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JEE Main 2023 Feb 1 Shift 2 Question Paper with Solutions

Total Time Allowed | Maximum Marks : | Total Questions : 90 Questions to be
: 180 minutes 300 answered : 90

General Instructions

Read the following instructions very carefully and strictly follow them:
(1) The test is of 3 hours duration.

(2) The question paper consists of 90 questions. The maximum marks are 300.
(3) There are three parts in the question paper consisting of Physics, Chemistry
and Mathematics having 30 questions in each part of equal weightage.

(4) Each part (subject) has two sections.

(i) Section-A: This section contains 20 multiple choice questions which have
only one correct answer. Each question carries 4 marks for correct answer and —1
mark for wrong answer.

(ii) Section-B: This section contains 10 questions. In Section-B, attempt any
five questions out of 10. The answer to each of the questions is a numerical value.
Each question carries 4 marks for correct answer and —1 mark for wrong answer.
For Section-B, the answer should be rounded off to the nearest integer.

Physics
Section A

Question 1: A Carnot engine operating between two reservoirs has efficiency
%. When the temperature of the cold reservoir is raised by x, its efficiency
decreases to %. The value of x, if the temperature of the hot reservoir is 99°C,
will be:

(1) 165 K

Correct Answer: (4) 62 K

Solution:

Step 1: Convert Celsius to Kelvin
The temperature of the hot reservoir is given as Ty = 99°C. Convert this to Kelvin:

Tp=99+273=372K
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Step 2: Use the Carnot Efficiency Formula
The efficiency of a Carnot engine is given by:

where T is the temperature of the cold reservoir and Ty is the temperature of the hot
reservoir.

Step 3: Calculate the Initial Cold Reservoir Temperature

Initially, the efficiency is % So,

1 . Te
37 312
Te | 1 2
3712 3 3

2
To =3 x3712=248K

Step 4: Calculate the Cold Reservoir Temperature After the Increase
When the cold reservoir temperature is increased by x, the new temperature is T + ,
and the efficiency becomes %. So,

1 Tc+x

Z—1—
6 Ty

To+x

°
6

1

6

248+x 5

372 6
Step 5: Solve for x

5
248+ = 6 x 372
248+ =5 x 62 =310
xr=310—-248 =62 K

Conclusion: The value of x is 62 K (Option 4).

9 Quick Tip

Remember to convert temperatures to Kelvin when working with Carnot engine
problems. The efficiency formula relates the temperatures of the hot and cold
reservoirs to the engine’s efficiency.

Question 2: Given below are two statements : One is labelled as Assertion A
and the other is labelled as Reason R.
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Assertion A: Two metallic spheres are charged to the same potential. One of them is
hollow and another is solid, and both have the same radii. Solid sphere will have lower
charge than the hollow one.

Reason R: Capacitance of metallic spheres depend on the radii of spheres.

In the light of the above statements, choose the correct answer from the options given
below.

(1) A is false but R is true

(2) Both A and R are true and R is the correct explanation of A

(3) A is true but R is false

(4) Both A and R are true but R is not the correct explanation of A

Correct Answer: (1) A is false but R is true

Solution:

Step 1: Analyze Assertion A
The potential of a conducting sphere (solid or hollow) is given by:
KQ

V=%
R

where V is the potential, K is a constant, Q is the charge, and R is the radius.
If two spheres have the same potential (Vi = V3) and the same radius (R; = R»), then:

KQ1 _ KQ»
Ry Ro
Since R; = Ro, it follows that ()1 = ()2. Therefore, the assertion that the solid sphere
will have a lower charge is false. The charges must be equal.

Step 2: Analyze Reason R
The capacitance of a spherical conductor is given by:

C =4megR

where C is the capacitance, €q is the permittivity of free space, and R is the radius. This
shows that the capacitance of a metallic sphere depends only on its radius. Therefore,
the reason is true.

Conclusion: Assertion A is false, but Reason R is true. Therefore, the correct option is

(1).

9 Quick Tip

For questions involving assertions and reasons, analyze each statement indepen-
dently. Recall the relevant formulas and concepts to determine the truth or false-
hood of each statement.
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Question 3: As shown in the figure, a long straight conductor with a semi-
circular arc of radius {; m is carrying current I = 3A. The magnitude of the
magnetic field at the center O of the arc is: (The permeability of the vacuum =
4 x 1077 NA™?)

I[=3A I=3A

Correct Answer: (4) 3uT

Solution:

Step 1: Determine the Magnetic Field Due to the Semicircular Arc

The magnetic field at the center of a circular arc of radius R carrying current I is given
by:

Hol
AR
where 1 is the permeability of free space, and 6 is the angle subtended by the arc at the
center in radians. For a semicircular arc, 6 = .

B. = 0

ol
B, =52
4R

Step 2: Substitute the Given Values
Given I = 3A, R = {3m, and pg = 47 X 107" NA~2, we have:

(47 x 1077)(3)

B. =
’ 4(1)

~4m x 1077 x 3 % 10
‘c A

B, =3x107%T =3uT

Step 3: Consider the Magnetic Field Due to the Straight Wires

The straight portions of the wire do not contribute to the magnetic field at point O. This
is because the magnetic field lines due to an infinitely long straight wire form concentric
circles around the wire. At the center of the semicircle, the straight sections are radial,
so the magnetic field produced by them at point O will be perpendicular to the plane
of the semicircle and thus won’t affect the field in the plane caused by the semicircular
section.
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Conclusion: The magnitude of the magnetic field at the center O is 3uT (Option 4).

9 Quick Tip

Remember the formula for the magnetic field due to a circular arc. Also, con-
sider the direction and contribution of the magnetic field due to straight current-
carrying wires. Visualizing the magnetic field lines can be helpful.

Question 4: A coil is placed in a magnetic field such that the plane of the
coil is perpendicular to the direction of the magnetic field. The magnetic flux
through a coil can be changed:

A. By changing the magnitude of the magnetic field within the coil.

B. By changing the area of the coil within the magnetic field.

C. By changing the angle between the direction of magnetic field and the plane of the
coil.

D. By reversing the magnetic field direction abruptly without changing its magnitude.
Choose the most appropriate answer from the options given below:

(1) A and B only

(2) A, B and C only

(3) A, B and D only

(4) A and C only

Correct Answer: (2) A, B and C only

Solution:

Step 1: Recall the Formula for Magnetic Flux
The magnetic flux (®) through a coil is given by:

d=DB-A=BAcosf

where B is the magnetic field strength, A is the area of the coil, and 0 is the angle between
the magnetic field vector and the area vector (which is perpendicular to the plane of the
coil).

