of the emitted photoelectron.

. . . _h
Step 2: Key Formula or Approach: 1. Energy of photon: F = 5
2. de-Broglie wavelength: \; =

iy

2m

Step 3: Detailed Explanation: 1. By Einstein’s Photoelectric equation: K = E — ¢. Given
¢=0s0 K =E=1%,
2. Squaring the de-Broglie wavelength formula:

4. Rearranging for \:

5. Since m, ¢, h are constants: \ o )\%.

Step 4: Final Answer: The relationship is A o )\%.

9 Quick Tip

Energy E o 1/A and Momentum p oc 1/);. Since £ = p?/2m, we get 1/ oc (1/A1)2,
leading to A )\%.




6.
A pipe open at both ends has length 1m. The air column in the pipe cannot res-
onate for a frequency (Neglect end correction, speed of sound in air = 340m/s)

Correct Answer: (B) 85 Hz

Solution:
Step 1: Understanding the Concept: An open organ pipe produces all harmonics (integral
multiples of the fundamental frequency).

Step 2: Key Formula or Approach: The frequencies of resonance for an open pipe are:

nv

fnzﬁ where n =1,2,3,...
Step 3: Detailed Explanation: 1. Calculate the fundamental frequency (n = 1):
1 x 340
= =170H
=57 =170Hz

2. The possible resonance frequencies are multiples of 170 Hz:

-n=1: 170 Hz

-n=2:2x170 =340Hz

-n=3: 3x 170 =510Hz

3. Looking at the options: 170 Hz, 340 Hz, and 510 Hz are all resonance frequencies.

4. 85 Hz is less than the fundamental frequency (f1), so it cannot be a resonance frequency for
this pipe.

Step 4: Final Answer: The pipe cannot resonate at 85 Hz.

@ Quick Tip

For an open pipe, frequencies are f1,2f1,3f1.... For a closed pipe, frequencies are
f1,3f1,5f1.... Always calculate f; first!

7.
The period of seconds pendulum on a planet, whose mass and radius are three
times that of earth, is



(A) 3v/2 second

(B) v/3 second

(C) 2v/3 second

(D) 2v/2 second

Correct Answer: (C) 2v/3 second

Solution:

Step 1: Understanding the Concept: The time period of a simple pendulum depends on
the acceleration due to gravity (¢g) of the planet. A ”seconds pendulum” has a time period of
2 seconds on Earth.

Step 2: Key Formula or Approach: 1. Time period: T = 271'\/% — T x \/Lg
GM

2. Acceleration due to gravity: g = T

Step 3: Detailed Explanation: 1. Ratio of gravity on the planet (g,) to Earth (ge):
Given M, = 3M, and R, = 3R..

CG(BM,) 3GM. 1
P 3R2 T 9rz 3%

Tp Je Je \/‘
_— = _— = pu— 3
Te \/ dp \/ 96/3

3. Since T, = 2s (for seconds pendulum):

Ty, =Te x V3 =2V3s

2. Ratio of time periods:

Step 4: Final Answer: The period on the planet is 21/3 seconds.

9 Quick Tip

”Seconds pendulum” always means 7' = 2s. Don’t confuse it with 1 second!

8.
If three vectors have equal magnitude i.e. A = B = (', then the angle between A
and Cis 'o/. If A+ B+ C =0, then the angle between A and C is /', then % is



Correct Answer: (C) 3

Solution:

Step 1: Understanding the Concept: The question asks for a ratio of two angles. However,
the definition of o in the prompt is incomplete as it doesn’t specify the condition for o. Looking
at standard problems, if three equal vectors form a closed triangle, they must be at 120° to
each other. Let’s re-evaluate based on the options.

Step 2: Detailed Explanation: 1. Finding g: If A+B+C =0 and magnitudes are
equal, the vectors form an equilateral triangle. The interior angle is 60°, but the angle between
vectors (placed tail-to-tail) is the exterior angle:

B = 120°

2. Determining a: In typical JEE problems of this nature, « often refers to the angle when
the resultant of two equal vectors equals the third, or similar geometry. Assuming o = 60°
(angle in an equilateral triangle) or using the result from common physics contexts:

o 60 1

8120 2

Step 3: Final Answer: The ratio a/f is 1/2.

Q Quick Tip

If three equal vectors sum to zero, they are mutually at 120°.

9.
The resultant gate and its Boolean expression for the given circuit is

(A) OR, A+ B
(B) NAND, A- B
(C) NOR, A+ B
(D) AND, A- B



Correct Answer: (D) AND, A-B

Solution:
Step 1: Understanding the Concept: Analyze the logic gates in sequence. G1 and G2 are
NOT gates. GG3 is a NOR gate.

Step 2: Detailed Explanation: 1. Output of Gy is C' = A.
2. Output of Gy is D = B.
3. GGz is a NOR gate with inputs C' and D. Its output Y is:

4. Substituting C' and D:

6. The expression A - B corresponds to an AND gate.

Step 3: Final Answer: The resultant gate is AND with expression A - B.

9 Quick Tip

Bubbled NOR is an AND gate. Bubbled NAND is an OR gate. This is a very common
shortcut in digital logic.

10.

Three particles each of mass 'm/) are placed at the corners of an equilateral triangle
of side % A particle of mass 'm/, is placed at the mid point of any one side of
triangle. Due to the system of particles the force acting on 'm/, is (G = Universal
constant of gravitation)

Correct Answer: (A) 126mim2

Solution:



Step 1: Understanding the Concept: The gravitational force between two masses is given
by Newton’s Law of Gravitation. The net force is the vector sum of individual forces.

Step 2: Key Formula or Approach:

Gmimeo

F = 3

r

Step 3: Detailed Explanation: 1. Let the side length be s = L/3.

2. Place mo at the midpoint of the base. The two masses at the ends of this base are at distance
s/2 from ma.

3. The forces from these two base masses are equal and opposite, so they cancel out.

4. The third mass is at the apex. The distance from the midpoint of the base to the apex is
the height (h) of the equilateral triangle:

h:£3:£(£> L

2 2 \3) 23

5. The force exerted by the apex mass on msg is:

7 Gmimo Gmimao Gmimae

h? (L/2v3)2  L?/12

B 12Gm1m2

F 2

Step 4: Final Answer: The net force is %

Q Quick Tip

In symmetric distributions, look for forces that cancel out first to simplify the vector
addition.

11.
When a mercury drop of radius ’R’, breaks into ’n’ droplets of equal size, the radius
’r’ of each droplet is

(A)'r:\%
(B)r =17
©r="1%
(D)r:Rn%

Correct Answer: (C) r =

P

Solution:

10



Step 1: Understanding the Concept: When a large liquid drop breaks into several smaller
droplets, the total volume of the liquid remains conserved.

Assuming the drops are spherical, we equate the volume of the initial big drop to the total
volume of the 'n’ smaller droplets.

Step 2: Key Formula or Approach: Volume of a sphere = %m’3
Conservation of volume: Vipitial = 7 X Vinal

Step 3: Detailed Explanation: Let R be the radius of the big drop and r be the radius of
each of the n droplets.

Equating the volumes:

4 4
gwR?’ =n X (§7TT3)

The constant term %W cancels out from both sides:
R¥=nxr?
To find r, we take the cube root of both sides:

1
R=n3xr

Rearranging for r:

Sl =

Step 4: Final Answer: The radius of each droplet is r =

P

9 Quick Tip

Remember that in such ”breaking” or ”coalescing” problems, volume is always con-
served, but surface area increases when a drop breaks into smaller droplets.

12.
Sensitivity of a given potentiometer can be decreased by

(A) increasing the current through the wire.
(B) decreasing the current through the wire.
(C) decreasing the potential gradient along the wire.
(D) increasing the potential gradient along the wire.

Correct Answer: (D) increasing the potential gradient along the wire.

Solution:
Step 1: Understanding the Concept: The sensitivity of a potentiometer refers to its ability
to measure small potential differences accurately.

11



A more sensitive potentiometer has a smaller potential gradient (k), meaning it can detect a
smaller change in potential per unit length.

Step 2: Key Formula or Approach: Potential gradient (k) is defined as the potential drop
per unit length of the potentiometer wire:

k= —
L

Sensitivity S is inversely proportional to the potential gradient:

1
SOCE

Step 3: Detailed Explanation: To decrease the sensitivity, we need to increase the po-
tential gradient along the wire.

1. If k increases, the smallest potential difference that can be measured accurately also in-
creases, making the device less sensitive.

2. Conversely, sensitivity can be increased by decreasing the potential gradient (which is done
by increasing the length of the wire or decreasing the current).

Step 4: Final Answer: Sensitivity is decreased by increasing the potential gradient along
the wire.

9 Quick Tip

To make a potentiometer more sensitive, "thin out” the potential drop over a longer
length (decrease k). To make it less sensitive, ”concentrate” the potential drop (in-
crease k).

13.
If '] and '\, are the wavelengths of de-Broglie waves for electrons in first and
second Bohr orbits in hydrogen atom, then (i—;) is equal to (Energy in 15 Bohr

orbit = —13.6eV)

A
B
C
D

AN N N N
N’ N N
[SUISNTE G ST

Correct Answer: (B) %

Solution:

Step 1: Understanding the Concept: According to Bohr’s quantization condition and de-
Broglie’s hypothesis, the circumference of the n'® orbit is an integral multiple of the de-Broglie
wavelength of the electron.

12



Step 2: Key Formula or Approach: 1. Bohr’s quantization condition: 27r, = n\,
2. Radius of n'® Bohr orbit: 7, o n?

Step 3: Detailed Explanation: From the quantization condition, we have:

27Ty,

Ap =

n

Since 7,  n?, let 1, = ron:

27 (ron?)

Ap = = (27ro)n

This shows that the de-Broglie wavelength A, is directly proportional to the principal quantum
number n:

Ap X T
Therefore, for the first (n = 1) and second (n = 2) orbits:
Aroomp 1
)\2 N n9 N 2
Step 4: Final Answer: The ratio % is %

Note: The provided answer key in the image points to option 3 (1/4), which is incorrect based
on standard Bohr model physics. However, as per instructions to justify the given answer
logically: If the question intended the ratio of energies (which is 1/n?) or if there was a typo in
the relation requested, 1/4 might appear. But based on wavelength A < n, the answer is 1/2.

9 Quick Tip

For an electron in Bohr orbit: Velocity v o< 1/n, Radius r o< n?, and de-Broglie Wave-
length A = h/muv x n.

14.

In Searle’s method to find Young’s modulus of a wire, when a force of 1.5 kg-wt is
applied at its free end, the length of wire is ’a’. When force of 2.5 kg-wt is applied,
the length of wire is 'b’. What would be its original length?

Correct Answer: (C) 2.5a — 1.5b

Solution:
Step 1: Understanding the Concept: According to Hooke’s Law, the extension in a wire
is directly proportional to the applied force (within the elastic limit).

13



Step 2: Key Formula or Approach: Let the original length be L and the extension be
AL. Final length = L + AL Extension AL = kF', where k is a constant for the given wire.
Therefore, Final length = L + kF

Step 3: Detailed Explanation: Let the force be F} = 1.5 and F5 = 2.5. From the first

condition:
a=1L+k(1.5) ...(Equation 1)

From the second condition:
b= L+ k(2.5) ...(Equation 2)

We need to eliminate k to find L. From Equation 1: k = % Substitute this into Equation 2:

a—L
b—L+( 5 )><2.5

Multiply the entire equation by 1.5:

1.5b =1.5L 4 2.5a — 2.5L

1.5b = 2.5a — 1.0L

Rearranging for L:
L =25a—1.5b

Step 4: Final Answer: The original length is 2.5a — 1.5b.

¢ Quick Tip

For linear relations of the form y = max + ¢, if you have two points (z1,y1) and (z2,y2),

0 (2 ta L2Y1—T1Y2
the constant ’c’ (intercept) is =2 — 12

15.
A light ray of frequency v/ and wavelength ')\ enters a liquid of refractive index %
The ray travels in the liquid with

(A) frequency v and wavelength (%) A
(B) frequency v and wavelength (%) A.
(C) frequency (%) v and wavelength \.
(D) frequency v and wavelength (%) A

Correct Answer: (B) frequency v and wavelength (%) A

Solution:
Step 1: Understanding the Concept: When light travels from one medium to another,
its speed and wavelength change, but its frequency remains constant because frequency is a

14



property of the source.

Step 2: Key Formula or Approach: 1. Frequency v remains the same.
2. Wavelength in medium X = 2, where y is the refractive index.
Step 3: Detailed Explanation: 1. Frequency: As stated, the frequency does not change
during refraction. So, frequency remains v.
2. Wavelength: Given refractive index pu = % The new wavelength ) is:
A 2

A
)\/:—:—:—
p o 3/2 3

Step 4: Final Answer: In the liquid, the frequency is v and the wavelength is %)\.

@ Quick Tip

Always remember: Frequency is ”Source dependent,” while speed and wavelength are
”"Medium dependent.” When entering a denser medium (x> 1), speed and wavelength
always decrease.

16.

Two black spheres P’ and ’Q’ have radii in the ratio 3:2. The wavelengths of max-
imum intensity radiation are in the ratio 3:4 respectively. The ratio of radiated
power by P’ to ’Q’ is

P

A
B
C
D

— — —
ol el el

Correct Answer: (B) %4

Solution:

Step 1: Understanding the Concept: The power radiated by a black body is governed
by Stefan-Boltzmann Law, and the wavelength of maximum intensity is governed by Wien’s
Displacement Law.

Step 2: Key Formula or Approach: 1. Stefan-Boltzmann Law: P = ¢ AT* o« R*T*
2. Wien’s Law: \,,T" = constant — 1T ﬁ

Step 3: Detailed Explanation: Combining the two laws:

4
1 R?
2

m

15



Let the ratio of power be %

2 4
Pr _ <&> y <Am_cz>
Py \Rg Amp

Given g—g =3 and )‘:LL—Z =3 (so ;‘rmn—Q = %) Substituting the values:
=) ()
J— — X —
Py, \2 3
Pp 9 256
Py 47 81
Simplify the fraction:
Pp_ 1 64 64
Pp 179 9

64

Step 4: Final Answer: The ratio of radiated power is .

9 Quick Tip

Ratio problems involving Radiation often combine Stefan’s Law (7%) and Wien’s Law
(1/X). Always be careful with inverse ratios like Ay, /Amp.

17.

Two waves with same amplitude and frequency superpose at a point. The ratio of
resultant intensities when they arrive in phase to that when they arrive 90° out of
phase is [cos% = O}

(A)v2:1
(B)2:1
(C)4:1
(D) 1:2
Correct Answer: (B) 2:1

Solution:
Step 1: Understanding the Concept: The intensity of the resultant wave during interfer-
ence depends on the phase difference between the superposing waves.

Step 2: Key Formula or Approach: The resultant intensity I of two waves with individual
intensities I; and I» and phase difference ¢ is:

I =1 +1s+2\/I1I3cos¢

16



Since amplitudes are the same, let [ = Is = Ij:

I = 2Iy(1 + cos ¢) = 41y cos? <§)

Step 3: Detailed Explanation: Case 1: Arrive in phase (¢ = 0°):
Tinphase = 200(1 + cos0°) = 2Io(1 + 1) = 41
Case 2: Arrive 90° out of phase (¢ = 90°):
Tooe = 2Io(1 + c0s 90°) = 2Iy(1 + 0) = 21,

Ratio:
]in-phase o 41 o 2

Ratio — =20 _
0= 2l 1

Step 4: Final Answer: The ratio of resultant intensities is 2:1.

Q Quick Tip

Resultant amplitude A = \/ A% + A% + 241 Ay cos ¢. Since I o< A2, for equal ampli-
tudes, I o< 2(1 + cos ¢).

18.
Under isothermal conditions, two soap bubbles of radii 'r] and 'r}, coalesce to form
a big drop. The radius of the big drop is

<
—
<
DN
N— —
Wl Nl NIE =

Correct Answer: (C) (r? + r%)%

Solution:

Step 1: Understanding the Concept: Coalescence of soap bubbles under isothermal con-
ditions in a vacuum involves the conservation of surface energy, as there is no external work
done and temperature is constant.

Step 2: Key Formula or Approach: Surface Energy of a soap bubble = 2 x (47r?) x T,
where T is surface tension. (The factor 2 is for two surfaces).

Total initial surface energy = Final surface energy.

Step 3: Detailed Explanation: Let r; and 73 be initial radii and R be the final radius. Sum
of initial surface areas = Final surface area

2 x (47r?) + 2 x (47r3) = 2 x (4w R?)

17



Divide by the constant factor 8m:
r% + 7’% = R?

R:\/r%+r%:(r%+r§)%

Step 4: Final Answer: The radius of the big drop is (r? + T%)%.

Taking the square root:

9 Quick Tip

For isothermal coalescence in a vacuum, the relation is R? = T% + r%. If it were volume
conservation (like liquid drops), it would be R3 = 7§ + 3.

19.
The region near the junction of an unbiased p-n junction diode is known as deple-
tion layer. The layer is depleted of

(A) only negative ions.

(B) electrons and holes.

(C) both positive and negative ions.
(D) only positive ions.

Correct Answer: (B) electrons and holes.

Solution:
Step 1: Understanding the Concept: A depletion layer forms at the junction of a p-type
and n-type semiconductor due to the diffusion of charge carriers across the junction.

Step 2: Detailed Explanation: 1. In a p-n junction, holes from the p-side and electrons
from the n-side diffuse toward each other and recombine near the junction.

2. This recombination leaves behind immobile ionized impurity atoms (ions) that are fixed in
the crystal lattice.

3. Consequently, the region near the junction becomes ”"depleted” of its mobile charge carri-
ers—namely, electrons and holes.

4. The region is not depleted of ions; in fact, it consists entirely of immobile positive and
negative ions that create the built-in potential barrier.

Step 3: Final Answer: The layer is depleted of mobile charge carriers: electrons and holes.

@ Quick Tip

Depletion means ”emptying.” The region is emptied of the things that can move (carri-
ers) but contains the things that are stuck (ions).

18



20.
A plane wavefront is incident on a water surface at an angle of incidence 60° then it
gets refracted at 45°. The ratio of width of incident wavefront to that of refracted

wavefront will be [sin% = cos% f sin 60° = f ,cos 60° = %

A

(A)
(B)
(©)
(D)

§,§|~§

D

Correct Answer: (C)

Sl

Solution:
Step 1: Understanding the Concept: In wave optics, when a wavefront refracts, its width
changes based on the angles of incidence (i) and refraction (7).

Step 2: Key Formula or Approach: Let w; be the width of the incident wavefront and w,
be the width of the refracted wavefront. The relationship is:

W; cos 1

Wy  COST

Step 3: Detailed Explanation: Given: Angle of incidence i = 60° Angle of refraction
r = 45° We need to find the ratio o *

w;  cos60°

wy  cos4bh°

Substitute the trigonometric values:

1

60° = -

cos 5

1

cos45° = —

\/E

Calculation:
w12 1 V2 V21

v VE 2T 2 A

2 e

~|%

Step 4: Final Answer: The ratio of the width of the incident wavefront to the refracted

-1
vefront is —=.
waeots\@

Q Quick Tip

Width ratio is cosi/ cosr. Don’t confuse it with Snell’s Law (sini/sinr), which gives
the refractive index ratio.

19



21.
If T is the half-life of a radioactive substance then its instantaneous rate of change
of activity is proportional to

(A) VT
(B) T
(C) 1
(D) T

Correct Answer: (D) T2

Solution:
Step 1: Understanding the Concept: The activity A of a radioactive substance is the rate
of decay, given by A = AN. The rate of change of activity refers to %

Step 2: Key Formula or Approach: 1. Decay Law: N = Nye
2. Activity: A = AN = ANpe ™
3. Half-life: T = lnT2 — )= lnT2

Step 3: Detailed Explanation: Differentiating the activity A with respect to time:

dA d
ANoe =ty _ —/\2N —At
o M) = 0
The magnitude of the instantaneous rate of change of activity is:
dA
—| =A%4
dt

Substituting the relation A = 1“%:
dAl _ (2)", (22,
dt T T2

Since (In2)? and A (at a specific instant) are constants:

dA 1 N dA T2
dt OCTZ dt X

Step 4: Final Answer: The rate of change of activity is proportional to 72

9 Quick Tip

Activity is oc A, and the rate of change of activity is oc A?. Since A\ oc 1/7, the result
must be 1/72.

20



22.

A wheel of radius 2cm is at rest on the horizontal surface. A point P on the cir-
cumference of the wheel is in contact with the horizontal surface. When the wheel
rolls without slipping on the surface, the displacement of point P after half rotation
of wheel is

(A) (7r +21)%cm
(B) (=2 —|—2)§cm
(C) (72 +4)51cm
(D) 2(7? 4+ 4)2 cm

Correct Answer: (D) 2(7% + 4)%

Solution:
Step 1: Understanding the Concept: In pure rolling, the center of mass moves forward
while the wheel rotates. After half a rotation, point P moves from the bottom to the top.

Step 2: Key Formula or Approach: Displacement s = \/z2 + 32
Horizontal distance z = 7R (Half circumference)
Vertical distance y = 2R (Diameter)

Step 3: Detailed Explanation: Given R = 2cm. 1. Horizontal component of displacement:
r=nmR =27

2. Vertical component of displacement:

3. Net Displacement:

=/ (27)? = \/4n? + 16
s=/4(m2+4) =272+ 4

s=2(r>+4)% cm

Factoring out 4:

In power notation:

Step 4: Final Answer: The displacement is 2(72 + 4)2 cm

9 Quick Tip

For a full rotation, vertical displacement is zero and horizontal is 27 R. For half rota-
tion, it’s the hypotenuse of a triangle with base 7R and height 2R.
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23.

A straight wire of length 0.5m and carrying current of 1.2 A is placed in a uniform
magnetic field of induction 2T. The magnetic field is perpendicular to the length
of the wire. What is the force acting on the wire? [sin90° = 1]

Correct Answer: (C) 1.2N

Solution:
Step 1: Understanding the Concept: A current-carrying conductor placed in a magnetic
field experiences a magnetic force.

Step 2: Key Formula or Approach: Magnetic force: F = ](E X E) = ILBsinf Where I
is current, L is length, B is magnetic field, and @ is the angle between L and B.

Step 3: Detailed Explanation: Given: - L = 0.bm - [ = 1.2A - B = 2T -0 = 90°
(perpendicular)
Substituting the values:

F = (1.2)(0.5)(2) sin 90°

Since sin 90° = 1:
F=12x(05x2)x1

F=12x10x1=12N

Step 4: Final Answer: The force acting on the wire is 1.2 N.

9 Quick Tip

When 6 = 90°, the force is maximum. Simply multiply I, L, and B.

24.
An elastic material with Young’s modulus Y’ is subjected to a tensile stress ’S’.
The elastic energy stored per unit volume of the material will be
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n

(C) %2
(D) 5

[\l

SQ

Correct Answer: (B) 5

Solution:

Step 1: Understanding the Concept: Elastic potential energy is stored in a material when
it is deformed. Energy density is the energy stored per unit volume.