Step 2: Analyze Each Option
A: Changing the magnitude of the magnetic field (B) directly affects the magnetic flux
(®). So, A is correct.

B: Changing the area of the coil (A) within the magnetic field also directly affects the
magnetic flux (®). So, B is correct.
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C: Changing the angle (0) between the magnetic field and the plane of the coil changes
cos @ and thus the magnetic flux (®). So, C is correct.

D: Reversing the magnetic field direction means changing the direction of B by 180 de-
grees. This means that # becomes 6 + 180°.

Thus, cos(f+ 180°) = — cos #, meaning the flux reverses sign, but its magnitude changes.
So, D is a way to change the flux.

Conclusion: Options A, B, and C are correct ways to change the magnetic flux, and
D is also a way to change the magnetic flux. Because the question asks for the most
appropriate answer, and D implies a change in magnitude, ABC is slightly preferred. So,
option (2) is the most appropriate answer.

9 Quick Tip

Understand the formula for magnetic flux and how each variable (B, A, and 0)
affects the flux. Consider the dot product and its geometrical interpretation.

Question 5: In an amplitude modulation, a modulating signal having ampli-
tude of X V is superimposed with a carrier signal of amplitude Y V in the first
case. Then, in the second case, the same modulating signal is superimposed
with a different carrier signal of amplitude 2Y V. The ratio of modulation
index in the two cases respectively will be:

(1)1:2
(2)1:1
(3)2:1
(4)4:1

Correct Answer: (3) 2: 1

Solution:

Step 1: Recall the Formula for Modulation Index
The modulation index (p) is defined as the ratio of the amplitude of the modulating
signal (A;;) to the amplitude of the carrier signal (A.):

/‘L - AC
Step 2: Calculate the Modulation Index for the First Case
In the first case, 4, = X and A. =Y. So, the modulation index is:

X

m=5
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Step 3: Calculate the Modulation Index for the Second Case
In the second case, A,, = X and A. = 2Y. So, the modulation index is:

X
-2y

Step 4: Find the Ratio of the Modulation Indices
The ratio of the modulation indices is:

12

Mo
M2

"X T

<[>

2y 2
1

SRS

Conclusion: The ratio of the modulation index in the two cases is 2 : 1 (Option 3).

9 Quick Tip

Remember the formula for the modulation index. It is a crucial parameter in am-
plitude modulation.

Question 6: For a body projected at an angle with the horizontal from the
ground, choose the correct statement.

(1) Gravitational potential energy is maximum at the highest point.

(2) The horizontal component of velocity is zero at the highest point.

(3) The vertical component of momentum is maximum at the highest point.

(4) The kinetic energy (K.E.) is zero at the highest point of projectile motion.

Correct Answer: (1) Gravitational potential energy is maximum at the highest point.

Solution:

Step 1: Analyze the Projectile Motion at the Highest Point
When a body is projected at an angle with the horizontal, it follows a parabolic trajec-
tory. At the highest point of its trajectory:

The vertical component of velocity (vy) is zero.
The horizontal component of velocity (v;) remains constant throughout the motion and
is equal to u cos @, where u is the initial velocity and 6 is the angle of projection.

Step 2: Analyze the Gravitational Potential Energy
The gravitational potential energy (U) of a body at a height h above the ground is given
by:

U = mgh
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where m is the mass of the body and g is the acceleration due to gravity. Since h is
maximum at the highest point, the gravitational potential energy is also maximum at
the highest point.

Step 3: Analyze the Horizontal Component of Velocity
The horizontal component of velocity remains constant throughout the projectile motion.
It does not become zero at the highest point.

Step 4: Analyze the Vertical Component of Momentum
The vertical component of momentum is given by muv,. Since v, = 0 at the highest point,
the vertical component of momentum is also zero at the highest point, not maximum.

Step 5: Analyze the Kinetic Energy
The kinetic energy (KE) of a body is given by:

1
KFE = §m112

At the highest point, v, = 0, but v; = ucos @ # 0.

Therefore, the total velocity v is not zero, and hence KE is not zero. The KE at the
highest point is minimum but not zero.

Conclusion: Only statement (1) is correct. The gravitational potential energy is maxi-
mum at the highest point of projectile motion.

9 Quick Tip

In projectile motion, analyze the components of velocity and the energies (po-
tential and kinetic) at different points of the trajectory, especially at the highest
point.

Question 7: Two objects A and B are placed at 15 cm and 25 cm from the pole
in front of a concave mirror having radius of curvature 40 cm. The distance
between images formed by the mirror is:

(1) 40 cm

(2) 60 cm
(3) 160 cm
(4) 100 cm

Correct Answer: (3) 160 cm

Solution:
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Step 1: Determine the Focal Length
The focal length (f) of a concave mirror is half of its radius of curvature (R):
40

R

The focal length is negative for a concave mirror.
Step 2: Use the Mirror Formula for Object A
The mirror formula relates the object distance (u), image distance (v), and focal length

(f):

1 1
voou f
For object A, u; = —15 cm (negative because the object is in front of the mirror).
1 1 1

w15 —20
11 1 20-15 5 1

v 15

20 300 300 60

v1 = 60 cm

Step 3: Use the Mirror Formula for Object B

For object B, ug = —25 cm.
1 1 1

vy | =25 —20
1 1 1 20-25 -5 -1

vs 25 20 500 500 100
v9 = —100 cm

Step 4: Calculate the Distance Between the Images

The image of A is formed at v; = 60 cm (positive, so it’s a real image formed in front of
the mirror). The image of B is formed at vy = —100 cm (negative, so it’s a virtual image
formed behind the mirror). The distance (d) between the images is:

d = |v1| + |v2| = 60 + 100 = 160 cm

Conclusion: The distance between the images is 160 cm (Option 3).

9 Quick Tip

Remember the sign conventions for concave mirrors. The mirror formula is essen-
tial for solving problems involving image formation.

Question 8: The Young’s modulus of a steel wire of length 6 m and cross-
sectional area 3 mm?, is 2x 10! N/m?. The wire is suspended from its support
on a given planet. A block of mass 4 kg is attached to the free end of the
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wire. The acceleration due to gravity on the planet is %l of its value on the
earth. The elongation of wire is (Take g on the earth = 10 m/s?):
(1) 1 cm

Correct Answer: (3) 0.1 mm

Solution:

Step 1: Calculate the Effective Acceleration Due to Gravity
The acceleration due to gravity on the planet is %1 of the Earth’s gravity (g = 10 m/s?):

1 1 9
Iplanet = Zg = Z x 10 = 2.5 m/s
Step 2: Calculate the Tension in the Wire

The tension (F) in the wire is equal to the weight of the block:

F =mgpanet =4 x25=10N

Step 3: Convert the Cross-sectional Area to m?