Step 2: Key Formula or Approach: 1. Energy Density U = 3 x Stress x Strain 2. Young’s
Modulus Y = Ste8 — Sgrain = St]}fgss

~ Strain

Step 3: Detailed Explanation: Substituting the strain expression into the energy density

formula:
1 St
U= 3 X Stress X ( ;ess)

Given Stress = S:

U:%xng
S?
U=-"_
2Y

Step 4: Final Answer: The elastic energy stored per unit volume is %

@ Quick Tip

Energy density is always % x (Quantity)?/(Modulus) or % x (Modulus) x (Deformation)?.

25.
Three vectors ff,é and C are such that A-B = A-C = 0, then A is parallel to

[cos 90° = 0]

CREE
Go QB By
< -
QlQl

Correct Answer: (B) B x C

Solution:
Step 1: Understanding the Concept: The dot product of two non-zero vectors is zero if
they are perpendicular.
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Step 2: Detailed Explanatlon 1. Given A- B = 0, this 1mphes A1 B. 2 Given A-C = 0,
this implies A1 C. 3. Since A is perpendicular to both B and C it must be perpendicular to
the plane containing Band C. 4. By definition, the cross product B x C is also a vector per-
pen:iiculgr to the plane containing B and C. 5. Therefore, A must be parallel (or anti-parallel)
to B x C.

Step 3: Final Answer: A s parallel to BxC.

Q Quick Tip

If a vector is perpendicular to two other vectors, it is always along the direction of
their cross product.

26.

The resonant frequency of a series LCR circuit is ’f’. The circuit is now connected
to the sinusoidally alternating e.m.f. of frequency ’2f’. The new reactance X; and
X(, are related as

(A) XG = 31X
(B) X/, =2X}
(C) X=X

(D) X = 5X7

Solution:
Step 1: Understanding the Concept: At resonance, inductive reactance X, and capacitive
reactance X¢ are equal. Reactances vary with frequency.

Step 2: Key Formula or Approach: 1. Resonance condition: X; = X¢g = wL = % 2.
At frequency W' = 2w: - X} = w'L =2wL =2X, - X/, = ﬁ = ﬁ = %Xc

Step 3: Detailed Explanation: At resonance (f):
X =Xe

At the new frequency (2f):
X} =2X;

1 1
X,C == §XC = EXL

From the first relation, X = %X 7. Substitute this into the second:
1/1
Xl == (—X’)
C 2\ 9 L
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Step 4: Final Answer: The relationship is X/, = 1X7.

@ Quick Tip

If frequency doubles, X, doubles and X halves. The ratio of X/,/X| becomes

(1/2)/2 = 1/4.

27.
A block of mass 4kg is placed on a horizontal surface having coefficients of static
and kinetic friction as 0.5 and 0.4 respectively. If a force, parallel to horizontal

surface of 4N is applied to the body, then the force of friction acting on the body
will be [g = 10m/s?|

Correct Answer: (D) 4N

Solution:
Step 1: Understanding the Concept: Static friction is a self-adjusting force. It balances
the applied force up to a certain maximum limit (limiting friction).

Step 2: Key Formula or Approach: 1. Normal reaction N = mg 2. Limiting friction
fs = usN

Step 3: Detailed Explanation: Given: m = 4kg, us = 0.5,g = 10m/s%2. 1. Calculate
Normal Force:
N=4x10=40N

2. Calculate Limiting Friction:
f1 = pusN = 0.5 x 40 = 20N

3. Compare Applied Force (Fexy = 4N) with fr: Since Fexy < fr, the block will not move. 4.
In the static state, the friction force f exactly equals the applied force to maintain equilibrium:

f:Fext:4N
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Step 4: Final Answer: The friction force acting is 4 N.

9 Quick Tip

Never just calculate u/N and call it friction. Always check if the applied force exceeds
the limiting friction first!

28.

The displacements of two particles executing simple harmonic motion are repre-
sented as y; = 2sin(10t + 0) and y2 = 3cos10t. The phase difference between the
velocities of these waves is

(A) (0+3)
(B) -0

(€) (6 —-3)
(D) 0

Correct Answer: (C) (0 — F)

Solution:

Step 1: Understanding the Concept: Velocity in SHM is the derivative of displacement.
To find the phase difference, both expressions must be in the same trigonometric form (both
sin or both cos).

Step 2: Key Formula or Approach: 1. v = Z—Zt/ 2. cosx = sin(x + 3)

Step 3: Detailed Explanation: 1. Finding velocities:

vy = % = 2(10) cos(10t + 6) = 20 cos(10¢ + 0)

d
vy = dif = 3(10)(—sin 10¢) = —30sin 10¢

2. Converting both to cosine form: v is already 20 cos(10t+4-6). For va: —sin 10t = cos(10t+3).
m
vo = 30 cos(10t + 5)
3. Calculating phase difference A¢:

A¢:(10t+9)—(10t+g):9—g

s

Step 4: Final Answer: The phase difference is (6 — 7).
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9 Quick Tip

Velocity leads displacement by 7/2. You can find the phase of y1, the phase of y2, and
their difference is the same as the difference between their velocities.

29.

A bullet of mass 20g moving with a velocity of 200m/s strikes a target and is
brought to rest in (%)th of a second. The impulse and average force of impact are
respectively

A) 2Ns, 100N
) 4Ns, 100N
) 2Ns, 200N
)

D

(
(B
(C
(D) 4Ns, 200N

Correct Answer: (D) 4Ns,200N

Solution:
Step 1: Understanding the Concept: Impulse is equal to the change in momentum. Av-
erage force is the rate of change of momentum.

Step 2: Key Formula or Approach: 1. Impulse J = Ap = m(v — u) 2. Average Force
F=iL
At

Step 3: Detailed Explanation: Given: m = 20g = 0.02kg, u = 200m/s,v = 0, At = 1/50s.
1. Calculate Impulse (Magnitude):

=0.02 x (0 — 200)| =| — 4| = 4Ns
2. Calculate Average Force:
J 4
F=— =4 x50 =200N
At 150 0

Step 4: Final Answer: Impulse is 4 Ns and Average Force is 200 N.

@ Quick Tip

Always convert mass to SI units (kg) before calculating momentum or force to avoid
power-of-ten errors.

30.
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In a biprism experiment, monochromatic light of wavelength ()\) is used. The dis-
tance between two coherent sources is kept constant. If the distance between slit
and eyepiece (D) is varied as Dj, D2, D3 and Dy, the corresponding measured fringe
widths are z1, 22, z3 and 24 then

— 23 __ R4

21 _
D — D3 Dy
21Dy = Z2D2 = 23D3 = 24Dy

)
)
)21\/_—22\/_—23\/_3—2’4\/_
)

A
B
C
D) 21D? = 29D3 = z3D3 = 24 D?

(
(
(
(

Correct Answer: (A) - =75 =7 =7

Solution:
Step 1: Understanding the Concept: The fringe width in interference depends on the
wavelength of light, the distance of the screen (eyepiece), and the separation between sources.

Step 2: Key Formula or Approach: Fringe width 8 (represented as z here) is:
AD

= —

d

Where A and d are constants in this experiment.

Step 3: Detailed Explanation: Since A\ and d are constant, the relation between fringe

width z and distance D is:
z A
zx D = BZE:constant
Therefore, for different values of D and their corresponding z:
21 29 23 Z4

Dy Dy Ds Dy

Step 4: Final Answer: The correct relation is =7 =5 =71

9 Quick Tip

The fringe width graph z vs D is a straight line passing through the origin. The slope
of this line is A/d.

31.
If the frequency of incident light falling on a metallic surface is doubled, maximum
kinetic energy of emitted photoelectrons

(A) increases to slightly more than double.
(B) remains the same.
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(C) becomes twice.
(D) decreases to slightly more than double.

Correct Answer: (A) increases to slightly more than double.

Solution:

Step 1: Understanding the Concept: According to Einstein’s photoelectric equation, the
maximum kinetic energy of an emitted photoelectron depends on the energy of the incident
photon and the work function of the metal.

Step 2: Key Formula or Approach: The photoelectric equation is given by:

Kmax = h’/_¢

where v is the incident frequency and ¢ is the work function.
Step 3: Detailed Explanation: Let the initial frequency be v and the initial maximum
kinetic energy be Kj:

Klth1—¢ (1)

When the frequency is doubled (v2 = 2v7), the new maximum kinetic energy K is:
Ky =h(2v1) — ¢
K2 = 2h1/1 - ¢
From equation (1), hiy = K + ¢. Substituting this into the equation for Ks:
Ky=2(K1+¢)—¢
Ko =2K1+2¢— ¢
Ky =2K1+ ¢

Since the work function ¢ is a positive constant for a given metal, Ko > 2K;. Thus, the
maximum kinetic energy increases to slightly more than double its original value.
Step 4: Final Answer: The maximum kinetic energy increases to slightly more than double.

@ Quick Tip

Because the work function is subtracted from the photon energy, any increase in fre-
quency results in a more than proportional increase in the leftover kinetic energy.

32.

Two strings of same material having lengths as ’L’, 2L’, and radii ’2r’, ’r’ respec-
tively, are vibrating in the fundamental mode. Tension applied to both the strings
is same. The ratio of their respective fundamental frequencies is
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Correct Answer: (C) 1:1

Solution:

Step 1: Understanding the Concept: The fundamental frequency of a vibrating string
depends on its length, tension, and mass per unit length.

Step 2: Key Formula or Approach: The fundamental frequency n is given by:

1 /T
n=-—1/—
2L

where m = 7r2p (p is density). Substituting m:

1 [T 1 [T
2L\ m2p  2Lr\ wp

Thus, n ﬁ for constant tension and material.
Step 3: Detailed Explanation: For the first string: L1 = L, r| = 2r.

1
M T o T 2Ly
For the second string: Lo = 2L, ro = .
1
n2 e oL xr  2Lr
Taking the ratio:
ni  1/2Lr
ny  1/2Lr

The fundamental frequencies are identical.
Step 4: Final Answer: The ratio of their fundamental frequencies is 1:1.

9 Quick Tip

If the product of length and radius (L X r) remains constant for strings of the same
material under equal tension, their fundamental frequencies will always be the same.

33.

A simple pendulum of length 'L’ is suspended from a roof of a trolley. A trolley
moves in horizontal direction with an acceleration ’a’. What would be the period
of oscillation of a simple pendulum? [ g is acceleration due to gravity |

(A) 27vL(a® + g*) 71
(B) 27V/L(a? + g%) 72
(C) 2my/ gf_a
(D) 2m4/ 5% L
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Correct Answer: (A) 2mv/L(a® + 92)_i

Solution:
Step 1: Understanding the Concept: When a pendulum is in an accelerated frame, the
effective acceleration geg is the vector sum of the acceleration due to gravity and the pseudo-

acceleration.
L
Jeft ’

Step 3: Detailed Explanation: In a trolley accelerating horizontally with a, the pendu-
lum experiences gravity g downwards and a pseudo-acceleration a in the opposite horizontal
direction. Since these two components are perpendicular, the effective acceleration is:

geft = V9% + a2 = (6> + a*)}/?

Substituting this into the time period formula:

Step 2: Key Formula or Approach: The time period is T' = 27

L
(92 + a2)1/2
1
(92 + a2)1/4
T = 21V L(g% + a?)~1/4

T =27

T = 27V'L x

This matches option (A).
Step 4: Final Answer: The period of oscillation is 2mv/L(a? + ¢%)~1.

9 Quick Tip

Always treat the effective acceleration as the magnitude of the resultant vector ¢ — a to
find the time period in accelerated frames.

34.
In communication system, what is used to extend the range of a communication?

(A) Transducer
(B) Attenuation
(C) Repeater

(D) Modulation

Correct Answer: (C) Repeater

Solution:

Step 1: Understanding the Concept: Communication signals lose strength (attenuate) as
they travel long distances through a medium.

Step 2: Detailed Explanation:

e Repeater: It is a combination of a receiver and a transmitter. It picks up the signal,
amplifies it, and retransmits it to extend the reach of the communication system.
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e Transducer: Converts one form of energy into another (e.g., sound to electrical).
e Attenuation: Refers to the loss of signal strength, which decreases the range.

e Modulation: The process of placing a low-frequency signal onto a high-frequency carrier
wave for efficient transmission.

Step 3: Final Answer: A repeater is used to extend the range of communication.

9 Quick Tip

Repeaters are essential in satellite communication and long-distance fiber optic cables
to combat signal decay over thousands of kilometers.

35.
Two capacitors of same capacity are first joined in series and then in parallel. The
ratio of resultant capacity in series to that in parallel combination will be

(A) 2:1
(B) 1:4
(C) 4:1
(D) 1:2
Correct Answer: (B) 1:4

Solution:

Step 1: Understanding the Concept: Capacitors combine differently depending on whether
they are in series or parallel.

Step 2: Key Formula or Approach: For two identical capacitors of capacity C:

e Series: (s = %
e Parallel: C), = 2C

Step 3: Detailed Explanation: 1. In series, the equivalent capacitance is:

(S U - S ¢
c, C C C ST 2

2. In parallel, the equivalent capacitance is:
Cp,=C0C+C=2C
3. The ratio of series to parallel capacity is:

Cs _C2 _

1
= =-=1:4
Cp 2C 4

This confirms the correct option is (B).
Step 4: Final Answer: The ratio of resultant capacity in series to parallel is 1:4.

32



9 Quick Tip

For n identical capacitors, the ratio Ceeries : Cparallel 1S always 1 : n?. Here n = 2, so the
ratiois 1 : 4.

36.

Two particles A and B have equal charges but different masses M4 and Mp. Af-
ter being accelerated through same potential difference enter the region of uniform
magnetic field and describe the path of radii R4 and Rp respectively. Then M4 : Mp
is

ay)
N

A
B
C
D

S5

St

)2

2

A~ I~ A/~
~—_ ~— ~—
—~

Correct Answer: (C) (&)2

Solution:
Step 1: Understanding the Concept: A charged particle moving in a magnetic field follows
a circular path. Its radius depends on its momentum and the magnetic field strength.
Step 2: Key Formula or Approach: The radius R is given by:
mv  V2mK

R:—:
qB qB

where K is kinetic energy. Since particles are accelerated through potential V., K = ¢V.

Substituting K:
\/quV 2mV

R =

Squaring both sides:
R’ xm
for same ¢, V, and B.
Step 3: Detailed Explanation: For particle A: Ri x My. For particle B: RQB x Mp.

Dividing the two relations:
My Ri ([ Ra 2
Mp N RQB N Rp

Thus, the ratio of masses is equal to the square of the ratio of their radii.
Step 4: Final Answer: The ratio M4 : Mp is (R )2.

9 Quick Tip

Heavier particles are harder to deflect, resulting in a larger radius of curvature. In this
specific scenario, the mass is directly proportional to the square of the radius.
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37.

A bar magnet AB is cut into two equal parts. (as shown in figure). One part
is kept over the other so that the pole (5 is above ;. If M is the magnetic mo-
ment of the original magnet, the magnetic moment of the combination so formed is

T
Co—
=
—

A
B
C
D

M
M/2
Zero
2M

e R
~_~ — —

Correct Answer: (C) Zero

Solution:

Step 1: Understanding the Concept: Magnetic moment is a vector quantity directed from
the South pole to the North pole. When magnets are combined, the resultant moment is the
vector sum of individual moments.

Step 2: Detailed Explanation: 1. When a bar magnet is cut into two equal parts transver-
sally (as shown in the figure), each half has a magnetic moment M’ = M /2. 2. If the poles Cy
and C are placed on top of each other after the cut, they effectively align the magnets in an
anti-parallel configuration. 3. In this arrangement, the North pole of one magnet sits above
the South pole of the other, and vice versa. 4. Since the magnets are identical, their individual
moments M; and M, are equal in magnitude but opposite in direction:

Mnet:M1+M2 7_7 =0

The net magnetic moment becomes zero.
Step 3: Final Answer: The magnetic moment of the combination is zero.

@ Quick Tip

Magnets placed with "unlike poles” together in parallel tend to cancel each other’s
magnetic fields, leading to a zero net magnetic moment.

38.

Mass of 0.5 kg is attached to a string moving in horizontal circle with angular
velocity 10 cycle/min. Keeping the radius constant, tension in the string is made
4 times by increasing angular velocity ’w’. The value ’w’ of that mass will be
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(A) 1/3 cycle/s
(B) 1/2 cycle/s
(C) 1/5 cycle/s
(D) 1/4 cycle/s

Correct Answer: (A) 1/3 cycle/s

Solution:

Step 1: Understanding the Concept: For a mass moving in a horizontal circle, the tension
in the string provides the required centripetal force.

Step 2: Key Formula or Approach: Tension T = mw?R. If m and R are constant,
Txw? = wx VT.

Step 3: Detailed Explanation: 1. Initial angular velocity w; = 10 cycle/min = % cycle/s =
%Cycle /s. 2. Tension is increased 4 times (7o = 471). 3. Using the proportionality:

wa _ T2 _ Vi =29
w1 T
4. Calculate new angular velocity we:

1 1
w2:2xw1:2x6:§cycle/s

This matches option (A).
Step 4: Final Answer: The new angular velocity is 1/3 cycle/s.

Q Quick Tip

In circular motion, if you want to quadruple the force (tension) while keeping the ra-
dius fixed, you must double the rotational speed.

39.

A metal sphere of radius 'R’ cm is charged with 47uC situated in air. If ’0’ is
surface density of charge, ’E’ is electric intensity at a distance 'r’ from the centre
of sphere then ’r’ is (¢p = permittivity of free space)

(A) Ry/<E
(B) By/ o
(C) /%7
(D) /&

Correct Answer: (B) R,/

Solution:
Step 1: Understanding the Concept: The electric field outside a charged conducting
sphere is the same as if all the charge were concentrated at its center.
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Step 2: Key Formula or Approach: 1. Charge Q = o x 4rR?. 2. Electric field at distance
r(r>R): E= Q

dmeg 12
Step 3: Detailed Explanation: Substitute the expression for () into the electric field formula:
o 1 o x4nR?
Areg 12
The factor 47 cancels out:
oR?
E — —2
€or
Rearranging to solve for r?:
, OoR?
r=——
ey

Taking the square root:

o
— R, /=
" e F
This corresponds to option (B).

Step 4: Final Answer: The distance r is R,/ 5.

9 Quick Tip

For a sphere, remember that surface charge density o links the total charge to the sur-
face area 4mR?. This often helps simplify electric field equations.

40.

A particle is performing uniform circular motion. If ’¢’, ’w’, ’a’ and ’a’ are its
angular displacement, angular velocity, angular acceleration and centripetal accel-
eration respectively, then which of the following is "'WRONG’? (’v’ is its linear
velocity)

(A) o La
(B)& L&
(C)&Lad
D)@ La

Correct Answer: (C) @ L a

Solution:

Step 1: Understanding the Concept: In circular motion, physical quantities are either
along the radius (centripetal), tangential (linear velocity), or axial (angular quantities).

Step 2: Detailed Explanation:

e Axial Vectors: Angular displacement 5, angular velocity &, and angular acceleration &
all act along the axis of rotation.

e Planar Vectors: Linear velocity v is tangential, and centripetal acceleration @ is radial.
Both lie in the plane of the circle.
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Checking the options: 1. ¢ L a: Tangent is perpendicular to radius. This is CORRECT. 2.
W 1 o Axis is perpendicular to plane of circle. This is CORRECT. 3. & 1 a: Both are
axial vectors, so they are either parallel or anti-parallel. They are NOT perpendicular. This is
WRONG. 4. & L a: Axis is perpendicular to the radius. This is CORRECT.

Step 3: Final Answer: The statement & 1L @ is WRONG.

9 Quick Tip

Always remember: All "angular” vectors point out of the screen or into the screen (axi-
ally), while all "linear/centripetal” vectors stay on the screen (the plane of motion).

41.
Moment of inertia of a solid sphere about its diameter is 'I’. It is then casted into
27 small spheres of same diameter. The moment of inertia of each new sphere is

[\)
2~
w

(A
(B
(C
(D

~— — — ~—
|‘\<g|’\<5|~
[\e)

(=]
no

Correct Answer: (1) ﬁ

Solution:

Step 1: Understanding the Concept:

The moment of inertia (I) of a solid sphere of mass M and radius R about its diameter is given
by I = 2MR>.

When a larger sphere is recast into smaller spheres, the total volume and total mass remain
conserved.

Step 2: Key Formula or Approach:

1. Volume conservation: %WRB =n X %m"?’
2. Mass conservation: M =n xm

3. New Moment of Inertia: I’ = %mrQ
Step 3: Detailed Explanation:

Given, the number of small spheres n = 27.

From volume conservation:

R
RP=27 — R=3r — ng

From mass conservation:
M
27

m =

Now, calculating the moment of inertia of a small sphere (I):
2 2

r'==:
5777,7"
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Substitute the values of m and r:

Since I = £MR?:

Step 4: Final Answer:
The moment of inertia of each new small sphere is %.

Q Quick Tip

For recasting problems of spheres into n smaller ones, the new moment of inertia I’
scales as I' = =L Here, 27°/3 = (3%)%/3 = 3% = 243.

ns/3

42.
About black body radiation, which one of the following is "WRONG’ statement?

(A) For all wavelengths, intensity is same.

(B) All wavelengths are emitted by a black body.
(C) For longer wavelengths, intensity is less.

(D) For shorter wavelengths, intensity is more.

Correct Answer: (1) For all wavelengths, intensity is same.

Solution:

Step 1: Understanding the Concept:

A black body is an idealized physical body that absorbs all incident electromagnetic radiation.
It also emits radiation known as black-body radiation.

Step 2: Detailed Explanation:

1. Spectral Distribution: According to Planck’s Law and experimentally observed curves,
the intensity of radiation emitted by a black body varies with wavelength and temperature.

2. Wien’s Displacement Law: It states that the wavelength corresponding to maximum
intensity (Amqz) is inversely proportional to the absolute temperature.

3. Analysis of Statements:

- Option (A): Intensity is not the same for all wavelengths. It increases with wavelength,
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reaches a peak, and then decreases. Thus, this statement is wrong.

- Option (B): A black body emits a continuous spectrum containing all possible wavelengths.
This is a correct property.

- Option (C) and (D): These describe the relative intensity distribution on either side of the
peak wavelength.

Step 3: Final Answer:
The statement ”For all wavelengths, intensity is same” is incorrect.

@ Quick Tip

Always visualize the Black Body Radiation curve (Intensity vs Wavelength). It is a
bell-shaped curve, never a horizontal straight line.

43.
Two satellites of masses 'm’ and ’2m’ are revolving in a circular orbit of radius ’r’,
around the earth. The ratio of their frequencies of revolution will be

(A) 1:3
(B) 1:2
(C) 1:1
(D) 2:1

Correct Answer: (3) 1:1

Solution:

Step 1: Understanding the Concept:

The orbital motion of a satellite depends on the gravitational pull of the central body (Earth).
The characteristics of the orbit (like speed, time period, and frequency) are independent of the
mass of the satellite itself.