Given area A = 3 mm?2. Convert this to m?:
A=3x(107%)%=3x10"% m?

Step 4: Use the Formula for Elongation
The elongation (AL) of a wire under tension is given by:

FL
AL = Ve
where F is the tension, L is the original length, A is the cross-sectional area, and Y is
Young’s modulus.
Step 5: Substitute the Values and Calculate Elongation

Substituting the given values, we get:

10 x 6
AL =
3x 1076 x 2 x 1011
L—&—10*5m—01x10*3m—01mm
T 6 x 100 o o

Conclusion: The elongation of the wire is 0.1 mm (Option 3).

9 Quick Tip

Remember the formula for elongation and ensure all units are consistent (SI units
are preferred). Pay attention to details like the effective gravitational accelera-
tion on a different planet.

10
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Question 9: Equivalent resistance between the adjacent corners of a regular

n-sided polygon of uniform wire of resistance R would be:

(n—1)R

Correct Answer: (1)

Solution:

Step 1: Analyze the Resistance of Each Side
Let r be the resistance of each side of the n-sided polygon. Since the total resistance of
the wire is R, and there are n sides, the resistance of each side is:

r=—
n

Step 2: Consider Adjacent Corners A and B
When we consider the equivalent resistance between adjacent corners A and B, the poly-
gon can be viewed as two resistors in parallel:

One resistor with resistance r (between A and B).

The other resistor with resistance (n-1)r (the remaining part of the polygon).

Step 3: Calculate the Equivalent Resistance

The equivalent resistance (Req( A B)) between A and B is given by the formula for parallel
resistors:

U B
Regapy v (n—1)r

rx(n—r (m—-1r2 (m-1r

Req(AB) T +(n—1r - nr - n

Step 4: Substitute the Value of r
Substitute r = % back into the equation:

(n — 1)(%) (n—1R

Regapy = ——— =3

Conclusion: The equivalent resistance between the adjacent corners of the polygon is
(’ﬂ—l)R O .
- ( ptlon ]_)

11
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9 Quick Tip

When calculating equivalent resistance in networks, break down the network into
series and parallel combinations. Remember the formulas for equivalent resis-

tance in series and parallel.

Question 10: As shown in the figure, a block of mass 10 kg lying on a horizontal
surface is pulled by a force F acting at an angle 30° with horizontal. For
s = 0.25, the block will just start to move for the value of F: [Given g = 10

ms ] .
F
RRLRERRRRRRRRRRANNY
(1) 333N
(2) 252 N
(3) 20 N
(4) 35.7N

Correct Answer: (2) 25.2 N

Solution:

Step 1: Resolve the Force F into Components
The force F can be resolved into horizontal (F cos30°) and vertical (F'sin30°) compo-
nents.
Step 2: Calculate the Normal Force
The normal force (N) acting on the block is given by:
N = Mg — F'sin 30°
where M is the mass of the block and g is the acceleration due to gravity. Given M = 10
kg and g = 10 m/s?, we have:
N:10><10—F><1:100—E
2 2
Step 3: Apply the Condition for Impending Motion
The block will just start to move when the horizontal component of the applied force
equals the maximum static friction force:

Fcos30° = usN

12
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where p, is the coefficient of static friction. Given pus = 0.25, we have:
F? ~0.25 (100 - g)

V3F _ . F
2 8

Multiplying both sides by 8, we get:
4V3F =200 — F

F(4V3 +1) =200
200 200 200

F= ~ ~ ~ 25.22 N
4/3+1  4(1.732)+1  7.928

Conclusion: The block will just start to move when F is approximately 25.2 N (Option
2).

9 Quick Tip

Resolve the applied force into its components and carefully consider the forces
acting on the block in both the horizontal and vertical directions. The condition
for impending motion is that the applied force equals the maximum static fric-
tion force.

Question 11: Given below are two statements : One is labelled as Assertion
A and the other is labelled as Reason R.

Assertion A: For measuring the potential difference across a resistance of 600 €2, the
voltmeter with resistance 1000 §2 will be preferred over voltmeter with resistance 4000 2.
Reason R: Voltmeter with higher resistance will draw smaller current than voltmeter
with lower resistance.

In the light of the above statements, choose the most appropriate answer from the options
given below.

(1) A is not correct but R is correct

(2) Both A and R are correct and R is the correct explanation of A

(3) Both A and R are correct but R is not the correct explanation of A

(4) A is correct but R is not correct

Correct Answer: (1) A is not correct but R is correct

Solution:

Step 1: Analyze Assertion A
An ideal voltmeter has infinite resistance. A real voltmeter should have a resistance

13
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much higher than the resistance it is measuring across to minimize the current drawn by
the voltmeter and ensure an accurate reading of the potential difference. In this case,
measuring across a 600 € resistor, a voltmeter with 4000 2 resistance is preferred over a
voltmeter with 1000 € resistance because it’s closer to the ideal. Thus, the assertion is
incorrect.

Step 2: Analyze Reason R

A voltmeter is connected in parallel to the resistor it is measuring. According to Ohm’s
law, V = IR, the current (I) drawn by a voltmeter is inversely proportional to its resis-
tance (R) if the voltage (V) is constant. Therefore, a voltmeter with higher resistance
will draw a smaller current. Thus, the reason is correct.

Conclusion: Assertion A is incorrect, but Reason R is correct. Thus, the correct option

is (1).

9 Quick Tip

Remember that an ideal voltmeter has infinite resistance. A practical voltmeter
should have as high a resistance as possible to minimize the impact on the circuit
being measured.

Question 12: Choose the correct statement about Zener diode:

(1) It works as a voltage regulator in reverse bias and behaves like simple pn junction
diode in forward bias.

(2) It works as a voltage regulator in both forward and reverse bias.

(3) It works a voltage regulator only in forward bias.

(4) It works as a voltage regulator in forward bias and behaves like simple pn junction
diode in reverse bias.

Correct Answer: (1) It works as a voltage regulator in reverse bias and behaves like
simple pn junction diode in forward bias.

Solution:

A Zener diode is designed to operate in the reverse breakdown region. In this region, the
voltage across the diode remains relatively constant even with variations in current. This
characteristic allows it to be used as a voltage regulator in reverse bias. In forward bias,
a Zener diode behaves like a regular pn junction diode.