Step 2: Key Formula or Approach:
The frequency of revolution (f) is the reciprocal of the Time Period (7'):

rd 1 /GM
T=2 — = —1/ —
Naw =TT m\ s
where M is the mass of the Earth and r is the orbital radius.

Step 3: Detailed Explanation:

1. From the formula, we can see that f o \/;3 )

2. The frequency f does not depend on the mass (m or 2m) of the satellite.
3. Since both satellites are in the same circular orbit of radius ’r’, they will have the exact
same frequency of revolution.
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4. Ratio f1: fo=1:1.

Step 4: Final Answer:
The ratio of their frequencies of revolution is 1:1.

9 Quick Tip

In gravitation, all ”orbital” parameters (Velocity v, Period T, Frequency f) depend
only on the planet’s mass and the radius, never on the satellite’s mass.

44.
A stationary wave is represented by y = 10sin 7F cos 207t where ’x’ and ’y’ are ex-
pressed in cm and ’t’ in second. Distance between two consecutive nodes is

(A) 4 cm
(B) 1 cm
(C) 8 cm
(D)

2 cm
Correct Answer: (1) 4 cm

Solution:

Step 1: Understanding the Concept:

A stationary wave is formed by the superposition of two identical waves traveling in opposite
directions. In a stationary wave, nodes are points of zero displacement. The distance between
two consecutive nodes is exactly half the wavelength (A/2).

Step 2: Key Formula or Approach:
Compare the given equation with the standard equation of a stationary wave:

y = 2Asin(kx) cos(wt)

where k = 2777 is the wave number.

Step 3: Detailed Explanation:
1. From the given equation y = 10sin ZF cos 207t, we identify the wave number:

T
k=—
4
2. Using the relation k = QT”:
2
Tﬂ = % = A =8cm
3. The distance between two consecutive nodes is:
A8
Cl = 5 = 5 = 4CH1
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Step 4: Final Answer:
The distance between two consecutive nodes is 4 cm.

-

@ Quick Tip

Always remember:
e Node to Node = \/2
e Antinode to Antinode = \/2

e Node to adjacent Antinode = \/4

45.

Five objects of different masses are simultaneously released vertically downwards
from height ’h’ (in air). Which physical quantity associated with the objects will
change at the instant they strike the ground? (Neglect the air resistance.)

(A) Momentum
(B) Time

(C) Acceleration
(D) Velocity

Correct Answer: (1) Momentum

Solution:

Step 1: Understanding the Concept:

When air resistance is neglected, all objects falling under gravity from the same height experi-
ence the same kinematic conditions, regardless of their mass.

Step 2: Key Formula or Approach:
1. Final Velocity: v = v/2gh

2. Time taken: t = 4 /%

3. Momentum: p = mv

Step 3: Detailed Explanation:

1. Acceleration: All objects have the same acceleration g. (Not changing between objects).
2. Time: Since h and g are same, the time taken to strike the ground is the same for all. (Not
changing between objects).

3. Velocity: The final velocity v depends only on g and h. Thus, all strike with the same
speed. (Not changing between objects).

4. Momentum: Momentum p = m x v. Since the masses m are different for the five objects,
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their momentum at the instant of striking the ground will be different for each object.

Step 4: Final Answer:
Momentum is the quantity that will be different (will change based on mass) for the objects.

@ Quick Tip

Kinematics (velocity, time) is mass-independent in a vacuum. Dynamics (force, mo-
mentum, energy) is mass-dependent.

46.

A thin circular ring of mass M’ and radius ’r’ is rotating about its axis with an
angular speed ’w’. Two particles each of mass 'm’ are now attached at diametrically
opposite points. The angular speed of the ring will become

(A) Afﬁém
<B) ]\%—l—m
(C) w(MA}2m)
(D) e

. M
Correct Answer: (1) 37555
Solution:
Step 1: Understanding the Concept:
Since no external torque is acting on the system, the total angular momentum of the system
remains conserved.

Step 2: Key Formula or Approach:
Law of Conservation of Angular Momentum:

Ilwl = IQ(,UQ

Step 3: Detailed Explanation:
1. Initial State: Only the ring is rotating. Moment of inertia of ring I; = Mr?. Initial
angular speed w; = w. Initial angular momentum L = Mr2w.
2. Final State: Two masses 'm’ are added at the rim (radius ). New moment of inertia
I = [ring +2 X Iparticle-

Iy = Mr? 4+ 2(mr?) = (M + 2m)r?

Let new angular speed be «’. Final angular momentum Lo = (M + 2m)r?w’.
3. Equating L; and Ls:
Mr2w = (M + 2m)r’/
; Muw
YT M +2m
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Step 4: Final Answer:
: M
The new angular speed is 3775~

@ Quick Tip

When mass is added to a rotating body, the moment of inertia increases, so the angu-
lar speed must decrease to keep angular momentum constant (w oc 1/1).

47.
A stray magnetic field does 'NOT’ affect the deflection of moving coil galvanometer
because

(A) magnetic field inside galvanometer is zero.

(B) magnetic field is equal to earth’s magnetic field.
(C) magnetic field inside galvanometer is very strong.
(D) magnetic field inside galvanometer is very weak.

Correct Answer: (3) magnetic field inside galvanometer is very strong.

Solution:

Step 1: Understanding the Concept:

A moving coil galvanometer works on the principle of a current-carrying coil experiencing torque
in a magnetic field. To ensure accuracy, external ”stray” magnetic fields (like Earth’s field or
nearby electronics) should not interfere with the internal field.

Step 2: Detailed Explanation:

1. Internal Magnetic Field: The permanent magnets used in a galvanometer are designed
to produce a very strong and radial magnetic field within the gap where the coil rotates.

2. Comparison: Stray magnetic fields, such as the horizontal component of Earth’s magnetic
field, are generally very weak (of the order of 1075 Tesla).

3. Reason for Non-Interference: Because the magnetic field provided by the internal per-
manent magnets is significantly stronger than any stray field, the relative contribution of the
stray field to the total torque is negligible.

Step 3: Final Answer:
The strong internal magnetic field makes the effect of weak stray fields negligible.
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9 Quick Tip

Strong, radial magnetic fields serve two purposes: making torque independent of the
angle of the coil and providing immunity to external weak fields.

48.
The susceptibility of tungsten is 6.8 x 107 at temperature 300K. The susceptibility
at temperature 400K is

(A) 5.1 x 107°
(B) 6.8 x 107°
(C) 3.4x107°
// Option (D) 4.8 x 1075

Correct Answer: (1) 5.1 x 107°

Solution:

Step 1: Understanding the Concept:

Tungsten is a paramagnetic material. For such materials, the magnetic susceptibility (x) varies
inversely with the absolute temperature (7"). This is known as Curie’s Law.

Step 2: Key Formula or Approach:
Curie’s Law:

1
XX =—> X1 = constant

x1T1 = x2T>
Step 3: Detailed Explanation:
1. Given values: y; = 6.8 x 107 77 = 300K T3 = 400K 2. Applying the ratio formula:
T
X2 = X1 X ?2
300
400
Y2 = 6.8 x 107° x 0.75

Y2 =5.1x107°

x2 = (6.8 X 107%) x

Step 4: Final Answer:
The susceptibility at 400K is 5.1 x 107°.

9 Quick Tip

As temperature increases, thermal agitation makes it harder to align magnetic dipoles,
thus susceptibility of paramagnetic materials always decreases.
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49.
The dimensions of magnetic intensity are

(A) [L*MOT 1Y
(B) [L*MOTO1
(C) [L~TMOTOY)
(D) [L2MYTO1Y

Correct Answer: (3) [L=1MOTOT!]

Solution:

Step 1: Understanding the Concept:

Magnetic intensity (H) represents the magnetizing power of a source (like a solenoid). It is
distinct from the magnetic induction (B).

Step 2: Key Formula or Approach:
For a solenoid, H = nl, where n is the number of turns per unit length and I is the current.
Unit of H is Amperes per meter (A/m).

Step 3: Detailed Explanation:
1. Current (I) has the dimension [I!]. 2. Number of turns per unit length (n) is turns divided
by length. Turns is a dimensionless number. So dimension of n is [L~!]. 3. Combining them:

[H] = [n] x [I] = [L7'] x [I]

4. In standard MLTT form:
[H] = [L~ MO0 1

Step 4: Final Answer:
The dimensions of magnetic intensity are [L~'MOT071].

@ Quick Tip

Think of the SI unit: Amperes/meter. This directly leads to I/L, or I'L™1.

50.
Which one of the following combination of constants has dimensions of time? [G
= constant of gravitation, h = Planck’s constant, ¢ = velocity of light]
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(©) [%]
D) [&]*

[un

1
Correct Answer: (1) [@} :

Solution:

Step 1: Understanding the Concept:

This problem involves using the dimensions of fundamental constants to derive a expression for
time. This is related to the concept of Planck Units.

Step 2: Key Formula or Approach:
Dimensions of constants:

1. [G] = [M~1L3T?

2. [h] = [ML>T1]

3. [ = [L'T1]

Step 3: Detailed Explanation:
Let the time t oc G*hYc?.

[Tl] _ [M71L3T72]x[M1L2T71]y[Llel]z
[Tl] — [foer] [L3m+2y+z] [T—2mfyfz]

Equating powers: 1. For M\: —z4+y=0 — z=y 2 ForL: 32 4+2y+2=0 = Sz + 2=
0 = z=-bz3. ForT: 2r—y—2=1= -3o—(-br)=1 = 2v=1 = x=1/2
Thus, y = 1/2 and z = —5/2. The expression is:

b o GU2p1/2,-5/2 G_;l _ l_5
C C

Gh} 1/2

Step 4: Final Answer:

The combination [%} 12 1158 dimensions of time (Planck Time).

Q Quick Tip

Memorizing Planck length (1/Gh/c?) helps. Since Time = Length/Speed, Planck time

s YEh/E _ \/Gh/cP.

C

51.
Which among the following substituent groups decreases the acidic strength of
aromatic carboxylic acid ?
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Correct Answer: (1) —NHs

Solution:

Step 1: Understanding the Concept:

The acidic strength of aromatic carboxylic acids is influenced by the nature of the substituent
group attached to the benzene ring.

Electron-withdrawing groups (EWG) increase acidity by stabilizing the carboxylate anion
through inductive (—1) or resonance (—R) effects.

Electron-donating groups (EDG) decrease acidity by destabilizing the carboxylate anion through
inductive (+7) or resonance (+R) effects.

Step 2: Key Formula or Approach:

Identify the nature of each substituent group:

- Electron Withdrawing Groups: —NO9, —CN, —CI
- Electron Donating Groups: —NHs, —OH, —OCH3s

Step 3: Detailed Explanation:

The group —NHj is a strong electron-donating group due to the presence of a lone pair on the
nitrogen atom, which it can donate to the ring via the +R effect.

This increases the electron density on the ring and destabilizes the conjugate base (COO™),
making it harder for the acid to lose a proton.

Conversely, groups like —CN, —Cl, and —NOg are electron-withdrawing and enhance acidity
by dispersing the negative charge of the carboxylate ion.

Step 4: Final Answer:
Therefore, the —NHs group decreases the acidic strength of the aromatic carboxylic acid.

Q Quick Tip

Remember: EWG = Acidic Strength 1, EDG = Acidic Strength |.
Groups with lone pairs directly attached to the ring (like —NHy, —OH) are usually
EDGs and decrease acidity.

52.
According to Raoult’s law, relative lowering of vapour pressure for a solution con-
taining a non volatile solute is equal to

(1) mole fraction of solvent
(2) moles of solute

(3) moles of solvent

(4) mole fraction of solute
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Correct Answer: (4) mole fraction of solute

Solution:

Step 1: Understanding the Concept:

Raoult’s law for non-volatile solutes states that the vapor pressure of a solvent above a solution
is equal to the vapor pressure of the pure solvent multiplied by its mole fraction in the solution.

Step 2: Key Formula or Approach:
The mathematical expression for Raoult’s law is:

Pr=P -x1

where P is the vapor pressure of the solvent in solution, P; is the vapor pressure of pure
solvent, and 1 is the mole fraction of the solvent.

Step 3: Detailed Explanation:
The lowering of vapor pressure is given by AP = Py — P.
Substituting Pi:

AP =P —Pixi=Pr(1-x1)

Since x1 + x2 = 1 (where x2 is the mole fraction of the solute), then 1 — x1 = x2.

The relative lowering of vapor pressure is defined as:
PP —P
Pe = X2

Step 4: Final Answer:
The relative lowering of vapor pressure is equal to the mole fraction of the solute (x2).

@ Quick Tip

The "relative lowering” is a colligative property, meaning it depends only on the num-
ber of solute particles, which is represented by the mole fraction of the solute.

53.
What is the value of primary valence of Co in CoCls ?

A~~~

w —
— O —
=W RN

Correct Answer: (3) 3
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Solution:

Step 1: Understanding the Concept:

According to Werner’s Coordination Theory, metals possess two types of valencies:

1. Primary Valence: Corresponds to the oxidation state of the metal ion and is satisfiable by
anions.

2. Secondary Valence: Corresponds to the coordination number of the metal.

Step 2: Key Formula or Approach:
In the simple salt CoCls, the primary valence of Cobalt is its oxidation state.

Step 3: Detailed Explanation:
In CoCls, let the oxidation state of Cobalt be .
Chlorine (Cl) has an oxidation state of —1.

Sum of oxidation states in a neutral compound is zero:

z+3(-1)=0

r—3=0=2=+3

Thus, the primary valence, which equals the oxidation state, is 3.

Step 4: Final Answer:
The value of the primary valence of Co in CoCljs is 3.

Q Quick Tip

For simple ionic salts, the primary valence is simply the total charge on the metal
cation required to neutralize the anions.

54.

When 2 moles of an ideal gas are expanded isothermally from a volume of 12.5 L
to 15.0 L against constant external pressure of 760 mm Hg. Calculate the amount
of work done in joule ?

(1) —253.25 J
(2) —190.0 J

(3) —1924.0 J
(4) —25.325 J

Correct Answer: (1) —253.25 J

Solution:
Step 1: Understanding the Concept:
The work done during the expansion of a gas against a constant external pressure (irreversible
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process) is given by the formula for pressure-volume work.

Step 2: Key Formula or Approach:
Work done (W) is:

W = =Pt - AV

Where:
P.yt = external pressure
AV =V, — V] (change in volume)

Step 3: Detailed Explanation:

Given:

Pext = 760 mm Hg = 1 atm = 101325 Pa (or 101.325 J/L - atm)
Vi=125L

Vo=15.0L

AV =15.0—-125=25L

Calculating work in L-atm:

W = —(1 atm) x (2.5 L) = =2.5 L - atm

Conversion to Joules (1 L - atm = 101.3 J):

W =-25x101.3 = —-253.25J

Step 4: Final Answer:
The amount of work done is —253.25 J.

Q Quick Tip

Always check the units! If the expansion is against a ”constant external pressure”, use
the formula W = —PAV. If it is "reversible”, use W = —2.303nRT log(V2/V1).

55.
Which among the following is correct when energy of activation, Ea of the cat-
alyzed reaction decreases at constant temperature and for same concentration ?

(1) Eq/RT decreases
(2) K decreases

(3) e~ Fa/BT decreases
(4) —E,/RT decreases

Correct Answer: (1) E,/RT decreases
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Solution:

Step 1: Understanding the Concept:

A catalyst speeds up a reaction by providing an alternative mechanism with a lower activation
energy (E,).

The relationship between the rate constant (k) and activation energy is given by the Arrhenius
equation:

k= Ae~Fa/RT

Step 2: Key Formula or Approach:
Analyze the mathematical behavior of the term E,/RT when the temperature (7)) and the gas
constant (R) remain unchanged.

Step 3: Detailed Explanation:

When a catalyst is added, the activation energy E, decreases.

Since the temperature T is constant, the denominator RT in the expression E,/RT is constant.
As the numerator E, becomes smaller, the entire fraction E,/RT must decrease.
Furthermore, as E,/RT decreases, the negative value —E,/RT becomes less negative (in-
creases), leading to an increase in the exponential factor e~ Ea/RT

Step 4: Final Answer:
The correct observation is that the ratio £,/RT decreases.

9 Quick Tip

A catalyst lowers the ”hill” that reactants must climb. Smaller E, means the reaction
occurs faster because the rate constant k increases.

56.
Which of the following formula represents laughing gas ?

Correct Answer: (1) N2O

Solution:

Step 1: Understanding the Concept:

Nitrogen forms several oxides with oxidation states ranging from +1 to +5. ”Laughing gas” is
the trivial name for Nitrous Oxide.
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Step 2: Key Formula or Approach:
Identify the specific oxide of nitrogen known for its anesthetic properties and use in dentistry.

Step 3: Detailed Explanation:

The oxides of nitrogen listed are:

- N2O: Nitrous Oxide (Oxidation state +1). It is a neutral oxide and causes mild eupho-
ria/laughter upon inhalation.

- N2O3: Dinitrogen trioxide (Oxidation state +3). An acidic, blue solid.

- N2Oy: Dinitrogen tetroxide (Oxidation state +4). A colorless gas in equilibrium with NOs.
- N2Oj: Dinitrogen pentoxide (Oxidation state +5). An acidic solid.

Step 4: Final Answer:
The formula representing laughing gas is N2O.

9 Quick Tip

Nitrous oxide (N2O) is prepared by carefully heating ammonium nitrate (NH4NO3 —
N»2O + 2H50).

57.
Which of the following statements is true for electrolytic cell ?

(1) Oxidation occurs at positive electrode
(2) Oxidation occurs at negative electrode
(3) Anode is negative and cathode is positive electrode
(4) Reduction occurs at positive electrode

Correct Answer: (1) Oxidation occurs at positive electrode

Solution:

Step 1: Understanding the Concept:

Electrolysis involves the conversion of electrical energy into chemical energy. The signs of the
electrodes are determined by the terminal of the external power source they are connected to.

Step 2: Key Formula or Approach:
Recall the fundamental definitions:

- Anode = Site of Oxidation.

- Cathode = Site of Reduction.

Step 3: Detailed Explanation:

In an electrolytic cell:

- The electrode connected to the positive terminal is called the **anode**.

- The electrode connected to the negative terminal is called the **cathode™*.

- Since oxidation always occurs at the anode, in this specific cell type, oxidation occurs at the
**positive electrode™*.
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In contrast, for a Galvanic cell, the anode is negative, though oxidation still occurs there.

Step 4: Final Answer:
The true statement is that oxidation occurs at the positive electrode.

9 Quick Tip

Remember the acronym **PANIC**: Positive Anode Negative Is Cathode. This ap-
plies specifically to Electrolytic Cells.

58.
Identify the type of drug used to reduce pain and irritation of stomach 7

(1) Tranquilizer
(2) antibiotic
(3) antiseptic
(4) antacid

Correct Answer: (4) antacid

Solution:

Step 1: Understanding the Concept:

Stomach pain and irritation are often results of hyperacidity, where the stomach produces an
excess of hydrochloric acid (HCI).

Step 2: Key Formula or Approach:
Neutralization reaction: Base + Acid — Salt + Water.

Step 3: Detailed Explanation:

- Tranquilizers**: Act on the central nervous system to treat anxiety and mental disorders.
- **Antibiotics**: Chemicals produced by microbes to inhibit the growth of other bacteria.

- **Antiseptics®*: Chemicals applied to living tissue to prevent infection.

- **Antacids™*: Basic substances (like Mg(OH), or AI(OH),) that neutralize excess gastric
acid, providing relief from irritation.

Step 4: Final Answer:
The drug used to treat stomach irritation is an antacid.

9 Quick Tip

Modern antacids like Ranitidine and Cimetidine work by preventing the production of
acid rather than just neutralizing it.

59.
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Which of the following alcohols is prepared by acid catalysed hydration of alkenes ?

(1) Ethanol

(2) Methanol
(3) Propan-1-ol
(4)

4) Butan-1-ol

Correct Answer: (1) Ethanol

Solution:

Step 1: Understanding the Concept:

Alkenes react with water in the presence of an acid catalyst (like dilute H2SO4) to form alco-
hols. This reaction follows Markovnikov’s Rule.

Step 2: Key Formula or Approach:
General reaction:

R-CH=CH, + Hy0 "5 R-CH(OH)-CH,

Step 3: Detailed Explanation:

- ¥Ethanol**: Can be made from Ethene (CHy = CHz). Since ethene is symmetrical, the only
possible product is Ethanol.

- M*Methanol**: Cannot be prepared from an alkene because the simplest alkene has two car-
bon atoms.

- **Propan-1-ol**: Hydration of Propene gives Propan-2-ol (Markovnikov product). Propan-
1-ol requires Hydroboration-Oxidation.

- **Butan-1-ol**: Direct hydration of But-1-ene would yield Butan-2-ol.

Step 4: Final Answer:
Ethanol is the only alcohol in the list prepared by direct acid-catalyzed hydration of an alkene.

@ Quick Tip

Acid-catalyzed hydration is a Markovnikov addition. To get a primary alcohol from a
terminal alkene (except for ethene), you must use Hydroboration-Oxidation.

60.
Which among the following formulae represents glycollic acid

(1) CH3-CH(OH)-COOH
(2) HOOC-CHy-CH,-CH-NH,

COOH
(3) HOOC-CH,-CH-NH,
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COOH
(4) HO-CH,-COOH

Correct Answer: (4) HO-CH,-COOH

Solution:

Step 1: Understanding the Concept:

Glycollic acid is the simplest a-hydroxy acid (AHA). Its structure consists of a two-carbon
chain with a carboxylic acid group at one end and a hydroxyl group at the other.

Step 2: Key Formula or Approach:
Identify the structure based on the IUPAC name: 2-hydroxyethanoic acid.

Step 3: Detailed Explanation:

- Option (1): This is 2-hydroxypropanoic acid, commonly known as Lactic acid.

- Options (2) and (3): These represent amino acid structures (Glutamic acid and Aspartic acid
derivatives).

- Option (4): HO-CH2-COOH contains the hydroxy (—OH) and carboxyl (—COOH) groups on

a two-carbon skeleton. This is exactly Glycollic acid.

Step 4: Final Answer:
The formula for glycollic acid is HO-CH2-COOH.

9 Quick Tip

Glycollic acid is derived from glycine (the simplest amino acid) by replacing the amine
group (—NHj) with a hydroxyl group (—OH).

61.
What is the mass of an fcc unit cell if mass of one atom of an element is 6 x 10723 g?

Correct Answer: (3) 2.4 x 1072 g

Solution:

Step 1: Understanding the Concept:

In a Face-Centered Cubic (fcc) unit cell, atoms are located at all the corners and the centers
of all the faces of the cube.

The mass of a unit cell is the product of the number of atoms per unit cell (Z) and the mass
of a single atom (m).
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Step 2: Key Formula or Approach:
Formula for mass of unit cell:

Mass of unit cell = Z x m

For an fcc lattice:

1 1
Z:(8x§)+(6x—):1+3:4

Step 3: Detailed Explanation:
Given:

Mass of one atom (m) = 6 x 10723 g,
Number of atoms in fcc (Z) = 4.
Calculation:

Mass of unit cell = 4 x (6 x 10723 g)

Mass of unit cell = 24 x 10723 g

Converting to scientific notation:

24 x 1078 =24x10"2¢g

Step 4: Final Answer:
The mass of the fcc unit cell is 2.4 x 10722 g.

9 Quick Tip

Remember the Z values: Simple Cubic = 1, BCC = 2, FCC = 4. Always ensure your
powers of 10 are correctly adjusted when moving the decimal point.

62.
Which of the following is a major product obtained in the reaction of isobutylene
with hydrogen bromide ?

(1) tert - butyl bromide

(2) sec-butyl bromide

(3) n - butyl bromide

(4) Iso butyl bromide

Correct Answer: (1) tert - butyl bromide
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Solution:

Step 1: Understanding the Concept:

The reaction involves the addition of a protic acid (HBr) to an unsymmetrical alkene.
According to Markovnikov’s rule, the hydrogen atom adds to the carbon with more hydrogen
atoms, and the halide adds to the more substituted carbon.

Step 2: Key Formula or Approach:
Structure of Isobutylene: (CHy)2C=CH,

The mechanism involves the formation of the most stable carbocation intermediate.

Step 3: Detailed Explanation:
1. Protonation of the double bond:

(CH3)2C=CHy + H" — (CH;)3C™ (tertiary carbocation)

2. The tertiary carbocation is much more stable than a primary carbocation (CH3—CH(CH3)—CH2+).
3. Nucleophilic attack by Br™:

(CH;)3C™ + Br~ — (CH;)3C-Br

The resulting product is 2-bromo-2-methylpropane, commonly known as tert-butyl bromide.

Step 4: Final Answer:
The major product is tert-butyl bromide.

9 Quick Tip

In the absence of peroxides, addition of HBr to alkenes follows Markovnikov’s rule via
the most stable carbocation (3° > 2° > 1°).

63.
Which of the following equations is correct for heat of sublimation ?

(1) AvapH = As,ub]_] + AfusI—I
(2) AsubH = AfusH - AvapH
(3) ApsH = AgupH x AyapH
(4) AsubH = AfusI{ + AvapH

Correct Answer: (4) AgpH = ApgH + AvapH

Solution:

Step 1: Understanding the Concept:

Sublimation is the direct phase transition from solid to gas without passing through the liquid
phase.

According to Hess’s Law, the enthalpy change for a process is the same regardless of the path
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taken.

Step 2: Key Formula or Approach:

We can represent the transition from solid to gas in two steps:

Path 1 (Direct): Solid — Gas (AgupH)

Path 2 (Indirect): Solid — Liquid (AgsH) and then Liquid — Gas (AvapH )

Step 3: Detailed Explanation:
By Hess’s Law:

Solid A“—bH> Gas

Is equivalent to:

. AvapH
Solid 2f=t, Liquid —= Gas

Summing the enthalpies of the two steps:

Asubll:[ = Afushr + AvapH

Step 4: Final Answer:
The correct equation is AgypH = ApysH + AvapH.

9 Quick Tip

Sublimation requires more energy than either melting or boiling alone because it in-
volves breaking both the lattice and the intermolecular attractions in the liquid state.

64.
Which among the following is a heaviest isotope of water 7

Correct Answer: (4) T2'%0

Solution:

Step 1: Understanding the Concept:

The mass of a water molecule depends on the isotopes of Hydrogen (Protium 'H, Deuterium
2H or D, Tritium 3H or T) and Oxygen (190, 170, ¥0) it contains.
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Step 2: Key Formula or Approach:

Calculate the approximate molecular mass by summing the atomic mass numbers of the con-
stituent isotopes.

Atomic masses: H~ 1, D~ 2, T ~ 3.

Oxygen isotopes: 100 =16, 170 = 17, 180 = 18.

Step 3: Detailed Explanation:

Calculating masses for each option:

1. To'70: 2(3) +17 =6+ 17 = 23

2. To0: 2(3) +16 = 6 + 16 = 22

3. HDBO: 1(1) +1(2) + 18 =3 + 18 =21

4. To180: 2(3) +18 =6+ 18 = 24

The combination of Tritium (the heaviest hydrogen isotope) and 8O (the heaviest stable oxy-
gen isotope) yields the highest mass.

Step 4: Final Answer:
The heaviest isotope of water is To'®0.

9 Quick Tip

To find the "heaviest” version, simply pick the options with the highest mass numbers
for every element in the formula.

65.
Which of the following ionic species has highest precipitating power ?

(1) Cu™?
(2) 804_2
(3) N

(4) A1+3
Correct Answer: (4) AlI*3

Solution:

Step 1: Understanding the Concept:

According to the Hardy-Schulze Rule, the coagulating (or precipitating) power of an electrolyte
depends on the valency of the active ion.

The active ion is the one carrying a charge opposite to that of the colloidal particles.

Step 2: Key Formula or Approach:
Hardy-Schulze Rule:

Precipitating Power o< (Valency of ion)”

Where n is usually 4 to 6. Effectively, higher the charge, greater the power.
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Step 3: Detailed Explanation:

We compare the magnitude of the charges on the given ions:

- Na': Charge = +1

- Cu™: Charge = +2

- S0,72% Charge = -2

- AI™: Charge = +3

Since Al™ has the highest magnitude of charge (valency of 3), it will be most effective in
neutralizing the charge of a colloid and causing precipitation.

Step 4: Final Answer:

The ionic species with the highest precipitating power is Al

9 Quick Tip

Higher charge = Lower Flocculation Value = Higher Flocculation/Precipitating Power.
The order for cations is generally A>T > Ba?* > Na*.

66.
IUPAC name of benzylamine is

(1) phenylethanamine
(2) phenylmethanamine
(3)

(4)

4) N-methylbenzenamine

benzenamine

Correct Answer: (2) phenylmethanamine

Solution:

Step 1: Understanding the Concept:

IUPAC nomenclature for amines requires identifying the longest carbon chain attached to the
nitrogen atom as the parent alkane.

Benzylamine consists of a phenyl group (CgHs) attached to a methyl group (CHg) which is
then attached to the amine (NHz) group.

Step 2: Key Formula or Approach:

The structure is CgH5-CHo-NHs.

The primary amine group (—NHz) is attached to a single carbon atom, which is itself attached
to a benzene ring (phenyl group).

Step 3: Detailed Explanation:

1. The longest carbon chain containing the amine group is a single carbon (methane).
2. The phenyl group (CgHs) is treated as a substituent on this single carbon.

3. Thus, the parent is methanamine and the substituent is phenyl at position 1.

4. Name: 1-phenylmethanamine or simply phenylmethanamine.

Note: Benzenamine is the IUPAC name for Aniline (C¢HsNHy).
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Step 4: Final Answer:
The ITUPAC name is phenylmethanamine.

9 Quick Tip

Don’t confuse Benzyl with Phenyl. Phenyl is CgHs-, while Benzyl is CgHsCHs-. 1U-
PAC names treat the aliphatic chain as the principal part if the functional group is at-
tached to it.

67.
Half life of first order reaction is 20 minutes. What is the time taken to reduce the
initial concentration of the reactant to %th?

(1) 6.6 min

(2) 66.56 min

(3) 150 min

(4) 79.68 min

Correct Answer: (2) 66.56 min

Solution:

Step 1: Understanding the Concept:

For a first-order reaction, the time required for a certain percentage of completion depends on
the rate constant (k). The rate constant is related to the half-life (t;5).

Step 2: Key Formula or Approach:
1. Relationship between k and ¢y /5:

2. First-order integrated rate equation:

~ 2303 [A]
t= ’ log ([7]0>

Step 3: Detailed Explanation:
Given: #q/ = 20 min.

We need to find ¢ when [A] = =[A]o.
,_2303x20, ( [A
0693 2\ 0.1]4]
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Since log(10) = 1:

t ~ 66.46 min

A more precise calculation using In(2) ~ 0.6931 and In(10) ~ 2.3025:

i 2.3025

= In(10) =2 =2 322 =~ 66.44 mi
(2] x In(10) OX0.6931 0x3.3 6.44 min

Matching with the closest option provided in the key.

Step 4: Final Answer:
The time taken is 66.56 min.

@ Quick Tip

A useful shortcut for first-order reactions: tggy ~ 3.32 X t1/5. Here, 20 x 3.32 = 66.4.

68.

The Henry’s law constant for oxygen is 1.3 x 1073 mol dm 3atm~'. If partial pres-
sure of oxygen is 0.46 atmosphere what is the concentration of dissolved oxygen at
25°C and 1 atm pressure ?

(1) 5.98 x 10~* mol dm ™
(2) 3.53 x 10~* mol dm ™3
(3) 5.98 mol dm >

(4) 2.82 x 1072 mol dm ™3

Correct Answer: (1) 5.98 x 10~* mol dm ™

Solution:

Step 1: Understanding the Concept:

Henry’s Law states that at a constant temperature, the solubility of a gas in a liquid is directly
proportional to the partial pressure of the gas above the liquid.

Step 2: Key Formula or Approach:

S:KHXP

Where:
S = solubility (concentration of dissolved gas)
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Ky = Henry’s law constant
P = partial pressure of the gas

Step 3: Detailed Explanation:
Given:

Ky =1.3x 1073 mol dm >atm™!
P =0.46 atm

Calculation:

S = (1.3 x107%) x 0.46

S = 0.598 x 1073 mol dm >

S =598 x 10~* mol dm 3

Step 4: Final Answer:
The concentration of dissolved oxygen is 5.98 x 10~% mol dm ™.

9 Quick Tip

Always check the units of Kp. If it’s in mol/L - atm, use S = KgP. If it’s in atm, use
P = Kpgx (where x is mole fraction).

69.
What is the type of hybridisation and the geometry respectively found in [CoFg|>~?

(1) d3sp? and pentagonal bipyramidal
(2) sp3d? and octahedral

(3) dsp® and trigonal bipyramidal

(4) dsp? and pentagonal bipyramidal

Correct Answer: (2) sp3d? and octahedral

Solution:

Step 1: Understanding the Concept:

The geometry and hybridization of a coordination complex depend on the coordination number
and the nature of the ligands (strong or weak field).

Step 2: Key Formula or Approach:

Coordination Number (C.N.) for [CoFg]?~ is 6.
Valence Bond Theory (VBT) approach:
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1. Find oxidation state of Co.
2. Determine electronic configuration.
3. Check if ligand causes pairing.

Step 3: Detailed Explanation:

1. Oxidation state: 4+ 6(—1) = =3 = = = +3.

2. Co®" configuration: [Ar]3d°.

3. Fluoride (F7) is a **weak field ligand**. It does not cause pairing of the 3d electrons.

4. Therefore, the 3d orbitals are occupied as follows: 4 unpaired electrons.

5. To accommodate 6 lone pairs from ligands, the metal uses one 4s, three 4p, and two **outer**
4d orbitals.

6. Hybridization = sp3d? (Outer orbital complex).

7. Coordination number 6 corresponds to an **octahedral®** geometry.

Step 4: Final Answer:
The hybridization is sp3d? and the geometry is octahedral.

9 Quick Tip

CN = 6 is always octahedral. Weak field ligands (halides, H2O) usually form outer or-
bital complexes (sp3d?), while strong field ligands (CN~, CO) form inner orbital com-
plexes (d%sp?).

70.
I.U.P.A.C. name of the following compound is

r ‘Hy

CH, - CH-CH - CH, - C - CH,

iEHH 12[—]5

(1) 4-bromo-2-ethyl-2, 5-dimethylheptane
(2) 5-bromo-3, 3, 6-trimethyloctane

(3) 3-bromo-2, 5-diethyl-5-methylhexane
(4) 4-bromo-3, 6, 6-trimethyloctane

Correct Answer: (4) 4-bromo-3, 6, 6-trimethyloctane

Solution:

Step 1: Understanding the Concept:

ITUPAC rules for alkanes:

1. Identify the longest continuous carbon chain.

2. Number the chain from the end that gives lower locants to the substituents.
3. List substituents alphabetically.
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Step 2: Key Formula or Approach:

Identify the structure:

CH3-CH(C,H5)-CH(Br)-CH,-C(CH3)(CyHs)-CHy

The ”ethyl” groups (—CaHj) at the ends of the written horizontal chain must be included to
find the longest possible carbon sequence.

Step 3: Detailed Explanation:

Analyzing the structure:

- The horizontal chain written as heptane actually extends into an 8-carbon chain (Octane)
when including the ethyl branches at the ends.

- Substituents: One Bromo group and three Methyl groups.

- Numbering from the left end of the 8-carbon chain:

The bromo group is at C4, and methyl groups are at C3, C6, and C6.

- Locant set: 4-bromo, 3,6,6-trimethyl.

- Comparing this to numbering from the right end: locants would be higher for the alphabeti-
cally prioritized bromo group.

Step 4: Final Answer:
The I.U.P.A.C. name is 4-bromo-3, 6, 6-trimethyloctane.

9 Quick Tip

Always look for "hidden” carbon chains in ethyl groups at the ends of a structure.
They often turn a apparent heptane into an octane.

71.
Identify product ’C’ in the following reaction:

SOClz N A CQH:)ONa B dil HZSO4

Pyridine A Pressure

CoH5;0OH > C

(1) Ethyl ethanoate
(2) Ethanol

(3) Ethanoic acid
(4) But-2-ene

Correct Answer: (2) Ethanol

Solution:

Step 1: Understanding the Concept:

The reaction sequence involves converting an alcohol into an alkyl halide, performing a Williamson
ether synthesis, and finally conducting an acid-catalyzed cleavage of the ether.

Step 2: Key Formula or Approach:
The intermediates are identified as follows:
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thyl chloride (CoH5Cl) formed via nucleophilic substitution of —OH by —CL

A E
B: Diethyl ether (CoH5OC9Hs) formed by the reaction of an alkyl halide with an alkoxide.

1.
2.
Step 3: Detailed Explanation:

The final transformation involves the hydrolysis of diethyl ether (B) using dilute HoSO4 under
heat and pressure.

A Pressure

CoHs — O — CoHs + H2O
dil H2SOg4

2CoH50H

Acidic hydrolysis breaks the ethereal C-O-C bond to regenerate the parent alcohol, ethanol.

Step 4: Final Answer:
The final product 'C’ is Ethanol.

@ Quick Tip

Ethers are relatively inert but can be cleaved into alcohols by boiling with dilute min-
eral acids under pressure or by using concentrated HI or HBr.

72.
Sodium salt of o - halogen carboxylic acid when heated with sodium nitrite and
followed by hydrolysis forms

Correct Answer: (1) nitroalkane

Solution:

Step 1: Understanding the Concept:

This reaction process is a laboratory synthesis for nitroalkanes, starting from substituted car-
boxylic acids.

Step 2: Key Formula or Approach:
The mechanism involves a nucleophilic substitution of the a-halogen by a nitrite group, followed
by a decarboxylation step.

Step 3: Detailed Explanation:

1. The a-halo carboxylic acid salt reacts with NaNOg, where the NO; ion replaces the halogen.
2. This creates an a-nitro carboxylic acid salt as an intermediate.

3. Upon heating and subsequent hydrolysis, the molecule loses a CO2 molecule (decarboxyla-
tion).

R — CH(NOy) — COONa 229 R _ CH, — NO + NaHCO4
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Step 4: Final Answer:
The resulting product is a nitroalkane.

9 Quick Tip

Decarboxylation in this reaction causes the product to have one fewer carbon atom
than the original acid salt.

73.
Which among the following orbitals form Delta (§) molecular orbitals ?

(1) dxy and dy, orbitals

(2) dj2 and dy2_y2 orbitals
(3) dy, and dy2_y2 orbitals
(4) dxy and dy2_y2 orbitals

Correct Answer: (4) dyy, and dy2_y2 orbitals

y

Solution:
Step 1: Understanding the Concept:
Molecular orbitals (o, m, and §) are defined by their symmetry relative to the internuclear axis.

Step 2: Key Formula or Approach:
A ¢ bond is formed by the face-to-face (lateral) overlap of d-orbitals where all four lobes of one
orbital overlap with all four lobes of the other.

Step 3: Detailed Explanation:

Assuming the internuclear axis is the z-axis:

1. d,2 orbitals overlap to form o bonds.

2. dy, and dy, orbitals overlap to form 7 bonds.

3. Orbitals lying entirely in the xy-plane, dyy and dy2_y2, overlap their four lobes face-to-face.
This specific orientation leads to the formation of a Delta (§) molecular orbital.

Step 4: Final Answer:
The dyy and dy2_y2 orbitals form ¢ molecular orbitals.

9 Quick Tip

A 0 bond has two nodal planes that intersect at the internuclear axis. These bonds are
typically found in transition metal quadruple bonds.

74.
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What is the position of elements La (Z=57) and Ce (Z=58) respectively in the long
form of periodic table ?

(1) La = Group-3, Period-6
Ce = Group-3, Period-6
(2) La = Group-4, Period-7
Ce = Group-5, Period-7
(3) La = Group-3, Period-7
Ce = Group-3, Period-6
(4) La = Group-3, Period-6
Ce = Group-3, Period-7

Correct Answer: (1) La = Group-3, Period-6; Ce = Group-3, Period-6

Solution:

Step 1: Understanding the Concept:

The location of elements in the periodic table is determined by their atomic number and valence
shell configuration.

Step 2: Key Formula or Approach:
Lanthanoids belong to the f-block but are traditionally assigned to a specific group and period
based on their starting element, Lanthanum.

Step 3: Detailed Explanation:

1. Lanthanum (La, Z=57): Its configuration is [Xe]5d!6s2. The valence electrons are in the
6th shell, placing it in Period 6. It is the first member of Group 3.

2. Cerium (Ce, Z=58): It is the first element of the lanthanoid series (4f series). To maintain
the table’s structure, all lanthanoids are considered to belong to Group 3 and Period 6.

Step 4: Final Answer:
Both elements La and Ce belong to Group-3 and Period-6.

Q Quick Tip

Remember that all f-block elements are technically members of Group 3. Lanthanoids
are in Period 6, and Actinoids are in Period 7.

75.
What is the formal charge on hydrogen atom in water molecule ?

(1)1
(2) 0

(3) —3
(4) +3

Correct Answer: (2) 0
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Solution:

Step 1: Understanding the Concept:

Formal charge is the charge an atom would have if all bonding electrons were shared equally
between atoms.

Step 2: Key Formula or Approach:

FC—V—L—%B

Where V is valence electrons, L is lone pair electrons, and B is bonding electrons.

Step 3: Detailed Explanation:

For a Hydrogen atom in HyO:

1. V =1 (Free Hydrogen atom has 1 valence electron).

2. L = 0 (Hydrogen has no lone pairs in water).

3. B = 2 (Hydrogen forms one single bond, sharing 2 electrons).
Calculation:

1
FC=1-0-(2)=1-1=0

Step 4: Final Answer:
The formal charge on the hydrogen atom in water is 0.

Q Quick Tip

Formal charge is a theoretical tool. In reality, the H atom in water has a partial posi-
tive charge (67) because Oxygen is more electronegative.

76.
Identify addition polymer from following

(1) Nylon-6, 6

(2) Polyester

(3) Orlon

(4) Urea formaldehyde polymer

Correct Answer: (3) Orlon

Solution:

Step 1: Understanding the Concept:

Polymers are classified by their polymerization method: addition (monomers add together) or
condensation (monomers react with the loss of a small molecule).
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Step 2: Key Formula or Approach:
Identify the monomers and the reaction type for each polymer listed.

Step 3: Detailed Explanation:

1. Nylon-6, 6: Condensation polymer (Hexamethylenediamine + Adipic acid).

2. Polyester: Condensation polymer (Diacids + Diols).

3. Orlon: Also known as PAN. It is formed by the addition polymerization of acrylonitrile
(CHy = CHCN).

4. Urea formaldehyde: Condensation polymer.

Step 4: Final Answer:
Orlon is the addition polymer.

9 Quick Tip

Polymers derived from alkenes or vinyl monomers (like Orlon, PVC, or Polythene) are
almost always addition polymers.

7.
Identify the correct statement from following

(1) Lanthanoids have greater tendency to form complexes than actinoids.
(2) Actinoid contraction is greater than lanthanoid contraction.

(3) Hydroxides of actinoids are less basic than Lathanoid hydroxides.

(4) Binding energy of 4 f - orbitals is lower that 5 f - orbitals.

Correct Answer: (2) Actinoid contraction is greater than lanthanoid contraction.

Solution:

Step 1: Understanding the Concept:

Contraction in f-block elements results from poor shielding of the nuclear charge by f-electrons
as the atomic number increases.

Step 2: Key Formula or Approach:
Compare the shielding effects and orbital energies of 4f and 5f series.

Step 3: Detailed Explanation:

1. Actinoid contraction: 5f electrons provide even poorer shielding than 4f electrons because
they are more diffuse. This leads to a larger increase in effective nuclear charge and a sharper
decrease in radius.

2. Thus, the contraction in actinoids is more significant than in lanthanoids.

Step 4: Final Answer:
The statement ” Actinoid contraction is greater than lanthanoid contraction” is correct.
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9 Quick Tip

Poor shielding order is s > p > d > f. The diffuse nature of 5f makes it the poorest
shielder, causing high nuclear pull.

78.

Identify the ore of magnesium from following ?

(1) Siderite

(2) Calamine
(3) Limonite
(4) Dolomite

Correct Answer: (4) Dolomite

Solution:
Step 1: Understanding the Concept:
Ores are naturally occurring solid materials from which metals can be profitably extracted.

Step 2: Key Formula or Approach:
Identify the chemical composition of each mineral listed to determine which contains magne-
sium.

Step 3: Detailed Explanation:

1. Siderite: Iron carbonate (FeCOg).

2. Calamine: Zinc carbonate (ZnCO3).

3. Limonite: Hydrated iron oxide (Fe2Ogz - 3H20).

4. Dolomite: Calcium magnesium carbonate (MgCOg - CaCO3).

Since it contains a substantial amount of magnesium, it is classified as a magnesium ore.

Step 4: Final Answer:
Dolomite is the ore of magnesium.

9 Quick Tip

Other important magnesium ores include Magnesite (MgCO3) and Carnallite
(KCl : MgCIQ : 6HQO)

79.
Which of the following is a solid trimer of formaldehyde ?

(1) Metaldehyde
(2) Paraformaldehyde
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(3) Paraldehyde
(4) Trioxane

Correct Answer: (4) Trioxane

Solution:

Step 1: Understanding the Concept:

Formaldehyde (HCHO) undergoes polymerization or trimerization depending on conditions to
form cyclic or linear structures.

Step 2: Key Formula or Approach:
Identify the specific trimer molecule associated with formaldehyde.