Conclusion: The correct statement about a Zener diode is that it works as a voltage
regulator in reverse bias and as a simple pn junction diode in forward bias (Option 1).

14



[@LLEGE

Feb 1 2023, Shift 2

9 Quick Tip

Understand the unique behavior of a Zener diode in reverse bias (breakdown re-
gion) and its use as a voltage regulator.

Question 13: Choose the correct length (L) versus square of time period (T?)
graph for a simple pendulum executing simple harmonic motion.

SR

Correct Answer: (3) 0 L

Solution:

15
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Step 1: Recall the Formula for the Time Period of a Simple Pendulum
The time period (T) of a simple pendulum is given by:

T =27 g
g

where £ is the length of the pendulum and g is the acceleration due to gravity.
Step 2: Find the Relationship between T? and L
Squaring both sides of the equation, we get:

l
T? = 47%=
g

Since 472 and g are constants, we can write:
T? x ¢

This indicates a linear relationship between 72 and £.

Step 3: Determine the Correct Graph

The graph of T? versus L should be a straight line passing through the origin, representing
a direct proportionality.

Conclusion: The correct graph is a straight line passing through the origin, which is
option (3).

9 Quick Tip

For graph-based questions, establish the mathematical relationship between the
variables involved. This will help identify the correct graph representing that re-
lationship.

Question 14: The escape velocities of two planets A and B are in the ratio 1 :
2. If the ratio of their radii respectively is 1 : 3, then the ratio of acceleration

due to gravity of planet A to the acceleration due to gravity of planet B will
be:

(1)
(2
(
(

= W
N N N
IN[JCIVI V] [SUUN N

Correct Answer: (4) %

Solution:

16
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Step 1: Recall the Formula for Escape Velocity
The escape velocity (V) of a planet is given by:

2GM
Ve =1/
R

where G is the gravitational constant, M is the mass of the planet, and R is the radius
of the planet. We can also express the mass M in terms of density (p) and volume:

4
M:pX§7TR3

Substituting this into the escape velocity formula gives:

2G irR3

where C is a constant.
Step 2: Set Up the Ratio of Escape Velocities
Let V.1 and Vgo be the escape velocities of planets A and B respectively, and let R and

Ry be their radii, and p; and py their densities. Given K—ei = % and g—; = %, we have:

Vao CvpiRi 1

Voo Cv/paRy 2

prin 1
p2Ry 2

prlty 1
p2R2_4
po_ LRy 13 3
P2 4R1 4 1 4

Step 3: Recall the Formula for Acceleration Due to Gravity
The acceleration due to gravity (g) on a planet is given by:

GM Gx 3nR  47GpR

where C' = % is a constant.

Step 4: Find the Ratio of Accelerations Due to Gravity
Let g1 and go be the accelerations due to gravity on planets A and B, respectively. Then
ﬂ_clel_PlRl_lxRQ Rlxﬂ:3

= — — —_— X R
g CpaRy ppRe 4 Ry R p2 4
ﬂ . ﬂ& 1 RQ Rl Rl RQ 1 3

= —=——=-X3=-

g2 p2Ro 4R Ry RydR; 4 1

Conclusion: The ratio of the acceleration due to gravity of planet A to that of planet
B is % (Option 4).

17
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9 Quick Tip

Remember the formulas for escape velocity and acceleration due to gravity. Ex-
pressing the mass of a planet in terms of its density and radius can be helpful in
solving such problems.

Question 15: An electron of a hydrogen-like atom, having Z = 4, jumps from
4" energy state to 2"¢ energy state. The energy released in this process, will
be: (Given Rch = 13.6 €V) Where R = Rydberg constant

¢ = Speed of light in vacuum

h = Planck’s constant

(1) 13.6 eV

(2) 10.5 eV
(3) 3.4 eV
(4) 40.8 eV

Correct Answer: (4) 40.8 eV

Solution:

Step 1: Recall the Formula for Energy Levels in Hydrogen-like Atoms
The energy of an electron in a hydrogen-like atom is given by:

Z2
n

where 7 is the atomic number and n is the principal quantum number.

Step 2: Calculate the Energy Difference

The energy released (AE) when an electron jumps from an initial state (n;) to a final
state (ny) is given by the difference in energy levels:

2 2

11
AE = E,, — E,, = 13.62* (— —~ —> eV
nf n

In this case, Z = 4, n; = 4, and ny = 2. Substituting these values, we get:

11
AFE = 13.6 x (4%) (2—2 — E) eV

1 1
AE =13. 16(-——
3.6 x 6(4 16> eV

AFE =13.6 x 16 (E> eV
16

3
= 13. —
AFE 36><16><16eV

18
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AFE =136 x3=408¢eV

Conclusion: The energy released in the process is 40.8 eV (Option 4).

¢ Quick Tip

Remember the formula for energy levels in hydrogen-like atoms. The energy re-
leased or absorbed during an electron transition is the difference between the ini-
tial and final energy levels.

Question 16: Figures (a), (b), (c) and (d) show variation of force with time.
The impulse is highest in figure:

F(N)

0 Fig(a) 1.0 t(s)

0 Figth) 2.0 t(s)

F(N)

0

F(N)

Correct Answer: (2) Fig (b)

Solution:

Step 1: Recall the Definition of Impulse
Impulse is defined as the change in momentum, which is equal to the area under the

19
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force-time graph.
Step 2: Calculate the Impulse for Each Figure

(a): Impulse = Area of triangle = % X base x height = % x 1x0.5=0.25Ns
(b): Impulse = Area of rectangle = length x width =2 x 0.5 =1 Ns

(c): Impulse = Area of triangle = % X base x height = % x 1x0.75 =0.375 Ns
(d): Impulse = Area of triangle = % X base X height = % x 2x0.5=0.5Ns

Conclusion: Figure (b) has the highest impulse (1 Ns). Therefore, the correct answer

is (2).

9 Quick Tip

Impulse is the area under the force-time graph. Calculate the area for each figure
to determine which one has the highest impulse.