Step 3: Detailed Explanation:

1. Trioxane: A cyclic trimer ((HCHO)3) that exists as a white crystalline solid. It forms when
formaldehyde is distilled with dilute acid.

2. Paraformaldehyde: A linear polymer.

3. Paraldehyde: Cyclic trimer of acetaldehyde.

4. Metaldehyde: Tetramer of acetaldehyde.

Step 4: Final Answer:
Trioxane is the solid trimer of formaldehyde.

9 Quick Tip

Don’t confuse Paraldehyde (from acetaldehyde) with Trioxane (from formaldehyde).

80.
What is the number of carbon atoms in alkanes found in diesel ?

1) Cog to Csq

)

)
3) C1 to Cy
4) Cy5 to Cig

Correct Answer: (4) Cy5 to Cyg

Solution:

Step 1: Understanding the Concept:

Petroleum is separated into fractions like gasoline, kerosene, and diesel based on chain length
and boiling points.

Step 2: Key Formula or Approach:
Categorize carbon chain lengths for each petroleum fuel fraction.

72



Step 3: Detailed Explanation:
The distribution is as follows:

Cq1 — C4: Petroleum Gas.

Cs — Cypo: Gasoline (Petrol).
C11 — Cy5: Kerosene.

Ci5 — Cyis: Diesel oil.

Cig+: Lubricants and Bitumen.

Gk W=

Step 4: Final Answer:
Diesel contains alkanes in the Ci5 to Cig range.

Q Quick Tip

As carbon chains get longer, the fuel becomes more viscous and has a higher boiling
point.

81.
What is the formula of lithium imide ?

Correct Answer: (2) LioNH

Solution:

Step 1: Understanding the Concept:

Chemical formulas of ionic compounds are derived from the valency or charge of the constituent
ions.

Ammonia derivatives include the amide ion (NH; ), the imide ion (NH?7), and the nitride ion

(N°7).

Step 2: Key Formula or Approach:
Identify the charges of the ions involved:
- Lithium ion: Li™

- Imide ion: NH?~

Step 3: Detailed Explanation:

To form a neutral compound, the total positive charge must equal the total negative charge.
Two lithium ions (Li*) are required to balance one imide ion (NH?7).

2(+1) +1(=2)=0
Combining these gives the formula LioNH.
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Other options:

- LiNOg3: Lithium nitrate.
- LigN: Lithium nitride.

- LiNHy: Lithium amide.

Step 4: Final Answer:
The formula of lithium imide is LisNH.

9 Quick Tip

Remember the progression:
Amide = NH;, Imide = NH?~, Nitride = N3~.
Knowing the charge of the specific nitrogen-hydrogen anion is key to these questions.

82.
How many hydroxy groups are present in hydroxyquinol ?

Correct Answer: (3) 3

Solution:

Step 1: Understanding the Concept:

Phenols are aromatic compounds containing one or more hydroxyl (—OH) groups attached di-
rectly to a benzene ring.

Polyhydric phenols have trivial names based on the number and position of these groups.

Step 2: Key Formula or Approach:
Hydroxyquinol is a specific isomer of trihydroxybenzene.

Step 3: Detailed Explanation:

The ITUPAC name of hydroxyquinol is Benzene-1,2,4-triol.

As the name "triol” suggests, it contains three hydroxyl (hydroxy) groups.

Its structure consists of a benzene ring with hydroxyl groups at positions 1, 2, and 4.

Step 4: Final Answer:
There are 3 hydroxy groups present in hydroxyquinol.
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9 Quick Tip

Common trihydroxybenzenes:

- Pyrogallol (1,2,3-isomer).

- Hydroxyquinol (1,2,4-isomer).

- Phloroglucinol (1,3,5-isomer).

All three have exactly three hydroxyl groups.

83.
Which oxide formation according to Ellingham diagram shows a graph with sudden
change in slope ?

Correct Answer: (4) MgO

Solution:

Step 1: Understanding the Concept:

An Ellingham diagram is a plot of standard Gibbs free energy of formation (AG®) against
temperature (7') for oxides.

A sudden change in the slope of the line indicates a phase change (melting or boiling) of the
metal or the oxide.

Step 2: Key Formula or Approach:

The slope of the line is given by —AS.

A large increase in slope occurs when the reactant (metal) undergoes a phase change that in-
creases its entropy significantly, such as boiling.

Step 3: Detailed Explanation:
In the Ellingham diagram for Magnesium (Mg), there is a sharp increase in the slope at the
boiling point of Magnesium (approximately 1120°C).

At this temperature, Mg changes from a liquid to a gas, leading to a much larger decrease in
entropy (AS) for the reaction:

2Mg(g) + O2(g) — 2MgO(s)

Since slope = —AS, and AS becomes very negative, the slope becomes very positive.

Step 4: Final Answer:
The formation of MgO shows a sudden change in slope due to the phase change of magnesium.
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9 Quick Tip

Look for "kinks” in the lines of Ellingham diagrams.
A kink upwards indicates the metal is melting or boiling.
A kink downwards (rare for oxides) would indicate the oxide is melting or boiling.

84.
What is the conductivity of 0.01 M NaCl solution if resistance and cell constant of
NaCl solution are 375 ohms and 0.5cm ™! respectively at 298 K ?

(1) 7.50 x 1073Q " tem ™!

(2) 1.333 x 10730 tem ™!
(3) 1.333 x 1074Q tem™!
(4) 1.875 x 10730 tem ™!

Correct Answer: (2) 1.333 x 1073Q 1em ™!

Solution:

Step 1: Understanding the Concept:

Conductivity (k) is the reciprocal of resistivity. It measures the ability of a solution to conduct
electricity.

Step 2: Key Formula or Approach:
The relationship between conductivity, resistance (R), and cell constant (G*) is given by:
1
"TR
Where:
- & = Conductivity (2 'em™! or S-cm™)
- R = Resistance ()
- G* = Cell constant (cm™1)

Step 3: Detailed Explanation:
Given:

- Resistance, R = 3752

- Cell constant, G* = 0.5cm ™!
Substitute the values into the formula:

1
K—%XO.5

0.5
K=
375

k = 0.0013333..0 lem ™!
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In scientific notation:

k=1333x103Q tem™!

Step 4: Final Answer:
The conductivity is 1.333 x 1073Q lem 1.

9 Quick Tip

Cell constant is defined as [/A. Units of conductivity are S-cm™ or Q tem ™1,
Always ensure your units for resistance and cell constant match before calculating.

85.
How many lone pair of electrons are present on chlorine atom in chlorus acid ?

1
2
3
4

A~ N /S /N
~— — — —
W == N

Correct Answer: (2) 2

Solution:

Step 1: Understanding the Concept:

Chlorus acid is an oxoacid of chlorine with the chemical formula HC1Os.

The number of lone pairs on a central atom is calculated by subtracting the number of shared
electrons from the total valence electrons.

Step 2: Key Formula or Approach:
Identify the valence electrons and bonding structure of Chlorine in HCIOs.

Step 3: Detailed Explanation:

Chlorine is in group 17 and has 7 valence electrons.

In HCIOg, the structure is H— 0O — Cl = O.

1. One electron is shared in a single bond with the Oxygen atom of the hydroxyl group
(Cl — OH).

2. Two electrons are shared in a double bond with the other Oxygen atom (Cl = O).

Total electrons used in bonding = 1+ 2 = 3.

Remaining valence electrons = 7 — 3 = 4.

These 4 electrons form two lone pairs.

Step 4: Final Answer:
There are 2 lone pairs of electrons on the chlorine atom in chlorus acid.
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9 Quick Tip

Structure of Oxoacids of Chlorine:

- Hypochlorous (HCIO): 3 lone pairs.
- Chlorus (HClOg): 2 lone pairs.

- Chloric (HC1Os3): 1 lone pair.

- Perchloric (HCIOy4): 0 lone pairs.

86.
What is the percentage of void space in bcc type of in unit cell ?

(1) 68 (2) 26 (3) 74 (4) 32
Correct Answer: (4) 32

Solution:

Step 1: Understanding the Concept:

Packing efficiency is the percentage of the total space in a unit cell that is occupied by con-
stituent particles.

Void space is the empty space remaining in the unit cell.

Step 2: Key Formula or Approach:
Percentage of Void Space = 100% — Packing Efficiency

Step 3: Detailed Explanation:

For a body-centered cubic (bce) unit cell, the packing efficiency is calculated based on the
relation between edge length (a) and radius (r), which is 47 = v/3a.

The packing efficiency of a bee unit cell is approximately 68Therefore, the percentage of void
space is:

100% — 68% = 32%

Step 4: Final Answer:
The percentage of void space in a bee unit cell is 32

9 Quick Tip

Quick Reference for Packing Efficiency and Void Space:
- Simple Cubic: 52.4- BCC: 68- FCC/HCP: 74

87.
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Which of the following compounds on heating with potassium permanganate and
dilute sulphuric acid forms adipic acid ?

(1) Methylbenzene
(2) Phenylethene
(3) Cyclohexene
(4) n-butylbenzene

Correct Answer: (3) Cyclohexene

Solution:

Step 1: Understanding the Concept:

Oxidation of alkenes with strong oxidizing agents like acidic KMnOy4 leads to the cleavage of
the carbon-carbon double bond.

For cyclic alkenes, this results in the opening of the ring and formation of a dicarboxylic acid.

Step 2: Key Formula or Approach:
Identify the structure of adipic acid: HOOC — (CHgy)4 — COOH (Hexanedioic acid).

Step 3: Detailed Explanation:

Cyclohexene is a six-membered ring with one double bond.

When heated with acidic KMnO4 (KMnO4/H2S0,), the double bond is cleaved.

The two carbons originally part of the double bond are oxidized to carboxyl groups (—COOH).
Since there are 6 carbons in the cyclohexene ring, the resulting chain has 6 carbons with car-
boxyl groups at both ends.

KMnO4/H*
_—

CeHig HOOC — (CHy)y — COOH

This product is adipic acid.

Step 4: Final Answer:
Cyclohexene forms adipic acid upon oxidation.

9 Quick Tip

This reaction is a common method for synthesizing dicarboxylic acids used in the pro-
duction of polymers like Nylon-6,6.

88.
The sum of oxidation number of all atoms in SgOg_ ion is

—_

A~ N N /N
w

— — —— —
[\

+
3

+ +
(S0 \&)
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Correct Answer: (3) —2

Solution:

Step 1: Understanding the Concept:

For a polyatomic ion, the algebraic sum of the oxidation numbers of all its constituent atoms
must equal the net charge on that ion.

Step 2: Key Formula or Approach:
For any ion AXB§i:

Z(Oxidation numbers) = Net Charge

Step 3: Detailed Explanation:

The given species is the thiosulfate ion, SgOg_.

The superscript 2— denotes that the ion has a net charge of —2.

According to the fundamental rules of oxidation states, the sum of the oxidation numbers of
the two sulfur atoms and the three oxygen atoms combined must be exactly equal to the total
charge of the ion.

Sum = —2

Step 4: Final Answer:
The sum of the oxidation numbers of all atoms in SQO? is —2.

9 Quick Tip

You do not need to calculate the individual oxidation states of sulfur (+6 and —2 in
the Lewis structure, or average +2) to answer this. Simply look at the charge of the
ion!

89.
Which of the following oxyacid of sulphur contain both S=S and S=0 bonds ?

(1) H2S205
(2) H2S204
(3) H2S202
(4) HaS203

asjgan

Correct Answer: (4) HoS203

Solution:
Step 1: Understanding the Concept:
Thio-acids are derivatives of oxoacids where one or more oxygen atoms are replaced by sulfur
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atoms. Thiosulfuric acid is the most common example.

Step 2: Key Formula or Approach:
Analyze the structural bonding of HoS203.

Step 3: Detailed Explanation:

Thiosulfuric acid (H2S203) is structurally related to sulfuric acid (H2SOy).

In H2SOy, the central sulfur is bonded to two —OH groups and two terminal oxygen atoms via
double bonds (S = O).

In H2S203, one of those terminal oxygen atoms is replaced by a sulfur atom.

This results in a structure where the central sulfur atom has:

- One double bond to Oxygen (S = O)

- One double bond to Sulfur (S = S)

- Two single bonds to hydroxyl groups (S — OH)

Step 4: Final Answer:
The oxyacid containing both S =S and S = O bonds is H2S203.

Q Quick Tip

The ”thio” prefix literally means sulfur. If you see Sy in an acid formula that normally
has one S (like sulfuric — thiosulfuric), it often implies an S = S or S — S bond.

90.
When one mole of lactose is hydrolysed, the hydrolysate contains

(1) 1.0 mol Galactose + 1.0 mol Glucose
(2) 1.0 mol Glucose + 2.0 mol Galactose
(3) 1.0 mol Glucose + 1.0 mol Fructose
(4) 2.0 mol Glucose

Correct Answer: (1) 1.0 mol Galactose + 1.0 mol Glucose

Solution:

Step 1: Understanding the Concept:

Lactose is a disaccharide commonly found in milk.

Disaccharides are carbohydrates that yield two monosaccharide units upon hydrolysis with di-
lute acids or specific enzymes.

Step 2: Key Formula or Approach:
Identify the monosaccharide components of lactose.

Step 3: Detailed Explanation:
Lactose is composed of one p-D-galactose unit and one [-D-glucose unit linked by a [-1,4-

glycosidic bond.
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The hydrolysis reaction is:

+ T o
C12H22011 (Lactose) + HaO M7 or Lactase, CeH1206(Glucose) + CgH1206(Galactose)

One mole of lactose yields exactly one mole of glucose and one mole of galactose.

Step 4: Final Answer:
The hydrolysate contains 1.0 mol Galactose and 1.0 mol Glucose.

@ Quick Tip

Remember the common disaccharides:
- Sucrose — Glucose + Fructose.

- Maltose — Glucose + Glucose.

- Lactose — Glucose + Galactose.

91.
What is the type of hole occupied if limiting value of :—J_“ is in the range of 0.225 to
0.414 7

(1) Octahedral

(2) Cubic

(3) Planar triangular
(4) Tetrahedral

Correct Answer: (4) Tetrahedral

Solution:

Step 1: Understanding the Concept:

In ionic crystals, the arrangement of ions depends on the relative sizes of the cation (r*) and
the anion (r~). This relationship is expressed as the radius ratio (X£).

The radius ratio determines the coordination number and the type of void or "hole” the smaller

ion (usually the cation) occupies within the lattice of the larger ions.

Step 2: Key Formula or Approach:

The standard radius ratio rules define specific ranges for different geometries:
- 0.155 < == < 0.225: Coordination Number 3 (Planar triangular)

- 0.225 < ™ < 0.414: Coordination Number 4 (Tetrahedral)

- 0.414 < ™= < 0.732: Coordination Number 6 (Octahedral)

- 0.732 < ™ < 1.000: Coordination Number 8 (Cubic)

Step 3: Detailed Explanation:

The given range is 0.225 to 0.414.

According to the radius ratio rule, this specific range corresponds to a coordination number
of 4.
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In a crystal lattice, a coordination number of 4 signifies that the cation is surrounded by four
anions, which describes a tetrahedral arrangement.
Consequently, the smaller ion will occupy a tetrahedral hole (or void).

Step 4: Final Answer:
Therefore, the type of hole occupied is tetrahedral.

9 Quick Tip

To remember the ranges, focus on the thresholds: 0.155, 0.225, 0.414, and 0.732.
Think of them as ”Tri-Tetra-Octa-Cubic” in ascending order of the ratio.

92.
Which of the following compounds is obtained when quaternary ammonium hy-
droxide is strongly heated ?

(1)
(2) Alkyne
(3) Alkene
(4)

Correct Answer: (3) Alkene

Solution:

Step 1: Understanding the Concept:

When a quaternary ammonium hydroxide (a compound with the general formula [R4N]TOH ™)
is heated, it undergoes a decomposition reaction known as the Hofmann Elimination.

Step 2: Key Formula or Approach:
The reaction involves the removal of a S-hydrogen from one of the alkyl groups by the hydroxide
ion, leading to the formation of a tertiary amine, water, and an alkene.

Step 3: Detailed Explanation:

In the Hofmann elimination mechanism:

1. The hydroxide ion (OH ™) acts as a strong base.

2. It attacks a hydrogen atom on the f-carbon (the second carbon from the nitrogen atom).
3. This leads to the breaking of the C' — N bond and the formation of a double bond between
the a and [ carbons.

4. The general reaction is:

[ReCH — CHy — N(R)3]*OH™ 2 R — CH = CHy + N(R)3 + HyO

This specific elimination favors the formation of the less substituted alkene (Hofmann’s
product) due to steric hindrance.
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Step 4: Final Answer:
The compound obtained is an alkene.

9 Quick Tip

Hofmann elimination is the opposite of Zaitsev’s rule; it typically produces the less
substituted alkene because the large [N R3]* group makes the more substituted j3-
hydrogens harder to reach.

93.
Which of the following equations has A;H° and AH®° same ?

(1) Hyg) + 5099 — H20q)
(2) Naqy + Os(g) = NaOsy()
(3)
(4)

Correct Answer: (1) Hy) + %Og(g) — Hy0(

Solution:

Step 1: Understanding the Concept:

The Standard Enthalpy of Formation (A¢H®) is defined as the enthalpy change when
exactly one mole of a substance is formed from its constituent elements in their most stable
standard states.

Step 2: Key Formula or Approach:

For the reaction enthalpy (AH®) to equal the enthalpy of formation (A;H®), the following
criteria must be met:

1. Only one mole of product must be formed.

2. All reactants must be elements in their stable physical states at 298 K and 1 bar.

Step 3: Detailed Explanation:

Let’s evaluate the options:

- Option (1): Hyyy + %02(9) — H0;). Here, 1 mole of liquid water is formed from gaseous
hydrogen and oxygen (both stable elemental states). This fits the definition perfectly.

- Option (2): Nitrogen is most stable as Ny, not Ny, and Ozone (Og(g)) is not the most
stable state of oxygen (which is Oy(g)).

- Option (3): Reactants include compounds like C'Hy, not just elements.

- Option (4): It forms 2 moles of product, and CO(y) 1s a compound, not an element.

Step 4: Final Answer:
Therefore, in equation (1), AH® represents the standard enthalpy of formation of liquid water.
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9 Quick Tip

Always check two things: Is there only 1 mole of the product? Are the reactants pure
elements in their natural state? (e.g., O2 gas, C' graphite).

94.
Separation of Acetone and Benzene from their mixture is carried out by

1) Fractional distillation

2) Simple distillation

3) Fractional distillation using fractionating column
4) Distillation under reduced pressure

(
(
(
(

Correct Answer: (3) Fractional distillation using fractionating column

Solution:

Step 1: Understanding the Concept:

Distillation is a process used to separate components of a liquid mixture based on differences
in their boiling points.

Step 2: Key Formula or Approach:

- If the difference in boiling points is large (> 25°C'), Simple Distillation is used.

- If the difference in boiling points is small (< 25°C'), Fractional Distillation (utilizing a
fractionating column) is required to achieve high purity.

Step 3: Detailed Explanation:

The boiling point of Acetone is approximately 56°C' (329K).

The boiling point of Benzene is approximately 80°C' (353K)).

The difference is about 24°C.

Since this difference is relatively small and close to the threshold where simple distillation be-
comes inefficient, fractional distillation is employed.

The fractionating column provides multiple condensation-vaporization cycles, allowing the
vapors to become progressively enriched with the more volatile component (Acetone) before
reaching the condenser.

Step 4: Final Answer:
The separation is carried out by fractional distillation using a fractionating column.

9 Quick Tip

The fractionating column is the key part of the apparatus that increases efficiency.
It acts like many simple distillations stacked on top of each other.

95.
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Which gas among the following contains maximum number of molecules at STP ?
(Molar masses in g mol™! COy = 44, Ar = 39.9, CHy = 16, Oy = 32 )

(1) 24.0 g of O,
(2) 16.0 g of CHy
(3) 13.3 g of Ar
(4) 11 g of CO9

Correct Answer: (2) 16.0 g of CHy

Solution:

Step 1: Understanding the Concept:

According to Avogadro’s hypothesis, the number of molecules is directly proportional to the
number of moles of the gas. To find the maximum number of molecules, we must find the
sample with the highest number of moles.

Step 2: Key Formula or Approach:
The number of moles (n) is calculated as:

Given Mass (m)
n =
Molar Mass (M)

Step 3: Detailed Explanation:

Calculate moles for each option:

1. Oxygen (O2): n = ng—éo = 0.75 mol

2. Methane (CHy): n =L = 1.0 mol

3. Argon (Ar): n = % ~ 0.33 mol

4. Carbon Dioxide (CO): n = £ = 0.25 mol

Since Methane (C'Hy) has the highest number of moles (1.0), it will contain the maximum
number of molecules (1 x Ny).

Step 4: Final Answer:
16.0 g of C'H4 contains the maximum number of molecules.

Q Quick Tip

When masses are similar, the gas with the lowest molar mass will always have the
most moles and therefore the most molecules. Methane (16) is the lightest here.

96.
How many isomers of monobromoderivatives are obtained on bromination of fol-
lowing compound ?
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Correct Answer: (1) 4

Solution:

Step 1: Understanding the Concept:

The number of monobromo isomers formed depends on the number of chemically distinct
hydrogen atoms (or carbon environments) in the parent alkane. Each unique position can be
substituted by a bromine atom to form a different isomer.

Step 2: Key Formula or Approach:
The given compound is 2-methylbutane (isopentane). Its structure is:

CH;z — CH(CHs) — CH, — CHj

Step 3: Detailed Explanation:

Identify the unique carbon positions in 2-methylbutane:

1. Primary carbons (C; and the methyl group on C3): These two methyl groups are
equivalent. Substituting one H here gives 1-bromo-2-methylbutane.

2. Tertiary carbon (C2): Substituting the H here gives 2-bromo-2-methylbutane.

3. Secondary carbon (C3): Substituting one H here gives 2-bromo-3-methylbutane (also
named as 2-bromo-3-methylbutane).

4. Primary carbon (Cj4): Substituting one H at the end of the chain gives 1-bromo-3-
methylbutane.

Thus, there are 4 distinct structural isomers possible.

Step 4: Final Answer:
The number of monobromoderivative isomers is 4.

9 Quick Tip

To find isomers quickly, draw the structure and label carbons as a, b, ¢, d... based on
their environment. The number of unique labels equals the number of structural iso-
mers.
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97.
If two moles of an ideal gas at 546 K occupy a volume of 44.8 L. What is the
pressure of ideal gas at 546 K ? (R = 0.0821 L atm mol ' K1)

Correct Answer: (4) 2.0 atm

Solution:

Step 1: Understanding the Concept:

The behavior of an ideal gas is described by the Ideal Gas Equation, which relates pressure
(P), volume (V'), number of moles (n), and temperature (7).

Step 2: Key Formula or Approach:
The formula is:

PV =nRT
Rearranging to solve for Pressure (P):
nRT
P = —_—
Vv

Step 3: Detailed Explanation:
Given values:

-n =2 mol

-T =546 K

-V =448 L

- R =0.0821 L atm mol 'K ~1

Calculation:

2% 0.0821 x 546
N 44.8

Note that 546 K is 2 x 273 K. Also, 44.8 L is 2 x 22.4 L.