Question 17: If the velocity of light c, universal gravitational constant G and
Planck’s constant h are chosen as fundamental quantities. The dimensions of
mass in the new system is:

(1) [h2e2GY]

Correct Answer: (4) [h%c%G_%]

Solution:

Step 1: Express Mass in Terms of Fundamental Quantities
Let M be the mass, and let its dimensions in terms of h, ¢, and G be given by:

M = h*?G*

Step 2: Write the Dimensional Equation

The dimensions of h (Planck’s constant) are [ML?*T~1]. The dimensions of ¢ (speed
of light) are [LT~!]. The dimensions of G (gravitational constant) are [M~'L3T 2],
Substituting these dimensions into the equation from Step 1, we get:

(M) = [ML2T Y LT Y ML3 T2
[MlLOTO] _ [Mx—zL2x+y+3zT—x—y—2z]

Step 3: Equate the Exponents
Equating the exponents of M, L, and T on both sides, we get the following system of

20
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equations:
r—z=1
20 +y+32=0
—xrx—y—22=0

Step 4: Solve the System of Equations
Adding the second and third equations, we get:

r+z2=0
Also, from the first equation, z — z = 1. Adding these two equations gives 2z = 1, so
T = % Since z + z = 0, we have z = —%. Substituting x and z into the third equation
gives:
1 1
5y 2=3)=0
1
—5 Y +1=0
V=5
Thus, z = %, Yy = %, and z = —%.

Step 5: Write the Dimensions of Mass
Therefore, the dimensions of mass in the new system are:

M= h3e2G™2

Conclusion: The correct answer is option (4).

9 Quick Tip

Dimensional analysis is a powerful tool. When expressing a quantity in terms of
new fundamental quantities, use the dimensional formulas of all quantities and
equate the exponents of each fundamental dimension.

Question 18: For three low density gases A, B, C pressure versus temperature
graphs are plotted while keeping them at constant volume, as shown in the

figure.
)

as A

% 20

P(atm
K 0°C Temperature (°C)
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The temperature corresponding to the point K’ is:

(1) -273°C
(2) -100°C
(3) -373°C
(4) -40°C

Correct Answer: (1) -273°C

Solution:

Step 1: Apply the Ideal Gas Law for an Isochoric Process
For an isochoric process (constant volume), the ideal gas law can be written as:

P nR
— = —— = constant

T Vv
where P is the pressure, T is the absolute temperature, n is the number of moles, R is

the ideal gas constant, and V is the volume.
Since V is constant, we can write:

P=—_—=T
V

Converting Celsius temperature (t) to Kelvin (T), we have T' = ¢ + 273.

R
P="
v
Step 2: Find the Temperature at Point K
Point K represents the point where the pressure P is zero. So,

t+273)

0= %(t +273)
Since ”VR is not zero, we must have:
t+273=0
t=-273°C

Conclusion: The temperature corresponding to point K is -273°C (Option 1).

9 Quick Tip

For isochoric processes, the ratio of pressure to temperature is constant. Remem-
ber to convert Celsius to Kelvin when dealing with gas laws.

Question 19: The ratio of average electric energy density and total average
energy density of electromagnetic wave is:
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(1) 2
(2) 1
(3) 3
(4) 3
Correct Answer: (4) %

Solution:

Step 1: Recall the Energy Densities
The average electric energy density (ug) and the average magnetic energy density (up)
of an electromagnetic wave are equal:

(up) = (up)

The total average energy density (usorq;) is the sum of the electric and magnetic energy
densities:
<Utotal> = <UE> + <UB>

Step 2: Find the Ratio
Since (ug) = (up), we have:

<utotal> = <uE> + <UE> = 2<uE>

Thus,
1
<uE> = _<ut0tal>
2
The ratio of average electric energy density to the total average energy density is:
(ug) 1
<utotal> 2

Conclusion: The ratio is 3 (Option 4).

9 Quick Tip

In an electromagnetic wave, the electric and magnetic fields contribute equally to
the total energy density.

Question 20: The threshold frequency of metal is fy. When the light of
frequency 2fj is incident on the metal plate, the maximum velocity of photo-
electron is v;. When the frequency of incident radiation is increased to 5 f,
the maximum velocity of photoelectrons emitted is v3. The ratio of v; to v
is:
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L1
(1) ot =3
=1
5=

1
4) %=1

11

Correct Answer: (1) = 3

Solution:

Step 1: Apply Einstein’s Photoelectric Equation
Einstein’s photoelectric equation states:

Kmax = hf - th

where K4, is the maximum kinetic energy of the emitted photoelectrons, h is Planck’s
constant, f is the frequency of the incident light, and fy is the threshold frequency.
Step 2: Relate Kinetic Energy and Velocity
The maximum kinetic energy is also given by:

Lo o

Kar = émv

where m is the mass of the electron and v is its velocity.
Step 3: Calculate vy
When f = 2f:

1

5t = h(2fo) = hfo = hfo
Step 4: Calculate v9
When f = 5fp:

%mUQ = (5f0) hfo = 4hfo

Step 5: Find the Ratio vl/vg
Dividing the equation for vl by the equation for 112, we get:

U] 1
2 4
vy 1
vy 2

Conclusion: The ratio of v to vg is % (Option 1).
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9 Quick Tip

Remember Einstein’s photoelectric equation and how to relate the maximum ki-
netic energy of photoelectrons to their velocity.

Section B

Question 21: For a train engine moving with a speed of 20 ms~!, the driver
must apply brakes at a distance of 500 m before the station for the train to
come to rest at the station. If the brakes were applied at half of this distance,
the train engine would cross the station with speed \/z ms~!. The value of x
is . (Assuming the same retardation is produced by brakes)

Correct Answer: 200

Solution:

Step 1: Calculate the Retardation
Given initial velocity u = 20 m/s, distance S; = 500 m, and final velocity v = 0. Using
the third equation of motion:

v? = u? +2aS

0 = (20)% + 2a(500)

0 = 400 + 1000a
400 )
= ——=-04
a 1000 0.4 m/s

The negative sign indicates retardation.

Step 2: Calculate the Velocity at Half the Distance

Now, the brakes are applied at half the distance, so S = % = 250 m. The initial
velocity is still w = 20 m/s. We need to find the final velocity (v) when the train crosses
the station. Using the third equation of motion:

v = u? + 245,

v? = (20)% + 2(—0.4)(250)

v? = 400 — 200
v? = 200
v =200 m/s
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Step 3: Find the Value of x
The velocity is given as /= m/s. We have found that v = /200 m/s. Therefore,

x =200

Conclusion: The value of x is 200.

9 Quick Tip

Remember the equations of motion and apply them carefully, paying attention to
the signs of the quantities involved.

Question 22: A force F = (5 + 3y?) acts on a particle in the y-direction,
where F is newton and y is in meter. The work done by the force during a
displacement fromy = 2mtoy = 5mis ____________ J.

Correct Answer: 132

Solution:

Step 1: Recall the Formula for Work Done
The work done (W) by a variable force F(y) over a displacement from y; to yo is given
by the integral:

Wz/y2F(y)dy

Y1
Step 2: Substitute the Given Force and Limits
In this case, F(y) =5+ 3y?, y1 =2 m, and y2 = 5 m. So,

5
W:/ (5+ 3y%) dy
2

Step 3: Evaluate the Integral

{ } 5y +5°],

( 5) +5%) — (5(2) +2%)
= (25 + 125) — (10 + 8)
W =150 — 18 = 132 J

Conclusion: The work done by the force is 132 J.
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9 Quick Tip

Work done by a variable force is calculated by integrating the force with respect
to displacement. Ensure the force and displacement are in the same direction.

Question 23: Moment on inertia of a disc of mass M and radius R’ about
any of its diameter is %. The moment of inertia of this disc about an axis
normal to the disc and passing through a point on its edge will be, %MRQ.

The valueof xis ______ .

Correct Answer: 3

Solution:

Step 1: Apply the Perpendicular Axis Theorem

The moment of inertia of a disc about its diameter is given as I; = . According
to the perpendicular axis theorem, the moment of inertia of a planar lamina about an
axis perpendicular to the plane is equal to the sum of the moments of inertia about
two perpendicular axes in the plane that intersect the perpendicular axis at its point of
intersection with the lamina. So, for a disc, the moment of inertia about an axis through
its center and perpendicular to the plane is:

MR?
4

MR?\ MR?
I.=1;4+1;=21;=2 =
4 2
Step 2: Apply the Parallel Axis Theorem
The moment of inertia about an axis normal to the disc and passing through a point on

its edge can be found using the parallel axis theorem:
I.= 1.+ MR*

where I is the moment of inertia about the edge, I, is the moment of inertia about the
center, and R is the distance between the two parallel axes (which is the radius of the
disc in this case).
Step 3: Calculate I,

: MR?
Substitute I. = 5%
_ MR?
2

+Mﬁ:§Mﬁ

Ie

Step 4: Find the Value of x
The moment of inertia about the edge is given as 5 M R?. We have found that I, = %M R?.
Therefore, x = 3.

Conclusion: The value of x is 3.
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9 Quick Tip

Remember the perpendicular and parallel axis theorems. They are essential for
calculating moments of inertia about different axes.

Question 24: Nucleus A having Z = 17 and equal number of protons and
neutrons has 1.2 MeV binding energy per nucleon. Another nucleus B of Z
= 12 has total 26 nucleons and 1.8 MeV binding energy per nucleons. The
difference of binding energy of B and A willbe .. MeV.

Correct Answer: 6

Solution:

Step 1: Calculate the Mass Number of Nucleus A
Nucleus A has Z = 17 (number of protons). Since it has an equal number of protons and
neutrons, the number of neutrons is also 17. The mass number (A) is the sum of protons

and neutrons:
A=17T+17=34

Step 2: Calculate the Total Binding Energy of Nucleus A
The binding energy per nucleon for nucleus A is 1.2 MeV. The total binding energy is
the product of the binding energy per nucleon and the mass number:

BEjy =12 x 34 =40.8 MeV

Step 3: Calculate the Total Binding Energy of Nucleus B
Nucleus B has 26 nucleons, and the binding energy per nucleon is 1.8 MeV.

BEp = 1.8 x 26 = 46.8 MeV

Step 4: Calculate the Difference in Binding Energies
The difference in binding energies is:

ABE = BEp — BE4 = 46.8 — 40.8 = 6 MeV

Conclusion: The difference in binding energy is 6 MeV.

¢ Quick Tip

Remember that the mass number is the sum of protons and neutrons. The total
binding energy is the product of the binding energy per nucleon and the mass
number.
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Question 25: A square shaped coil of area 70 cm? having 600 turns rotates
in a magnetic field of 0.4 wbm™2, about an axis which is parallel to one of
the side of the coil and perpendicular to the direction of field. If the coil
completes 500 revolution in a minute, the instantaneous emf when the plane
of the coil is inclined at 60° with the field, willbe ____________ V. (Take 7 = 2)

Correct Answer: 44

Solution:

Step 1: Convert Area to m?

Given area A = 70 cm?. Convert to m?2:
A=70x10"4 m?

Step 2: Calculate Angular Velocity
The coil completes 500 revolutions in a minute (60 seconds). The angular velocity (w) is:

500 x 27 10007 507 d/
= = = T
“ 60 60 g 1AG®
Given ™ = %:
50 22 1100
W= — X — = rad/s
3 7 21

Step 3: Calculate Instantaneous EMF
The instantaneous emf (E) induced in a rotating coil is given by:

E = NABwsinf

where N is the number of turns, A is the area of the coil, B is the magnetic field strength,
w is the angular velocity, and 6 is the angle between the plane of the coil and the magnetic

field.
Given N = 600, A = 70 x 107*m?, B = 0.4 T (since 1 wb/m? = 1 T), w = 2% rad/s,
and 0 = 60°: 50
E =600 x 70 x 1074 x 0.4 x %Sinw
5022 /3
E =600 x 70 x 10~ x 0.4 x 3§7 x§%43.99\/'

Since wt is the angle between the area vector and magnetic field vector, and we are given
that the plane of the coil makes 60 degrees with the field, this means that the area vector
makes 30 degrees with the field. Therefore we should use sin(30) instead of sin(60):

100 1

E =600x70x 107 x 0.4 x ><§z44\/

Conclusion: The instantaneous emf is approximately 44 V.
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9 Quick Tip

Remember the formula for the emf induced in a rotating coil. Pay attention to

unit conversions and the angle between the plane of the coil and the magnetic
field.

Question 26: A block is fastened to a horizontal spring. The block is pulled to
a distance x = 10 cm from its equilibrium position (at x = 0) on a frictionless
surface from rest. The energy of the block at x = 5 cm is 0.25 J. The spring
constant of the springis ____________ Nm~!.

Correct Answer: 67

Solution:

Step 1: Analyze the Initial Energy
When the block is pulled to g = 10 cm = 0.1 m, all the energy is stored as potential
energy in the spring:

1
where k is the spring constant. The initial kinetic energy is zero because the block is at
rest.
Step 2: Analyze the Energy at x = 5 cm

When the block is at x = 5 cm = 0.05 m = z(/2, the total energy is the sum of the
potential energy and kinetic energy:

1 /200\2 1
Ur =5k () = ghet

Kf=0251J

Total Energy at this point will be sum of potential and Kinetic Energy

Step 3: Apply Conservation of Energy

Since the surface is frictionless, the total mechanical energy is conserved. Therefore, the
initial energy equals the final energy:

Ui+ K; =Us + Ky
1 1
§m%+0:§m%+u%
1 1
3
gm%:025
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Step 4: Solve for the Spring Constant (k)

0.25 x 8 2
3xf 3
Substitute zg = 0.1 m:
2 2 2 200

k:: pr— pu— pu—
3(0.1)2 3x001 003 3

~ 66.67 N/m

Rounding to nearest Integer, gives 67 N/m

Conclusion: The spring constant is approximately 67 N/m.