2% 0.0821 x 546 _ 89.65

~~ ~ 2.001
44.8 44.8 00

The result is approximately 2.0 atm.

Step 4: Final Answer:
The pressure of the ideal gas is 2.0 atm.
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9 Quick Tip

Use the shortcut: At STP (273 K, 1 atm), 1 mole occupies 22.4 L.
Here, we have 2 moles at double the temperature (546 K'). By the gas laws, if vol-
ume stayed the same (44.8 L), the pressure must have doubled from 1 atm to 2 atm.

98.
When soap is added to an oily part of cloth, the hydrocarbon part of soap dissolves
in

(1) Water, keeping the tail away from the oil
(2) Oil, keeping the head away from the oil
(3) Water, keeping the head away from the oil
(4) Oil, keeping the tail away from the oil

Correct Answer: (2) Oil, keeping the head away from the oil

Solution:

Step 1: Understanding the Concept:

Soaps are sodium or potassium salts of long-chain fatty acids. A soap molecule has two parts: a
hydrophilic head (ionic part, carboxylate group) and a hydrophobic tail (long hydrocarbon
chain).

Step 2: Key Formula or Approach:

The "like dissolves like” principle applies:

- The hydrophobic tail is non-polar and attracts non-polar substances like oil /grease.
- The hydrophilic head is polar and attracts polar substances like water.

Step 3: Detailed Explanation:

When soap is applied to an oily stain on cloth:

1. The hydrocarbon tails (the non-polar part) dissolve in the oil droplet because they are
hydrophobic.

2. The ionic heads (the polar part) remain outside the oil droplet, facing the water, because
they are hydrophilic.

3. This arrangement forms a micelle. In this structure, the tails are buried in the oil, and the
heads are pointed outward into the surrounding water.

This means the hydrocarbon part is in the oil, and the head is away from the oil.

Step 4: Final Answer:
The hydrocarbon part dissolves in oil, keeping the head away from the oil.

9 Quick Tip

Remember: Tail = Hydrocarbon = Qil-loving. Head = Ionic = Water-loving.
The tail goes into the dirt, and the head stays in the water.
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99.

Identify basic amino acid from following

(1) Phenylalanine
(2) Histidine
(3) Alanine
(4) Serine

Correct Answer: (2) Histidine

Solution:

Step 1: Understanding the Concept:

Amino acids are categorized as acidic, basic, or neutral based on the chemical nature of their
side chains (R groups) at physiological pH (= 7.4).

Basic amino acids contain an amino group or a nitrogenous heterocyclic ring in their side chain
that can accept a proton (H1), resulting in a net positive charge.

Step 2: Key Formula or Approach:
Identify the functional group present in the side chain of each given amino acid to determine
its acid-base properties.

Step 3: Detailed Explanation:

Evaluating the side chains of the given options:

- Phenylalanine: Contains a non-polar, hydrophobic phenyl group (—CHyCgHs), making it
a neutral amino acid.

- Histidine: Contains an imidazole ring in its side chain. This heterocyclic nitrogen-
containing ring can be protonated, making Histidine a basic amino acid.

- Alanine: Has a simple methyl group (—CHj3) as its side chain, which is non-polar and neu-
tral.

- Serine: Contains a polar hydroxymethyl group (—CH2OH), but it does not gain or lose
protons at physiological pH, making it neutral.

Other common basic amino acids used in protein synthesis are Lysine and Arginine.

Step 4: Final Answer:
Therefore, the basic amino acid among the choices is Histidine.

9 Quick Tip

To easily remember the basic amino acids, use the mnemonic: ”His Lies Are basic”
which stands for Histidine, Lysine, and Arginine.

100.
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If 2.0 g of NaOH is dissolved in 500 ¢m? of water, what is molarity of solution ?

(1) 0.25 mol dm=3
(2) 0.1 mol dm™3
(3) 0.4 mol dm™3
(4) 0.50 mol dm~3

Correct Answer: (2) 0.1 mol dm ™3

Solution:

Step 1: Understanding the Concept:

Molarity (M) is a measure of concentration defined as the number of moles of solute dissolved
in one liter (or 1 dm?) of solution.

Step 2: Key Formula or Approach:

Moles of Solute (n)

Molarity (M) =
olarity (M) Volume of Solution in Liters (V)

Mass (m)

Mol =
oles (n) Molar Mass (M.M.)

Step 3: Detailed Explanation:
1. Calculate moles of NaOH:
Molar mass of NaOH = 23(Na) + 16(0) + 1(H) = 40 g/mol.

2.
n = & = 0.05 mol
40 g/mol
2. Convert volume to Liters:
500 cm3 = 500 mL = 0.5 L (since 1000 cm3 =1 L).
3. Calculate Molarity:
0.05 mol
o5 oL mel

Units can be written as mol L~ or mol dm=3.

Step 4: Final Answer:
The molarity of the solution is 0.1 mol dm™3.

9 Quick Tip

For NaOH, 40 gin1 Lis1 M.

Therefore, 4 gin 1 Lis 0.1 M.

Since we have half the mass (2 ¢) in half the volume (500 mL), the concentration stays
the same: 0.1 M.
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101.
524624+ T2+ 4202 =

(1) 2860

(2) 2840

(3) 2830

(4) 2850

Correct Answer: (2) 2840

Solution:
Step 1: Understanding the Concept:
The sum of squares of the first n natural numbers is given by the mathematical formula:

Z ]{22 n (271 + 1)

To find the sum of a series starting from a middle term, we subtract the sum of the preceding
terms from the total sum.

Step 2: Key Formula or Approach:
The given series is S = 22025 k2.
This can be calculated as:
4
s (20) - (0]
k=1

Step 3: Detailed Explanation:
1. Calculate the sum of squares up to 20:

= 2870

ikz:20(20+1)(2-20+1) _20-21-41
6 6

2. Calculate the sum of squares up to 4:

-9

ZkQ A(44+1)(2-441) 4

5
= =30
6 6

3. Subtract the results:

2870 — 30 = 2840
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Step 4: Final Answer:
The sum of the series 5% + - - - 4+ 202 is equal to 2840.

9 Quick Tip

Always remember the standard power series formulas for > n, ) n?, and > n? to
quickly solve arithmetic series problems in exams.

102.
The p.d.f. of a random variable X is given by f(z) = 4 if 0 < 2 < 4, and = 0

otherwise, then P(1 < X < 4) =

B

AN N N N
=~ N

S N N N
| QT 0] o | —

N

Correct Answer: (1)

Solution:
Step 1: Understanding the Concept:
For a function to be a probability density function (p.d.f.), the total area under the curve must

be equal to 1.
oo
/ f(x)dx =1
—o0

Step 2: Key Formula or Approach:
1. Find the constant k using the total probability condition.
2. Calculate the required probability using integration:

b
P(a<X<b):/ f(x)dz

Step 3: Detailed Explanation:
1. Finding k:

1
k A 1
—dr =1 2 =1 2k(2—-0) =1 4k =1 =-

/oﬁdx = [2kV/7]; = 2k(2-0) = 4k = k 1

2. Calculating P(1 < X < 4):



1 1 1
:5(\/71—\/1):5(2—1)25

Step 4: Final Answer:
The probability P(1 < X < 4) is 3.

Q Quick Tip

For p.d.f. problems, if you see y/x in the denominator, remember that the integral of
ST 2y/x to speed up your calculus.

103.
The acute angle between the line 7 = (1 +2]+ k) + A2+ j + k) and the plane
r-(2i—j+k)=>51is

3
(2) sin™* (%)

(3) sin~! <\/§>
(4) sin~! (%)

Correct Answer: (1) sin™! <

(1) sin™* (ﬁ)

15

Solution:

Step 1: Understanding the Concept:

The angle # between a line with direction vector b and a plane with normal vector 7 is given
by the relation between the angle and the dot product of the two vectors.

Step 2: Key Formula or Approach:
The formula for the angle @ is:

3
i

sinf =

S

El

Step 3: Detailed Explanation:

1. Identify vectors:

Direction of line b =1+ j +k = |b| =12+ 124+12 = /3
Normal to plane 7i = 2i — j + k = |7| = /22 + (—1)2 + 12 =6
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2. Calculate dot product:

b-n=012)+M)(-H)+(1)(1)=2-1+1=2

3. Apply formula:

2 2 2
sinf = = =

V3V6 VI8 3v2

=t (%)
3

e

Step 4: Final Answer:

w1 (V2
The acute angle is sin (?)

9 Quick Tip

Remember: Angle between two lines or two planes uses cosf, but the angle between a
line and a plane uses sin .

104.
With usual notations in AABC, a =3,¢=2 and sinC = %, then /A =

OE
2 %
(3) %
() %

Correct Answer: (3) %C

Solution:

Step 1: Understanding the Concept:

In any triangle AABC, the Sine Rule relates the lengths of the sides to the sines of their
opposite angles.

Step 2: Key Formula or Approach:
The Sine Rule states:

a b <
sinA  sinB sinC
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Step 3: Detailed Explanation:
Given a = 3,c¢ = 2, and sinC' = %
Using the Sine Rule:

=3 = sindA=1

sin A

Since A is an angle of a triangle, sin A =1 = A = 90°.
In radians, A = 3.

Step 4: Final Answer:
The angle ZA is %c

9 Quick Tip

The Sine Rule is usually the fastest way to find a missing angle when two sides and one
opposite angle are known.

105.

The rate of growth of bacteria is proportional to the bacteria present. If it is found
that the number doubles in 3 hours, then the number of times the bacteria are
increased in 6 hours is

(1) 6 times the original
(2) 4 times the original
(3) 8 times the original
(4) 5 times the original

Correct Answer: (2) 4 times the original

Solution:

Step 1: Understanding the Concept:

This problem represents exponential growth, where the rate of change of a population P is
proportional to the population itself: ‘fj—]t) =kP.

Step 2: Key Formula or Approach:
The solution to the differential equation is:

P(t) = Pyet
Alternatively, for doubling time 7', the growth can be modeled as:
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P(t) = Py(2)YT

Step 3: Detailed Explanation:

1. Let the original number of bacteria be Fj.

2. The doubling time 7" is 3 hours.

3. We need to find the population at t = 6 hours.

P(6) = Py(2)%/3 = Ry(2)* = 4Py

The population increases to 4 times the original amount.

Step 4: Final Answer:
The number of times the bacteria increased in 6 hours is 4 times the original.

@ Quick Tip

For population doubling, the growth factor after n doubling periods is always 2". Here,
6 hours is 2 doubling periods (2 x 3), so the factor is 22 = 4.

106.
An urn contains 4 red and 5 white balls. Two balls are drawn one after the other
without replacement, then the probability that both the balls are red is

N —

NN N N
=~ W

S N N N

O O DO | Ut

=

Correct Answer: (2)

Solution:

Step 1: Understanding the Concept:

This is a problem of dependent events since the balls are drawn without replacement. The
probability of the second event is affected by the outcome of the first.

Step 2: Key Formula or Approach:
Probability of both events A and B occurring is:

P(AN B) = P(A) - P(B|A)
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Step 3: Detailed Explanation:
1. Total number of balls = 4(red) + 5(white) = 9.
2. Probability of drawing a red ball first (P(Ry)):

P(R) =

3. After one red ball is drawn, 3 red balls and 8 total balls remain.
4. Probability of drawing a red ball second (P(Rz|R1)):

~—

P(Rg|Ry) =

oo w

5. Total probability:

3
P(Both Red) = 5 == ==

O v~

Step 4: Final Answer:
The probability that both balls are red is %.

9 Quick Tip

IS

For drawing without replacement, you can also use combinations: % = 3% = %.

107.
The joint equation of two lines through the origin, each of which making an angle
of 30° with line x +y =0 is

(1) 22 + 4oy —y*> =0
(2) 22 — 4oy +y> =0
(3) 22 + 4oy +4%> =0
(4) 22 — 4oy — 92> =0

Correct Answer: (3) 22 +4xy +y> =0

Solution:

Step 1: Understanding the Concept:

The joint equation of two lines through the origin is given by az? + 2hxy + by? = 0. If a line
through the origin makes an angle o with another line y = mqx, its slope m is related to m;
and a.

Step 2: Key Formula or Approach:
The relationship is given by:
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m —mi
tan o =

1+ mmq

Step 3: Detailed Explanation:
1. Given line z +y =0 = y = —uz, so its slope m; = —1.
2. Angle o = 30°.

tan 30° = m = (=1) — L m_+1‘
1+ m(-1) 3 I1—m
3. Squaring both sides:
1 (m+1)° 2 2
3 0o mp = (1-m)"=3(m+1)

1—2m+m?=3m?>+2m+1) = 1—2m+m?=3m?>+6m+3

22 +8m+2=0 = m>+4m+1=0

4. Substitute m = y/:

% y
(—) +4(—)+1:0 — P +day+22=0
a A

Step 4: Final Answer:
The joint equation is 22 + 4zy + y? = 0.

9 Quick Tip

In competitive exams, if a question involves joint equations of lines through the origin
making equal angles with a coordinate axis or line, the resulting equation is often sym-
metric in x and y.

108.

- fzry\ dy _
If sin (m) = tan §, then 2 =

(-
| Blees

RIRR =

A~~~/
=~ W N
—_— ' ~—
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Correct Answer: (2)

SIS

Solution:

Step 1: Understanding the Concept:

When an equation involves a functional relationship that equates to a constant, differentiating
both sides will equate the derivative of the variable side to zero.

Step 2: Key Formula or Approach:
Notice that tan ¥ is a constant. Let sin (i—irzy/) =C.
Taking the inverse:

Tty

T -y

— sin"! C' = K (another constant)

Step 3: Detailed Explanation:
1. Cross multiply:

r+y=K@x—-y) = x+y=Ko—Ky

2. Rearrange the terms:

y+Ky=Kzr—2 = y(l+ K)=a2(K —1)

(K -1
Y=\1¥K)"

dy K-—1

dz 1+ K

3. Write y in terms of x:

4. Differentiate with respect to x:

K1

5. From the expression in step 3, we see that 7 +_l% 4

"

dy _y
der x

Step 4: Final Answer:

The derivative I, 18 2.

@ Quick Tip

For homogeneous implicit functions of the form f(y/x) = constant, the derivative g_z is

almost always 2.
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109.
The probability mass function of a random variable X is P(X = z) = 52(’:* if z =
0,1,2,3,4,5, and = 0 otherwise, then P(X <2) =

(1) P(X > 3)
(2) P(X >3)
(3) P(X =2)
(4) P(X > 4)

Correct Answer: (2) P(X > 3)

Solution:

Step 1: Understanding the Concept:

This p.m.f. describes a Binomial Distribution B(n,p) where n = 5 and p = ¢ = % A key
property of this distribution when p = 1/2 is its symmetry.

Step 2: Key Formula or Approach:
For p = 1/2, the probabilities are symmetric around the mean:

Step 3: Detailed Explanation:

1. Given P(X <2)=P(X=0)+P(X =1)+ P(X =2).

2. Using the symmetry property P(X = k) = P(X =5 — k):
-P(X=0)=P(X =5)

-P(X=1)=P(X=4)

-P(X=2)=P(X =3)

3. Therefore:

P(X <2)=P(X =5)+ P(X =4) + P(X = 3)

4. This sum represents all outcomes where X is 3, 4, or 5, which is P(X > 3).

Step 4: Final Answer:
By symmetry, P(X <2)= P(X > 3).

9 Quick Tip

In symmetric Binomial distributions (p = 0.5), P(X < k) = P(X > n — k). This
observation saves significant calculation time.
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110.

23] ., 10 L
w2 2] 1 e 1

2 -3
(1) -7 11

@]
% 5
W |33

Correct Answer: (1) lQ _3]

-7 11

Solution:

Step 1: Understanding the Concept:

To find (AB)~!, we first compute the product matrix AB and then find its inverse using the
formula for a 2 x 2 matrix.

Step 2: Key Formula or Approach:

For a matrix M = |¢ Z} , the inverse is:
c

Step 3: Detailed Explanation:
1. Calculate the product AB:

2 311 0] [20)+33) 200)+31)] [11 3
=35 1= | |17 )

2. Calculate the determinant det(AB):

det(AB) = (11)(2) — (3)(T) =22 — 21 = 1

3. Find the inverse (AB)~%:

Step 4: Final Answer:

) .. 2 -3
The inverse matrix is l_7 1 11 )
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9 Quick Tip

You can also use the property (AB)~! = B~'A~L. If the matrices A and B have sim-
ple determinants, this can sometimes be faster.

111.
If A, B, C are the angles of a AABC, then with usual notations, oot _

a2_b2+02

tan B

Correct Answer: (4) {232

Solution:

Step 1: Understanding the Concept:

In a triangle, the lengths of sides and the cosines of the opposite angles are related by the
Cosine Rule. Specifically, the terms in the numerator and denominator can be expressed using
the formulas for cos A and cos B.

Step 2: Key Formula or Approach:
The Cosine Rule formulas are:

a®? =02+ —2ccosA = b?+c? —a? =2bccos A

b =a®+c? —2accos B = a® + ¢ — b* = 2accos B

Additionally, the Sine Rule states: - = ﬁ.

Step 3: Detailed Explanation:
Substitute the cosine equivalents into the given expression:

2 —a? + b2 B 2bc cos A B bcos A
a2 — b2 +c2  2accosB  acosB

From the Sine Rule, we know g = iiﬁi Substituting this into our expression:
sinB\ cosA  (sinB cos A
sinAd ) cosB \cosB sin A
tan B
=tan B -cot A =
tan A
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Step 4: Final Answer:

: : : tan B
The ratio simplifies to {=7.

@ Quick Tip

When you see terms like (b2 + ¢? — a?), immediately associate them with 2bccos A. It is
one of the most frequent substitutions in triangle trigonometry.

112.

Domain of the real valued function f(x) = z+2

9—z2 1S

(1) 3<z<3
(2) B —{=3,3}
(3) B

(4) R — {3}

Correct Answer: (2) R — {-3,3}

Solution:

Step 1: Understanding the Concept:

A real-valued rational function is defined for all real numbers except those that make the de-
nominator zero, as division by zero is undefined in mathematics.

Step 2: Key Formula or Approach:

For a function f(z) = gg;, the domain is {x € R : Q(x) # 0}.

Step 3: Detailed Explanation:
The denominator of the given function is 9 — z2. We find the points where it equals zero:

r =213

Therefore, the function f(x) is defined for every real number except 3 and —3.
In set notation, this is written as R — {—3, 3}.

Step 4: Final Answer:
The domain is R — {—3, 3}.
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9 Quick Tip

In domain questions, always check for two things: denominators cannot be zero, and
expressions inside even roots must be non-negative.

113.
The differential equation whose solution is y = ¢** is

Correct Answer: (4) x% =ylogy

Solution:

Step 1: Understanding the Concept:

To form a differential equation from a general solution, we differentiate the equation with re-
spect to = and eliminate the arbitrary constant(s).

Step 2: Key Formula or Approach:
Use the property that %(ef @) = ef(@) . ¢/ (x). Also, use logarithms to isolate the constant.

Step 3: Detailed Explanation:
Given y = e%*.

Taking natural logarithm on both sides:

logy = ax

From this, we can isolate the constant a: a =
Now, differentiate the original equation y = e with respect to x:

logy
-

@_eax

dr @

Substitute y for e** and the expression for a:
dy logy
et
x x

dy
r—— = ylogy
dx

Multiplying both sides by x:

Step 4: Final Answer:
The resulting differential equation is :cg—g =ylogy.
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9 Quick Tip

Isolating the constant first using logarithms often makes the differentiation and substi-
tution steps much cleaner for exponential solutions.

114.

A body cools according to Newton’s law from 100°C' to 60°C' in 20 minutes. The
temperature of the surrounding being 20°C', then the temperature of the body after
one hour is

(1) 15°C
(2) 30°C
(3) 40°C
(4) 20°C

Correct Answer: (2) 30°C

Solution:

Step 1: Understanding the Concept:

Newton’s Law of Cooling states that the rate of cooling of an object is proportional to the
difference between its temperature and that of the surroundings.

Step 2: Key Formula or Approach:
The average rate form of the law is:

91—92:K 91—1—92_0
t 2 0

Step 3: Detailed Explanation:
For the first 20 minutes: 67 = 100, 82 = 60, t = 20, 6y = 20.

100 — 60 100 + 60 1
YK ——20} 92 = K(60 K=—
20 = - (60) = k=g
Now, let the temperature after the next 20 mins (at ¢ = 40) be 6.
60 — 03 1 |60+ 063 60 + 05 — 40
= —2 —fy) =2 | B
20 30 l 2 0] = 3(60—63) { 2

180 — 303 = 03 +20 = 403 = 160 — 03 = 40°C

Now, for the final 20 mins (to reach ¢ = 60 mins or 1 hour), let the temp be 6,.

40 + 04 — 40
1

40—0s 1 [40+0,
20 30 2

- 20] — 3(40 — 6) =
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120 — 304 = 0y — 404, =120 = 04 = 30°C

Step 4: Final Answer:
The temperature of the body after one hour is 30°C.

Q Quick Tip

A useful trick: If the difference from the surroundings (6 — ) halves in time ¢, it will
follow a geometric progression for equal intervals of time.

115.
If A(3,—-2,2), B(2,A+1,5) are the end points of the diameter of the circle and if the
point (5,6, —1) lies on the circle, then \ =

1
2
3
4

~—~
— — — —
Ot g 0 O

Correct Answer: (2) 8

Solution:

Step 1: Understanding the Concept:

A fundamental property of a circle is that the angle subtended by a diameter at any point on
the circumference is a right angle (90°).

Step 2: Key Formula or Approach:

If P(5,6,—1) lies on the circle with diameter AB, then vectors PA and PB are perpendicular.
Their dot product must be zero: PA-PB=0.

Step 3: Detailed Explanation:
1. Calculate vector PA:

PA=(3-5)i4(-2—-6)]+ (2— (-1)k = —21 — 8) + 3k

9. Calculate vector PB:

PB=(2-5)i+(A+1—-6)]4 (5—(=1))k = —=3i + (A —5)j + 6k

3. Set dot product to zero:

(=2)(=3) + (=8)(A =5) + (3)(6) = 0
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6 —-8\+40+18=0

64—-8\=0 = 8A =64 = A =8

Step 4: Final Answer:
The value of A is 8.

@ Quick Tip

Using the dot product of vectors from a point to the diameter ends is often much faster
than calculating distances and using the Pythagorean theorem.

116.
If the L. M. V. T. holds for the function f(z) =z +1, 2 € [1,3], then ¢ =

(1) V3
(2) 3

(3) 2

(4) —V3

Correct Answer: (1) V3

Solution:

Step 1: Understanding the Concept:

Lagrange’s Mean Value Theorem (LMVT) states that if a function is continuous and differen-
tiable on an interval [a,b], there exists a point ¢ such that the instantaneous rate of change
(derivative) equals the average rate of change.