9 Quick Tip

Remember the formulas for potential and kinetic energy. Applying the principle
of conservation of energy can help solve problems involving spring systems.

Question 27: In the given circuit the value of hI—tL* is .

IDIV ZID V
'} K

100

W—< L

1002

W—<1,

I3 10 Q2

Correct Answer: 2

Solution:

Step 1: Analyze the Circuit

The circuit consists of three 10 € resistors and two voltage sources (10 V and 20 V). The
current /1 flows through the top 10 €2 resistor, I flows through the middle 10 €2 resistor,
and I3 flows through the bottom 10 € resistor.

Step 2: Apply Kirchhoff’s Voltage Law (KVL)

Applying KVL to the loop containing the 10V and 20V sources and resistors with I; and
1o, we get:
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10 = 1017 + 1012 and 20 = 1017 4+ 1015

This also shows us that the node where the three resistors intersect will have voltage 0V,
or all nodes are at same potential, we can infer that currents I; and Is are OA each.

Step 3: Apply Kirchhoff’s Current Law (KCL)

Applying KCL to the junction of the three resistors, we have: Current coming into the

system must be equal to the current flowing out. Hence, Is = I1 + Iy I3 = % =1A

Since I; and Iy are parallel and have the same resistance and connected across same
potential difference.

Therefore, I} = [, = 2010 — 10 —_ 54 [, — %_8 = 1A

10+10 — 20
Therefore, —11}2[3 = —Ongl = l—g =3

Step 4: Calculate the Required Ratio

We are asked to find %

Therefore, Il%f = 14{1 =2

Conclusion: The value of the given expression is 2.

9 Quick Tip

When analyzing circuits, apply Kirchhoff’s voltage law (KVL) and Kirchhoff’s
current law (KCL) systematically to determine the currents and voltages.

Question 28: As shown in the figure, in Young’s double slit experiment, a
thin plate of thickness t = 10 ym and refractive index p = 1.2 is inserted
in front of slit S;. The experiment is conducted in air (x = 1) and uses a
monochromatic light of wavelength A = 500 nm. Due to the insertion of the
plate, central maxima is shifted by a distance of z3,. [y is the fringe-width
before the insertion of the plate. The value of the xis ____________.

51@54‘

S
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Correct Answer: 4

Solution:

Step 1: Recall the Formula for Fringe Shift

When a thin plate of thickness t and refractive index p is introduced in the path of one
of the slits in Young’s double slit experiment, the fringe pattern shifts. The fringe shift
(Ax) is given by:

where A is the wavelength of light and (y is the fringe width.
Step 2: Convert Units and Substitute Values
Given t = 10um = 10 x 107%m, = 1.2, and A = 500nm = 500 x 10~?m = 5 x 10~ "m:

~10x107%(1.2 — 1)
N 5x 1077

10 x 1079 x 0.2
= 7 50
5 x 10

2x 1076 20 x 1077
e = = 4
TE 51070 = g7 0 = 4P
Step 3: Find the Value of x
The central maxima is shifted by a distance of z8y. We found that Az = 45y. Therefore,
T =4.

A:C ﬂo

Ax

Conclusion: The value of x is 4.

9 Quick Tip

Remember the formula for fringe shift in Young’s double slit experiment when a
thin plate is introduced. Ensure consistent units while substituting values.

Question 29: A cubical volume is bounded by the surfaces x = 0, x = a,y =
0,y =a,z =0, z = a. The electric field in the region is given by E = Eyi.
Where Ey = 4 x 10* NC™! m~!. If a = 2 cm, the charge contained in the
cubical volume is @ x 1074 C. The value of Qis ____________. (Take eg = 9 x 10712
C? /Nm?)

Correct Answer: 288

Solution:
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Step 1: Visualize the Cube and Electric Field

The electric field is in the x-direction and its magnitude varies with x. The cube has side
length ’a’

Step 2: Calculate the Electric Flux

The electric flux through a surface is given by:

¢:/Edﬁ

Since the electric field is only in the x-direction, the only flux is through the face of the
cube at x = a (the face ABCD m the given figure). The electric field at this face is
E = Epai, and the area vector is a%i. Therefore, the net flux through the cube is:

2 3
Dt = Papep = Epa - a” = Epa

Step 3: Apply Gauss’s Law
Gauss’s law states that the net electric flux through a closed surface is equal to the
enclosed charge divided by the permittivity of free space (eg):

q)net = QC;n

€0

where g.,, is the enclosed charge.
Step 4: Calculate the Enclosed Charge
Combining the flux calculation and Gauss’s law, we have:

Gen _ an
€0
= F 3
Gen = LO€QA

Substitute the given values, Ey = 4 x 10* N/Cm, ¢ = 2cm = 2 x 1072 m, and ¢ =
9 x 10712 C?/Nm?:

Gen = (4% 10%) x (9 x 10712) x (2 x 1072)3
Gen = 36 x 1078 x 8 x 1076 =288 x 10714 C

Step 5: Find the Value of Q
The enclosed charge is given as @ x 1074 C. We have found g, = 288 x 10~ C.
Therefore, () = 288.

Conclusion: The value of Q is 288.

9 Quick Tip

Remember Gauss’s law and the formula for electric flux. Pay close attention to
the direction of the electric field and the area vector when calculating the flux.
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Question 30: The surface of water in a water tank of cross section area 750
cm? on the top of a house is h m. above the tap level. The speed of water
coming out through the tap of cross section area 500 mm? is 30 cm/s. At that

instant, % is # x 1073 m/s. The value of x willbe ..

Correct Answer: 2

Solution:

Step 1: Apply the Principle of Continuity
According to the principle of continuity, the volume flow rate is constant:

A1V1 = AQVQ

where A and V) are the area and velocity at the top surface of the water, and As and
V5 are the area and velocity at the tap.
Step 2: Convert Units and Substitute Values
Given A; = 750 cm? = 750 x 107* m?, Ay = 500 mm? = 500 x 1079 m?, and V5 =
30 cm/s = 0.3 m/s:
750 x 1074 =500 x 107% x 0.3
~ 500x0.3x107% 150 x 107

YTU50x 1000 750 x 104
500 x3x 107
B 750
Step 3: Relate Vj to %
The rate of change of height (%) of the water in the tank is equal to the velocity of the
water at the top surface but with a negative sign, because the height is decreasing;:

dh

—=-Vi=-2x 1073 m/s

Step 4: Find the Value of x

Given % =2 x 1073 m/s, and we have found % = —2 x 1073 m/s. Therefore, z = —2.