Step 2: Key Formula or Approach:

The theorem is given by: f/(c) = W

where ¢ € (a, b).
Step 3: Detailed Explanation:

1. Find f(a) and f(b) for a = 1,b = 3:

fly=1+1/1=2

fB)=3+1/3=10/3

2. Calculate the RHS of LMVT:

fB) —r) (10/3) -2 4/3 2

3—1 2 2 3

3. Differentiate f(z):
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4. Equate f'(c) =2/3:

Since ¢ must be in the interval (1,3), we have ¢ = /3.
Step 4: Final Answer:
The value of ¢ is V/3.

Q Quick Tip

LMVT guarantees c is strictly inside the interval. If you get multiple roots (like £1/3),
always pick the one that falls within (a,b).

117.

If a,b,¢,d are the position vectors of the points A, B,C, D respectively such that
3a — b+ 2¢ — 4d = 0, then the position vector of the point of intersection of the line
segments AC and BD is

Correct Answer: (4) E+T4‘Z

Solution:

Step 1: Understanding the Concept:

Two lines intersect if they share a common point. In vector terms, we rearrange the given
equation to show a point defined via the section formula on both line segments.

Step 2: Key Formula or Approach:

The section formula for a point dividing the segment joining 77 and 75 in ratio m : n is M2

m+n
Step 3: Detailed Explanation:

Given: 3a — b+ 2¢ — 4d = 0. o
Rearrange the equation to group terms of segment AC' (a, ¢) and segment BD (b, d):

3a+26=>b+4d

To use the section formula, we divide both sides by the sum of their respective coefficients.
Sum of coefficients of a and ¢ is 3+ 2 = 5.
Sum of coefficients of b and d is 1 +4 = 5.
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3a+2c  b+4d
5 5

=P

This P is the position vector of the common point, hence the intersection point.
Step 4: Final Answer:
The position vector is %.

@ Quick Tip

In such problems, the denominator of the answer is always equal to the sum of the co-
efficients of the terms on either side of the rearranged equation.

118.
The perimeter of a triangle is 10 cm. If one of its side is 4 cm, then remaining sides
of the triangle, when area of triangle is maximum are

Correct Answer: (3) 3 cm, 3 cm

Solution:

Step 1: Understanding the Concept:

For any triangle with a given perimeter, the area is maximum when the triangle is equilateral. If
one side is constrained, the area is maximized when the remaining two sides are equal (isosceles).

Step 2: Key Formula or Approach:
Perimeter P = a + b+ ¢. Given a = 4, P = 10. To maximize area, set b = c.

Step 3: Detailed Explanation:

From the perimeter: 44+b+4+c¢=10 = b+ c=6.

Heron’s formula states A = \/s(s —a)(s—b)(s—c).

For a fixed a and s, the product (s — b)(s — ¢) is maximum when the factors are equal.
Thus, s —b=s—c = b=c.

Since b+ ¢ =6 and b = ¢, we have:

AR

20=6 — b=3and c=3

Step 4: Final Answer:
The remaining sides are 3 cm and 3 cm.
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9 Quick Tip

Geometric Symmetry Principle: Whenever you need to maximize a property like area
or volume with constraints, look for the most symmetric configuration possible.

119.
Ifa=1—2j+ l;:, v=3i+kand 0= J— l%, then the volume of the parallelopiped with
ux v, u+w and v +w as coterminus edges is

(1) 12 cubic units
(2) 10 cubic units
(3) 24 cubic units
(4) 20 cubic units

Correct Answer: (3) 24 cubic units

Solution:

Step 1: Understanding the Concept:

The volume of a parallelepiped defined by vectors @, b, ¢ as edges is the absolute value of their
scalar triple product, [@ b d.

Step 2: Key Formula or Approach:

The scalar triple product is calculated using a determinant:

B ayp az as
V:|(C_L)-(b><5)|: by by b3
€1 ¢y C3
Step 3: Detailed Explanation:
1. Calculate a = u x v:
i j k A )
1 -2 1|=14-2)—7(1—=3)+k(0—(—=6)) = —21 4+ 25 + 6k
3 0 1

2. Calculate b = @ + w
3. Calculate ¢ = v+ w = (3)1
4. Calculate Volume V'

-2 2 6
V=]l —-10
3 1 0

Expanding along the third column:
V =16(1—(=3))] = [6(4)] = 24
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Step 4: Final Answer:
The volume of the parallelepiped is 24 cubic units.

9 Quick Tip

Expanding a determinant along the row or column containing the most zeros is always
the most efficient way to avoid calculation errors.

120. .
IfA— CO.SQ —sind : then A_l —
—sinf —cosf

[—sin® —cosd
(1) |—cosf  sinf ]

[sinf  —cosf
(2) [cost)  —sin «9]

[—cosf sinf
(3) | sinf  cos 91

[ cosf —sind
(4) | —sinf —cos 9]

cosf) —sind

Correct Answer: (4) l_ sinfd  — cos 91

Solution:
Step 1: Understanding the Concept:
The inverse of a square matrix A is given by A=t = ﬁadj(A). If the determinant is —1, the

inverse is effectively the negative of the adjoint.
Step 2: Key Formula or Approach:

For a 2 X 2 matrix M = [CCL Z}, the inverse is —adibc {_dc —ab} .

Step 3: Detailed Explanation:
1. Find the determinant |A|:

|A| = (cos8)(—cosf) — (—sinf)(—sinf) = —cos?0 —sin?0 = —1

2. Find the Adjoint of A:
Swap the diagonal elements and negate the off-diagonal elements:

sinf cos@

adj(A) = {—0059 sm@}

3. Calculate the inverse:
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Al =

L —cosf sinf| | cosff —sind
—1| sinf cosf| |—sinf —cosb

Note that A~ = A.
Step 4: Final Answer:
cosf) —sin 0]

The inverse matrix A~1 is )
—sin@ —cos@

@ Quick Tip

When a matrix is its own inverse (A = A1), it is called an involutory matrix. Check if
A? =] as a quick verification.

121.
3d_x_
2 224z
(A) log (3)
(B) log (3)
(C) log (3)
(1) log (5)

Correct Answer: (C) log (%)

Solution:

Step 1: Understanding the Concept:

This is a definite integral involving a proper rational function. We can solve it using the method
of partial fractions to decompose the integrand into simpler logarithmic terms.

Step 2: Key Formula or Approach:
Decompose the integrand:

1 1 A B

2+z  z(rz+1) T THl

Using the cover-up method:

1
For A : =
1
For B : — =-1
Tlr=—1
1 1 1
S0, st =&~ #T

Step 3: Detailed Explanation:
Now, perform the integration:

3
1 1
/ (—— )dx
o \z r+1
= [log x| —log | + 1[]3
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i,
x+1ll9

= [log

Apply the limits:

Step 4: Final Answer:
The value of the integral is log (%).

9 Quick Tip

Whenever the denominator can be factored into linear terms like z(z + a), the integral

f Il’(:;l—xka) always reSUltS ]n %10g ‘xl‘ﬂ‘ + C
122.
If /7 + /Yy = /7y , then §—i=
3
(A) = (%)
3
x 2
®) (:

3
2

)

vl < |8

© - (
(D) (%)

Correct Answer: (A) — (%)

N

Solution:

Step 1: Understanding the Concept:

This is an implicit function where y is defined in terms of x. To find dy/dz, we use implicit
differentiation, differentiating both sides with respect to z and then solving for dy/dz.

Step 2: Key Formula or Approach:

The given equation is \/z + /y = /2 - \/¥.
Divide throughout by /zy to simplify:

RN
Vi Vi

e V22

1
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Step 3: Detailed Explanation:
Differentiate with respect to x:

d 19y, d, i d
Logp 1 _3pdy
27 3V T Y

Multiply by —2:

d
32 4 y—3/2d_gyg -0
Solve for %: .
-3/20Y _ _-3/2
Y dx v
dy 2—3/2 1/x3/2 B y3/2

dr oy 1P 32
dy B (y>3/2

dr T

Step 4: Final Answer:
The derivative is — (%)3/2.

9 Quick Tip

n/2

For equations of the form z™ 4+ y™ = (zy)™?, simplifying by dividing by (zy)™/? often

yields a much simpler expression for differentiation.

9
Correct Answer: (B) @Ta;

Solution:

Step 1: Understanding the Concept:

We use the property of definite integrals: foa f(x)dx = foa f(a — x)dz. This transformation
often simplifies integrands containing terms like (a — z).

Step 2: Key Formula or Approach:
Let I = foa(a — 2)%/222dx. Applying the property  — a —

= aa/—CL—IS/Qa—LUQ.T
I /0[ (a - 2)*(a — )2
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a
I= / 3% (a? — 2az + 2%)da
0

Step 3: Detailed Explanation:
Expand and integrate term by term:

a
I= / (a®2? — 2a2°? + 27/?)dx
0

5/2 272 9/27¢
I= a2~ —2
l“ 52 TR T 9/2]O

2 a
5 7 9" |,

Substitute the upper limit x = a:

2a? 4 2
[:%a5/2—7aa7/2+§a9/2

9 4 2
(4
5779

Find common denominator for (5,7,9) = 315:

I (126— 180—|—70>
=a
315

I = %2 (ﬁ)
315

Step 4: Final Answer:

: . /
The value of the integral is 1%‘112.

9 Quick Tip

The Beta function formula B(m,n) = fol g™ 1 —z)"dy = % can also be used

here by substituting x = at. It is often faster for complex powers.

124.

If the lines 1—793 = % =25 gpd 221 = 923 = 21 4pe perpendicular, then \ =

W

4

| wloo |

8

A
B
C
D) 5

e N R
~—_ — —

wloo

Correct Answer: (C)

Solution:
Step 1: Understanding the Concept:
Two lines in 3D space are perpendicular if the dot product of their direction vectors is zero.
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The direction ratios are the denominators in the symmetric form of a line equation, provided
the variables (z,y, z) have coefficients of +1.

Step 2: Key Formula or Approach:

For Line 1: 1’Tx = # = "”_—’21 Standard form: "’3_—’21 = % = 27—5 Direction ratios:
b = (=2, ), 2).
For Line 2: £ = yT—Z% = 221, Direction ratios: by = (5,3, 1).

Step 3: Detailed Explanation:
Condition for perpendicularity: by - by = 0.

ajas + biby + c1co =0

(=2)5) + (M)B) +(2)(1) =0

—104+3X2+2=0
3AN—-8=0
3AN=38
8
A= —
3
Step 4: Final Answer:
The value of \ is 8/3.
9 Quick Tip
Always ensure the line equations are in standard form £=% = Y204 — Z=2 before
extracting direction ratios. A common trap is having terms like (1 — z) or (2z — 1).

125.
sec20 — tan20 =

(A) tan (% — 9)
(B) tan26
(C) cot26
(D) cot (% — )

Correct Answer: (A) tan (% — 0)

Solution:

Step 1: Understanding the Concept:

We need to simplify a trigonometric expression involving double angles into a single tangent
function. Converting terms to sine and cosine is a standard starting point.

Step 2: Key Formula or Approach:

1 sin20 11— sin26
cos20  cos20  cos20

sec20 — tan26 =
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Use the identities: 1—sin20 = (cosf—sinf)? cos20 = cos*0— sin’0 = (cos— sinf)(cosh+sinf)

Step 3: Detailed Explanation:
Substitute the identities:
B (cosh — sinf)?

~ (cosh — sinb)(cosd + sinf)

Cancel common factor (cosf — sinf):

cosl — sinf

cosf + sinf
Divide numerator and denominator by cos6:
1 —tand
1 +tand

Use the formula tan(A — B) = % with A = 7 /4:

T
— tan (Z - 9)
“ (4
Step 4: Final Answer:
The simplified expression is tan(m/4 — 0).

Q Quick Tip

The expression 1;5;1}1‘4 is a very common structure. It can be converted directly to

tan(w/4 — A/2). Here A = 20, so it becomes tan(m/4 — 0).

126.
The area bounded by the curve y = 23, the X-axis and the lines + =1 and z =4 is

A) % sq. units
64 sq. units
27 sq. units
D) 22 5q. units

Correct Answer: (D) 22 sq. units

Solution:
Step 1: Understanding the Concept:
The area A under a curve y = f(z) bounded by the z-axis and the vertical lines x = a and

x = b is given by the definite integral f; f(x)dx.

Step 2: Key Formula or Approach:
Required Area A = f14 ydr = f14 z3d.
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Step 3: Detailed Explanation:
Perform the integration:

255
A= — S¢ units

Step 4: Final Answer:
The bounded area is 255/4 sq. units.

9 Quick Tip

Always visualize the curve. Since y = 3 is above the X-axis for x € [1,4], the integral

directly gives the area without needing to take absolute values of segments.

127.
The displacement of a particle at time ’t’ is s = t3 — 4t> — 5t , then the velocity of
the particle at t = 2 sec. is

A) (%) units / sec.
) —9 units / sec.
) 9 units / sec.

D) (%1) units / sec.

Correct Answer: (B) —9 units / sec.

Solution:
Step 1: Understanding the Concept:
Velocity v is the rate of change of displacement s with respect to time ¢t. Mathematically, v = %.

Step 2: Key Formula or Approach:
Given s = t3 — 4t?> — 5t. Differentiate with respect to ¢:

dS d 3 )
== = — (3 — 42 — 5t
U= T a@ 5t)

v=3t2 -8 -5

Step 3: Detailed Explanation:
We need to find the velocity at ¢ = 2 sec. Substitute ¢ = 2 into the velocity expression:

v(2) =3(2)* —8(2) -5
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v(2) = 3(4) — 16 — 5
v(2) =12 — 21
v(2) = —9 units / sec.

Step 4: Final Answer:
The velocity at t = 2 sec is —9 units/sec.

9 Quick Tip

d/dt d/dt
Remember the hierarchy: Displacement /—> Velocity /—> Acceleration. A negative
velocity simply indicates the particle is moving in the direction opposite to the positive
reference.

IftanA:%,tanB:% , then A+ B =

Correct Answer: (D)

ISE

Solution:

Step 1: Understanding the Concept:

To find the sum of angles A + B given their tangents, we use the addition formula for the
tangent function.

Step 2: Key Formula or Approach:
Compound angle formula:

tanA + tanB
tan(A + B) =
an(A + B) 1 — tanAtanB

Step 3: Detailed Explanation:
Substitute the given values tanA = 5/6 and tanB = 1/11:

(o1&}

=

1= (8) (1)

=

tan(A+ B) =

Simplify the numerator: % = % Simplify the denominator: 1 — % = % = %
61/66
an(A+B) = 5755

Since tan(A + B) = 1, the sum A + B = tan™'(1) = 7 /4.
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Step 4: Final Answer:
A+ B=m/4

9 Quick Tip

If you see values whose product tanA - tanB < 1 and whose sum formula results in 1,
the angle sum is always 45° or /4.

129.
The eccentricity of the ellipse given by the equation 922 + 16y> = 144 is

A
B
C
D

—~ o~ —~
N— SN— S—
AN
s
”’;|§ PO

£

Correct Answer: (A)

Solution:

Step 1: Understanding the Concept:

First, we must convert the given equation into standard form i—j + %—2 = 1 to identify the semi-
major and semi-minor axes. The eccentricity e describes how "stretched” the ellipse is.

Step 2: Key Formula or Approach:
Divide 922 + 16y? = 144 by 144:

0% 16y°
144 144
2 2
CL’_ + y_ =1
16 9

Here a®> = 16 and b? = 9. Since a > b, it is a horizontal ellipse.

Eccentricity formula: e = /1 — Z—z.

Step 3: Detailed Explanation:
Substitute the values into the formula:

9
=4/1 - =
€ 16
. 16 — 9
a 16

7
e=1/—

16
L VT
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Step 4: Final Answer:
V7
.

The eccentricity is

Q Quick Tip

The numerator of the eccentricity fraction for an ellipse is always va? — b%. Here
V16 — 9 = /7. The denominator is the major axis value (a).

130.
dx _
f (x+2)Vr+1
A)tan 'V +1)+c
2tan " (vVr +1) +c

)

)

) 2tan"t(vVx +2) + ¢
) tan Y (VT +2) +c

Correct Answer: (B) 2tan~!(v/z +1) +c¢

(
(B
(C
(D

Solution:
Step 1: Understanding the Concept:
This integral belongs to the type [ L%,

substitution for this form is to set the term under the square root to t2.

where L is linear and @) is also linear. The standard

Step 2: Key Formula or Approach:
Let 2 +1 =t = dax = 2tdt. Also, v = t> — 1. The linear factor (x + 2) becomes
2 —1+2)=t2+1.

Step 3: Detailed Explanation:
Substitute these into the integral:

ot dt
f:/m
B otdt
B / (t24+1)-t

2
[ dt
241

I =2tan 1 (t) + ¢

Integrate using [ % s = Ltan~1(L):

Resubstitute t = o + 1:
I=2tan ' (Vz +1)+¢

Step 4: Final Answer:
The indefinite integral is 2tan~'(v/z + 1) + c.
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9 Quick Tip

For integrals involving +/linear, the substitution ¢ = v/linear almost always converts the
problem into a standard rational function integral.

If f'(x) = k(cosz +sinx) and f(0) =9, f (%) = 15, then f(x) =

(A) 3(sinz — cosx) + 12
(B) 3(sinz — cosx) — 12
(C) 3(sinx + cosz) + 12
(D) 3(cosz +sinx) — 12

Correct Answer: (A) 3(sinxz — cosx) + 12

Solution:

Step 1: Understanding the Concept:

To find the original function f(z) from its derivative f’(x), we must integrate the derivative
with respect to . The resulting expression will include an arbitrary constant C', which we can
determine using the given initial conditions f(0) =9 and f(7/2) = 15.

Step 2: Key Formula or Approach:
Integrate the function:
= /f’(:c)d:c = /k(cosa: + sinz)dx

f(x) = k(sinz — cosx) + C

Step 3: Detailed Explanation:
1. Apply the first condition f(0) =

f(0) = k(sin0 — cos0) + C' =9

KO—1)+C=9 = —k+C=9 ---(1)

2. Apply the second condition f(§) = 15:
( ) = (smg—cosi) +C =15

k1-0)+C=15 = k+C=15 ---(2)
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3. Solve the system of linear equations (1) and (2):

Adding (1) and (2): (=k+C)+ (k+C)=9+15 = 20 =24 = (C =12.
Substitute C' = 12 into (2): k+ 12 =15 = k= 3.

4. Construct the final function:

Substitute k£ = 3 and C' = 12 into the integrated expression:

f(z) = 3(sinx — cosx) + 12

Step 4: Final Answer:
The function is f(z) = 3(sinx — cosx) + 12.

9 Quick Tip
When integrating, always remember that f coszdr = sinx and f sinxdr = —cosz.
A common mistake is flipping the signs, which leads to incorrect values for your con-
stants.

132.

A multiple choice examination has 5 questions. Each question has three alternative
answers of which exactly one is correct. The probability that a student will get at
least one correct answer is

]

0

AAAA
=

A
B
C
D

— — —
=)
O
[JSeV]

DO
—
=0

[\
[Ny
w

Correct Answer: (D) 21

Wi

Solution:

Step 1: Understanding the Concept:

This problem follows a Binomial Distribution where each question is an independent trial.
Finding the probability of "at least one” success is usually easier by calculating the probability
of "no successes” and subtracting it from 1.

Step 2: Key Formula or Approach:

For a single question:

- Probability of correct answer (p) = 1/3

- Probability of incorrect answer (¢ =1—p) = 2/3

- Number of trials (n) =5

Formula: P(at least one correct) = 1 — P(all incorrect) = 1 — ¢".
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Step 3: Detailed Explanation:
1. Calculate the probability of getting all 5 questions wrong;:

ponecomet = (3) (3) < (3) < (3) = () = ()’

32
P(None correct) = 313

2. Calculate the probability of getting at least one question right:

32
P(At 1 -2
(At least one) YE

243 -32 211

P(At least one) = SYERE YT

Step 4: Final Answer:
The required probability is %lel,).

@ Quick Tip

In probability, the phrase ”at least one” is a massive hint to use the Complement Rule
(1 — P(None)). It saves you from calculating the sum of P(1), P(2), P(3), P(4), and
P(5) separately.

133.
If y = cot™! < l—sinx)’ then g—i =

1+sinz

e e

gQw =

~— — —

=l | Nl
—

Correct Answer: (A)

D[ =

Solution:

Step 1: Understanding the Concept:

To differentiate an inverse trigonometric function with a complex argument, it is efficient to
simplify the argument using trigonometric identities first. This converts the function into a
much simpler linear form before differentiation.

Step 2: Key Formula or Approach:
Use the identities:
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2
i — L _qinZ
1 —sinx = <(3082 Sln2)

2
] — z inx
1+sinx = (COS2 -+ sin 2)

Step 3: Detailed Explanation:
1. Simplify the expression inside the inverse cotangent:

— 2 Z _qin X
1 —sinx (cos 2 sin §) _ cosg —sing
1+sine (cos§ +sing)?  cosg +sin g

2. Divide numerator and denominator by cos 3:

1—tan% T oz
_ My (———)
1+tan% 4 2

3. Use the relationship tan = cot(5 — 0):

v=eortfeor (5 (5-3))]

4. Differentiate with respect to x:

Step 4: Final Answer:

The derivative I, 18 3.

9 Quick Tip

; F - l—sinx __ T oz : _
Memorize the transformation: 4/7750% = tan(] — ). This structure appears fre

quently in inverse trig and integration problems.

134.
If 2sin? x4+ 7cosz = 5, then permissible value of cosz is

— Ol

~—_ — —

A
B
C
D

P

D[ =

Correct Answer: (A)

D[ =
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Solution:

Step 1: Understanding the Concept:

To solve a trigonometric equation with mixed functions (sin“ z and cos z), we convert all terms
to a single function using standard identities. This results in a quadratic equation in terms of

2

COST.

Step 2: Key Formula or Approach:
Usesin?z =1 —cos?x. Let u= cosx, where —1 < u < 1.

Step 3: Detailed Explanation:
1. Substitute the identity into the original equation:

2(1 —cos?z) + Tcosz =5

2—2cos’xr+Tcosz =5

2. Rearrange into a standard quadratic form:

2co82x —Tcosz +3 =0

3. Factorize the quadratic equation:

2c08’x — 6Geosx —cosx + 3 =0
2cosx(cosz — 3) — 1(cosz —3) =0

(2cosx — 1)(cosz —3) =0

4. Find the roots:

- From 2cosxz — 1 =0, we get cosx = 1/2.

- From cosz — 3 =0, we get cosz = 3.

5. Filter for permissible values:

The range of the cosine function is [—1,1]. Since cosx = 3 is outside this range, it is invalid.
Thus, cosz = 1/2 is the only permissible value.

Step 4: Final Answer:
The permissible value of cosx is %

9 Quick Tip

Always check your roots against the domain of the function. For sine and cosine, any
value outside the range of [—1, 1] must be discarded.
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135.
The locus of a point of intersection of two lines /3 —y = kv3 and V3kz + ky =
V3, k € R, describes

(A) a parabola
(B) a hyperbola
(C) an ellipse

(4) a pair of lines

Correct Answer: (B) a hyperbola

Solution:

Step 1: Understanding the Concept:

The locus of the point of intersection is found by eliminating the variable parameter k& from the
two equations. The resulting relationship between x and y represents the geometric curve.

Step 2: Key Formula or Approach:
Isolate k in both equations and then eliminate it by equating them or by multiplication.

Step 3: Detailed Explanation:
1. Isolate k in the first equation:

V3z —y

eV3—y=kV3 = k= 7

(1)

2. Isolate k in the second equation:

V3

k(V3z+y)=V3 = k:m

(2)

3. Equate (1) and (2) to eliminate k:

V3r—y V3
V3 V3z+y

4. Cross-multiply:

(V3z —y)(V3z +y) = (V3)(V3)

(V3x)? —y* =3

302 —y? =3

5. Simplify to standard form:
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Divide by 3:
2
2 Y
-7
T3
This is the standard equation of a hyperbola.

Step 4: Final Answer:
The locus is a hyperbola.

9 Quick Tip

In locus problems with a parameter k, look for ways to multiply the two equations if k
appears linearly. Often, terms like (A — B)(A + B) will appear, leading quickly to conic
section equations.

136.

If f(z) = w, x # 0 is continuous at = = 0, then f(0) =

—_
©
o

©
5|
o

N TN TN N

=~ o

S— N N
Vo)

|=lo|>‘=1|

—_
9]
o

U

Correct Answer: (3) 3

=]

Solution:

Step 1: Understanding the Concept:

For a function f(z) to be continuous at x = 0, the value of the function at that point must be
equal to its limit as x approaches 0.

f(0) = lim f(z)

z—0
Step 2: Key Formula or Approach:
1. Angle Conversion: To apply standard trigonometric limits, angles must be in radians.

o m .
z° = x X — radians
180

2. Standard Limits:

sin 6 e —1

lim =1 and lim
00 6 =0 T

=a

Step 3: Detailed Explanation:
1. Set up the limit for f(0):

£(0) = lim (€?® — 1) sin (%)

z—0 582
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2. Separate the 22 in the denominator to group with the numerator terms:

£(0) = lim [Q} « Tim [M]

z—0 X z—0 T

3. Evaluate the first limit:

21’_1
lim ¢

z—0 X

=2

4. Evaluate the second limit by multiplying and dividing by 1g5:

lim [%xl] :1Xi:l
-0 (%) 180 180 180

5. Multiply the results:

T T
0) =2 x — —
10 =2> 355 =
Step 4: Final Answer:

Therefore, the value of f(0) for the function to be continuous is gj.

@ Quick Tip

In calculus, trigonometric functions and their limits are exclusively based on radians.
Always convert degrees (°) to radians immediately to avoid the common mistake of

thinking lim,_.q Sirfo is 1.

137.
The negation of the statement, 3x € A such that r +5 > 8 is

(H)Vee Az +5>8
(2)Vx e A,z +5<8
B)Vee A,z +5>8
(4) 3z € A such that v+ 5 < 8

Correct Answer: (2) Vo € A,z +5<8

Solution:

Step 1: Understanding the Concept:

Negation of quantified statements follows specific logic rules. When negating a statement, the
existential quantifier (3) becomes a universal quantifier (V), and the property statement (pred-
icate) is negated.
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Step 2: Key Formula or Approach:

1. Rule for quantifiers: ~ (Jdz € A, P(z)) =Vx € A,~ P(x).

2. Rule for inequalities: The negation of > is <.

Step 3: Detailed Explanation:

1. Identify the components: The statement is 3z € A such that P(z), where P(z) is x+5 > 8.
2. Negate the quantifier: 3 ("there exists”) changes to V ("for all”).

3. Negate the predicate: ~ (z +5 > 8) means "z + 5 is not greater than 8, which implies
"x + 5 is less than or equal to 8”.

4. Construct the final negation: Vx € A,z + 5 < 8.

Step 4: Final Answer:
The negation of the given statement is Vx € A,z + 5 < 8.

9 Quick Tip

Remember the symbol negation pairs for competitive exams:
d+—V

>—<

<>

Strict inequality always negates to an inequality including equality.

138.
The differential equation obtained by eliminating the arbitrary constants from the
equation 3? = (2z + ¢)® is

d 5
2) (%) 31253 = 0
d 3
(3) (ﬁ) — 125y =0
(4) 2y QL =

5
Correct Answer: (2) (g—g) — 312542 =0

Solution:

Step 1: Understanding the Concept:

To form a differential equation, we differentiate the given primitive equation with respect to x
and use the relationship to eliminate the arbitrary constant c.

Step 2: Key Formula or Approach:

Use the power rule of differentiation: %[f(x)]” =n[f(x)]" 1 f(2).
Step 3: Detailed Explanation:

1. Given equation: y? = (2z +¢)> ---(1)

2. Differentiate both sides with respect to x:
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d
2y£ — 52z +0)* - (2)

d
2y£ = 10(22 + ¢)*

v L =50u e ()

3. From equation (1), find the value of (2z + ¢) in terms of y:

(20 +¢) = (1) = /7

4. Substitute this into equation (2):

dy 2/5\4
2 —5
v (™)

dy 8/5 dy
Yopss = Lo
ydaz Y dx Y

3/5

5. To eliminate the fractional power, raise both sides to the power of 5:

6. Rearrange into the required form:

d 5
<—y> ~31254% = 0
dx

5
The resulting differential equation is <d—y> — 31254 = 0.

T

Step 4: Final Answer:
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9 Quick Tip

If an arbitrary constant is isolated in a bracket with a power, differentiating and then
substituting the original relation is the standard path. Alternatively, taking natural
logarithms (2Iny = 51n(2z + ¢)) can sometimes simplify the derivation.

139.
The feasible region of L. P. P.
Maximize z = 70x + 50y subject to 8x + 5y < 60,42 + 5y <40 and = > 0,y > 0 is

(1) a triangle
(2) a square
(3) a pentagon
(4) a quadrilateral

Correct Answer: (4) a quadrilateral

Solution:

Step 1: Understanding the Concept:

The feasible region is the area defined by the intersection of all constraint half-planes. Since
x > 0 and y > 0, we only consider the first quadrant. To identify the geometric shape, we must
determine the boundary lines and their intersection points.

Step 2: Key Formula or Approach:

1. Find the x and y intercepts for each constraint line.

2. Solve the equations simultaneously to find the point of intersection.
3. Count the total vertices bounding the common region.

Step 3: Detailed Explanation:

1. Identify Intercepts:

Line 1 (8z + 5y = 60): Intercepts are (7.5,0) and (0, 12).
Line 2 (4x + 5y = 40): Intercepts are (10,0) and (0, 8).

2. Solve for Intersection Point:

Subtracting the equations: (8z + 5y) — (4z + by) = 60 — 40

4r =20 =— =25

Substitute z = 5 into Line 2: 4(5) + 5y =40 = 20+ 5y =40 = 5y =20 — y = 4.
Point of intersection is P(5,4).

3. Define Feasible Vertices:

Since both constraints are ”<”, the feasible region is towards the origin. The vertices are:
- Origin O(0,0)

- Point A(7.5,0) (the smaller z-intercept)

- Point B(5,4) (the intersection point)

- Point C'(0,8) (the smaller y-intercept)
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4. Identify the Shape:
There are 4 vertices (O, A, B, C'), which means the feasible region is a quadrilateral.

Step 4: Final Answer:
The feasible region is a quadrilateral.

@ Quick Tip

When both constraints are of the type ax + by < ¢ and involve x,y > 0, and the lines
intersect in the first quadrant, the feasible region will always be a quadrilateral.

140.
f 5—2517521 dx =
1) sin™1(5%%) + ¢

o—1/2z
Correct Answer: (2) % +c

Solution:

Step 1: Understanding the Concept:

To integrate exponential functions under a root, we aim to transform the integrand into a
standard form like f L_du. Multiplying by a common factor often helps resolve fractional

V1-u?

powers.

Step 2: Key Formula or Approach:

Multiply numerator and denominator by 5*. This removes the negative exponent and sets up
a perfect substitution for sin™!.
Step 3: Detailed Explanation:

1. Multiply top and bottom by 5%:

T KT
[:/ o0 dx
\/52x<5—2x _ 5296)

52:5
= / " L
/1 _ (5233)2
2. Use substitution: Let u = 5%,
3. Differentiate u with respect to x:

du = 5% -1n(5) - 2 - do = 5** In(25)dx
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du

52 dy = ——
— =0

4. Substitute back into the integral:

I 1 du
T In25 ) V1—2
5. Integrate using the standard sin~! formula:

1

_ I
I= oos S (u) +C

6. Replace u with 5%%:
_ sin1(5%) Lo
In 25
Step 4: Final Answer:

o—1/=2x
The indefinite integral is % +C.

9 Quick Tip

k kxz/2

When you see ¢ ¥ and a** inside a root, multiplying outside the root by a often

converts the constant term to 1, facilitating an inverse trig substitution.

141.
The length of the perpendicular to the plane 7 - (i — 2] + 3k) = 14 from the origin is

Correct Answer: (4) v/14 units

Solution:
Step 1: Understanding the Concept:

The distance (length of perpendicular) from a point (z1,y1,21) to a plane ax + by + cz = d is
|a1’1+by1+czl—d|

given by the formula| 1‘0 = T When the point is the origin (0,0,0), the formula
d

simplifies to p = T
Step 2: Key Formula or Approach:

The vector equation of the plane is 7 - 7 = d. Here, i = ¢ — 25 + 3k and d = 14.
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Step 3: Detailed Explanation:
1. Calculate the magnitude of the normal vector n:

Al = /124 (=22 +32=V1+4+9=114
2. Apply the distance formula from the origin:
\d| 14
~al T v
3. Simplify the expression by rationalizing:

14 \/ 14 14\/
p= = v/ 14 units
V14 \/ 14

Step 4: Final Answer:
The length of the perpendicular from the origin to the plane is v/14 units.

Q Quick Tip

To quickly find the distance from the origin to a plane in vector form 7 - n = d, simply
divide the constant d by the magnitude of the normal vector 7.

142.

The differential equation of the family of lines having x-intercept ’a’ and y-intercept
b’ is

d2’y _1

Ty — 10

1
Z/:O

dy _

Correct Answer: (4) -5 =

Solution:

Step 1: Understanding the Concept:

The intercept form of the equation of a line is £ + % = 1. To find the differential equation of a
family of curves, we differentiate the equation as many times as there are independent arbitrary
constants to eliminate them.

Step 2: Key Formula or Approach:

Family of lines: £ + ¥ = 1. Here, a and b are the arbitrary constants.

Step 3: Detailed Explanation

1. Differentiate the equation T + y = 1 with respect to x:

1  1ldy
42—
YT
2. Differentiate again with respect to x to eliminate the remaining constant 1/a:
1 d%y
0+-—-—=0
Ty
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3. Since b is a non-zero intercept, we multiply both sides by b:

d2
Py _

dx?
Step 4: Final Answer:

2
The differential equation representing the family of lines is % =0.

Q Quick Tip

Any family of straight lines in a plane is described by a second-order linear differential

2
equation, % = 0, because the slope is constant (first derivative) and thus the rate of
change of slope is zero.

143.

Which of the following statement pattern is a contradiction ?
(p = q) A(pA ~q)

pA(P—a)]—q

(pVaq) —=~p

A —a)] e q

Lo

N TN N N
w

S— N N

SACAIE

Correct Answer: (2) 5;

Solution:

Step 1: Understanding the Concept:

A statement pattern is a contradiction (or fallacy) if it is False (F) for all possible truth
values of its constituent prime statements.

Step 2: Key Formula or Approach:

Recall the logical equivalence: p — ¢ =~ pV q. Also, notice that the negation of p — ¢ is
~(p—=qg=pA~q

Step 3: Detailed Explanation:

Analyze Si: 1. S = (p — q) A (pA ~ q). 2. Substitute the equivalence for the second part:
S1=(p— @A~ (p—q). 3. This is of the form XA ~ X. 4. According to the Complement
Law, XA ~ X is always False (F). Let’s verify with a truth table for Si:

plaq|~q|p—=>q|p\~q|S:
T|T| F T F F
T|F| T F T F
F|T| F T F F
F|F| T T F F

Since the last column is all F', S is a contradiction.
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Step 4: Final Answer:
The statement pattern Sy is a contradiction.

9 Quick Tip

Look for the structure XA ~ X for contradictions and XV ~ X for tautologies. In this
case, (pA ~ q) is exactly the negation of (p — ¢).

144.
The vector equation of the line xT”

I
ot
N
Il
|
—_
[
wn

=3I
I

(35—55— k) + \(4i +5))
(— 32+2j—k’)+)\(42+5j)
(— 3

(3

=3
I

=3I
I

z+2]+k’)—|—/\(4z+5j)
+ 57 — k) + A4+ 37)

=3I
I

)
)
)
)

Correct Answer: (2) 7 = (—3i + %j — k) + A(4i 4 5))

Solution:
Step 1: Understanding the Concept:

The Cartesian equation of a line is £=% = YL — 2221 This corresponds to the vector

(&
equation 7 = @ + \b, where @ = 11 + y1J + z1k is a point on the line and b = ai + bj + ck is
the direction vector.

Step 2: Key Formula or Approach:

Convert the given equations into standard Cartesian form where the coefficients of x,y, 2z are
1.

Step 3: Detailed Explanation:

1. Given: %’3 = % and z = —1. 2. Standardize the y term: 2yg3 = 2(y;3/2) = yg/gz/g
3. The Cartesian form is: a;—(2—3) = yg%z = Z_(O_l). 4. Identify point a: (z1,y1,21) =

(=3,3/2,—-1) = a=-3i+3j — k. 5. Identify direction ratios b: (a,b,c) = (2,5/2,0).

6 To snnphfy b, multlply by 2: U = 4i+ 5] + Ok = 4i + 5j. 7. Combine into vector form:
= (=3 + 2]—/€)+)\(42+5j)

Step 4: Final Answer:

The vector equation is 7 = (—3i + 35 — k) + A(4i + 57).

Q Quick Tip

Always ensure the coefficients of x,y, z are exactly 1 in the Cartesian form before iden-
tifying the point and direction vector. If z = k is given separately, the z-component of
the direction vector is 0.

145.
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sin x dz =

/2
/!

—_
~
[\

e~ [\V)
—_— — — —

>J;lgamlﬂ CUERE]

A~ N /S /N
w

Correct Answer: (3) %

Solution:

Step 1: Understanding the Concept:

For a definite integral ffa f(z)dz, if f(z)is an even function (f(—z) = f(x)), then ffa f(z)dz
2 foa f(z)dz

Step 2: Key Formula or Approach:

f(z) = sin®z. Check symmetry: f(—xz) = (sin(—x))? = (=sinz)? = sin?z = f(z). Thus,
sin z is an even function. Also use the identity: sin® z = 1=0952
Step 3: Detailed Explanation:

1. Apply the even function property:

/2
I = 2/ sin® z dx
0

2. Substitute the trigonometric identity:

/2 /2

1 — cos?2

1:2/1 ——Eiﬁdx:/ﬁ(L—mw@dx
0 2 0

3. Integrate term by term:

4. Evaluate at the limits:

Step 4: Final Answer:
The value of the definite integral is 5

9 Quick Tip

A wuseful shortcut for integrals of the form fOﬂ/ ?sin2 2 da or foﬂ/ % cos? z da is that they

always equal 7. Since the original integral is twice this (due to the even property), the

: f_x
result152xz—2.
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146.
If the acute angle between the lines z? — 42y + y?> = 0 is tan~!(k), then k =

(1)
(2)
(3)
(4)

Wl — &&L_‘

Correct Answer: (2) V3

Solution:

Step 1: Understanding the Concept:

The given equation 2 — 4zy + y> = 0 represents a pair of straight lines passing through the
origin. For a general second-degree homogeneous equation az? + 2hxy + by?> = 0, the angle 6
between the lines is determined by the coefficients a, h, and b.

Step 2: Key Formula or Approach:

The acute angle 6 between the pair of lines is given by:

From the equation 22 — 4zy + y? = 0, we identify: a =1,2h = -4 = h=—2,and b= 1.
Step 3: Detailed Explanation:
1. Calculate the term under the square root:

2 —ab=(-2?—(1)(1)=4—-1=3
2. Substitute the values into the tangent formula:

2\/5_2\/5_\/5
L+1| | 2|

tanf = |

3. Since the question states the angle is tan~—!(k), we have:
0 =tan '(V3) = k=3

Step 4: Final Answer:
Comparing the result with tan=!(k), we find k = /3.

9 Quick Tip

Always compare the given equation with the standard form axz? + 2hazy + by?> = 0.
Remember that 2h is the coefficient of zy. If a + b = 0, the lines are perpendicular
(0 =90°).

147.
If P(3,2,6), Q(1,4,5) and R(3,5,3) are the vertices of APQR, then mZPQR is
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Correct Answer: (1) 90°

Solution:
Step 1: Understanding the Concept:
To find the angle ZPQR, we can use the vectors Q_P and Q_R The angle 6 between two vectors
@ and ¥ is related to their dot product: - ¢ = |u]|v] cosf. If the dot product is zero, the angle
is 90°.
Step 2: Key Formula or Approach:
1. Find position vectors of the vertices: P= (3,2,6), Cj = (1,4,5), R= (3,5,3). 2. Calculate
vectors Q_P and Q?%:
Q?D:ﬁ—@ and Q?i’:}?—@
Step 3: Detailed Explanation:
1. Calculate components of Q_P:

QP=(3-1,2—4,6-5)=(2,-2,1)
2. Calculate components of Q?%:
QR=(3-1,5-4,3-5)=(2,1,-2)
3. Find the dot product Cﬁj : Q?%:
QP-QR = (2)(2) + (-2)(1) + (1)(-2) =4 -2 -2 =0
4. Since the dot product is zero, the vectors are perpendicular.
cos(ZPQR) =0 = mZPQR = 90°

Step 4: Final Answer:
The measure of ZPQR is 90°.

9 Quick Tip

In 3D geometry problems involving triangle angles, checking the dot product of the
vectors forming the angle is the fastest way to detect a right-angled triangle.

148.
The line cuts X and Y axes at the points A and B respectively. The point (5,6)
divides the line segment AB internally in the ratio 3: 1, then equation of line is

(1) 22 +y =16
(2) 22 + by =40
(3)2xr—y=4
(4) 22 — 5y = —20
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Correct Answer: (2) 2x + 5y = 40

Solution:
Step 1: Understanding the Concept:
Let the intercepts of the line on the X and Y axes be a and b respectively. Thus, the points
are A(a,0) and B(0,b). We use the section formula for internal division to find a and b.
Step 2: Key Formula or Approach:
The point (z,y) dividing segment joining (z1,y1) and (z2,y2) in ratio m : n is:
D +nay _ my2 +ny
T Tmtn 0 YT Tmin
Here, (z,y) = (5,6), (x1,91) = (a,0), (x2,y2) = (0,b), and m : n =3 : 1.
Step 3: Detailed Explanation:
1. Apply section formula for z:
3(0) + 1(a) a

= 5=- = a=20

0= T3 A

2. Apply section formula for y:

3(b) + 1(0 3b

I R U S N Y A
3+1 4

3. Use the intercept form of the line equation ¢ + % =

r Yy
Z 12
20+8

4. Multiply by the LCM of 20 and 8 (which is 40) to simplify:
2z + by = 40

Step 4: Final Answer:
The equation of the line is 2x + 5y = 40.

Q Quick Tip

When a point divides intercepts in a ratio, ensure you correctly associate the ratio
parts with the axes. Here, A is on the X-axis, so it is the "first” point in the 3 : 1
segment AB.

149.
If f(z) = 2%, then the value of f{f[f(2)]} =
1

A~~~/
W DN
— N — ~—

Nelel[é

W~
wlmlmlwlw
ot

N[V

Correct Answer: (1)
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Solution:
Step 1: Understanding the Concept:

A function f(z) is its own inverse if f(f(z)) = x. For a linear fractional transformation
f(z) = gig, this happens when d = —a.

Step 2: Key Formula or Approach:

The given function is f(x) = %fz Here, a = 4 and d = —4. Since d = —a, the function should

be its own inverse. We verify this by calculating the composition f(f(x)).

Step 3: Detailed Explanation:
First, find f(f(x)):

Multiply numerator and denominator by (7z — 4):

A4r+T)+T7(Tr—4) 161 +28+497 — 28 65z

F(f(z) = T(4r +7) —4(Te —4)  282+49—-28z+16 65

=X

Since f(f(z)) = x, the composition of the function applied an even number of times returns z,
and an odd number of times returns f(z).

Thus, f{f[f2)]} = f(2).
Now, calculate f(2):

Step 4: Final Answer:
The value of the composite function is 3.

9 Quick Tip

For any function of the form f(z) = gﬂffﬁ, the function is an involution, meaning

f(f(z)) = z. Consequently, f"(x) =z if n is even, and f"(z) = f(x) if n is odd.

150.
If 3cosz # 2sinz, then the general solution of sin?z — cos 2z = 2 — sin 2z is

(Dz=nr+FneZz

(2)x:n(§)+ﬂ,n€Z
(3)$:n(%)+%,n€Z
4)rz=02n+l)m,neZ

Correct Answer: (1) x =nn+§,neZ
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Solution:

Step 1: Understanding the Concept:

To solve a trigonometric equation, it is often helpful to express all terms using the same trigono-
metric functions or their double-angle identities. We will expand cos 2z and sin 2z to simplify
the equation.

Step 2: Key Formula or Approach:

Use identities: cos 2z = 2cos?z — 1 and sin 22 = 2sinz cos . Also, use sin® 2 + cos
Step 3: Detailed Explanation:

1. Expand the equation:

2p=1.

sin? x — (2cos’z — 1) =2 — 2sinz cos x

2

sin?x —2cos®x +1=2— 2sinxcosx

2. Substitute 1 = sin® z + cos? x on the left:
.2 2 ) 2 N _ .
sin”z — 2 cos* z + (sin” x + cos®z) =2 — 2sinx cos x
2sin?x — cos®xr + 2sinzcosz —2 =0

3. Substitute 2 = 2(sin? z + cos® z):

2

2sin 2 — cos® x + 2sinz cos z — (281n2x+20052x) =0

—3coszx+25inxcosx =0

4. Factor out cos x:
cosx(2sinz —3cosx) =0

5. Since the problem states 3 cosx # 2sin x, we must have cosx = 0. 6. The general solution
for cosz = 0 is:
T
T =nm+ 5 neJz

Step 4: Final Answer:
The general solution is x = n7 4 §,n € Z.

Q Quick Tip

Always use the given conditions (like 3 cosx # 2sinx) to eliminate potential branches
of the solution. If cosx = 0, the equation simplifies quickly.
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