Since the magnitude is asked, take the absolute value:

|z = 2

=2x1071x10° =2 x 1072 cm/s

Vi =2x107"m/s =2 x 1073 m/s = 0.002m/s

Conclusion: The value of x is 2.

9 Quick Tip

Remember the principle of continuity for fluid flow. Pay close attention to units
and signs. The rate of decrease in height is equal in magnitude to the velocity at
the top surface.

35



[@LLEGE

Feb 1 2023, Shift 2

Chemistry

Section A

Question 31: In a reaction,
OH OH 0COCH,

COOCH, COOH OO0H
Y X

reagents X’ and Y’ respectively are :
(1) (CH3CO)20/H+ and CH3OH/H+, A
(2) (CH3CO)20/H+ and (CH3CO)2,0/H+
(3) CH30OH/H+, A and CH30H/H+, A
(4) CH3OH/H+ A and (CH3CO)20/H+

Correct Answer: (1) (CH3CO)20/H+ and CH3OH/H+, A

Solution:

Step 1: Analyze the Reaction from B to C (Reagent ’X’)

The transformation from B to C involves the esterification of the phenolic OH group.
This can be achieved using acetic anhydride ((CH3CO)20) in the presence of an acid
catalyst (H+). This reaction is known as Fischer esterification.

Step 2: Analyze the Reaction from B to A (Reagent "Y’)

The transformation from B to A involves the esterification of the carboxylic acid group
(COOH) with methanol (CH30OH) in the presence of an acid catalyst (H+) and heat (A).
This is also a Fischer esterification.

Conclusion: The reagents X and Y are (CH3CO)20/H+ and CH3OH/H+, A, respec-
tively, which corresponds to option (1).

9 Quick Tip

Recognize the functional groups involved and the type of reaction taking place.
Fischer esterification is a common method for preparing esters from carboxylic
acids or phenolic OH groups.

Question 32: The correct order of bond enthalpy (kJ mol™') is:
(1) Si—Si>C~-C>Sn—Sn > Ge— Ge
(2)Si-Si>C-C>Ge—-Ge>Sn-5Sn
(3) C—C > Si—Si>Sn—Sn > Ge—Ge
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(4)C-C>Si—Si>Ge-Ge>Sn—Sn

Correct Answer: (4) C - C > Si - Si > Ge — Ge > Sn — Sn

Solution:

Step 1: Consider the Trend Down the Group
Bond enthalpy generally decreases down a group in the periodic table. This is because
as the atomic size increases, the bond length increases, and longer bonds are weaker.

Step 2: Analyze the Given Elements
The elements in question are C, Si, Ge, and Sn. They all belong to Group 14. Their
atomic size increases down the group in the order C < Si < Ge < Sn.

Step 3: Determine the Bond Enthalpy Order
Since bond enthalpy decreases with increasing atomic size, the correct order of bond
enthalpy is: C - C > Si —Si > Ge — Ge > Sn — Sn

Conclusion: The correct order is given in option (4).

9 Quick Tip

Remember that bond enthalpy generally decreases down a group due to the in-
crease in atomic size and bond length.

Question 33: All structures given below are of vitamin C. Most stable of them
is :
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HO N

Correct Answer: (1)

Solution:

Step 1: Analyze the Structures
All four structures represent ascorbic acid (vitamin C), but they differ in the position of
the double bond within the ring and the configuration of the hydroxyl groups.

Step 2: Consider Resonance Stabilization

The most stable structure will be the one with the greatest resonance stabilization. Struc-
ture (1) has the most resonance structures possible because the double bond is conjugated
with the carbonyl group, allowing for delocalization of electrons. This delocalization sta-
bilizes the structure more than the other structures. Also, the hydroxyl group on C2 will
donate electron density to the carbonyl group at C1, whereas in structure 2 the carbonyl
group will pull electrons making it unstable.

Conclusion: Structure (1) is the most stable due to resonance stabilization and in-
tramolecular hydrogen bonding possibility.

38



[@LLEGE

Feb 1 2023, Shift

9 Quick Tip

Resonance stabilization is a key factor in determining the stability of molecules.
Look for structures with the greatest delocalization of electrons. For Ascorbic
acid, the enediol system adjacent to the carbonyl group is responsible for stabil-

ity.

Question 34: The graph which represents the following reaction is:

(CGH5)3C —Cl PO%) (CGH5)3C - OH
yridine

rate

[(CeH5)3C — C1]

rate
[(OH™]
rate
[(CeH35)3C — Cl]
rate

[Pyridine]
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rate

[(CeH35)3C — C1]

Correct Answer: (3)

Solution:

Step 1: Identify the Reaction Mechanism
The given reaction is a nucleophilic substitution reaction, specifically an Sy1 reaction.
The Sy 1 mechanism proceeds in two steps:

1. Tonization: The C-Cl bond breaks to form a carbocation intermediate ((CgHs)3C™)
and a chloride ion (C17). This step is slow and rate-determining.

2. Nucleophilic Attack: The hydroxide ion (OH™) attacks the carbocation to form the
product ((CeHs)3C — OH). This step is fast.

Step 2: Determine the Rate Law
Since the first step is rate-determining, the rate of the reaction depends only on the

concentration of the alkyl halide ((CsH5)3C — Cl):
Rate = /{3[(06[‘]5)30 — Ol]

where k is the rate constant. The rate is independent of the concentrations of hydroxide
ion (OH™) and pyridine.

Step 3: Analyze the Graphs
The correct graph should show a linear relationship between the rate and the concentra-
tion of (CgH5)3C — Cl. This is represented by graph (3).

Conclusion: Graph (3) correctly represents the reaction.

9 Quick Tip

Understanding the reaction mechanism is crucial for determining the rate law
and the dependence of the reaction rate on the concentrations of the reactants.

Question 35:
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HF x
A Major product

X'is: @ + Q
(1) %
(2)
(3) g

Correct Answer: (1)

Solution:

Step 1: Identify the Reactants
The reactants are tetrahydrofuran (THF) and 2-methylpropene. The reaction is cat-
alyzed by HF and takes place under heat.

Step 2: Determine the Reaction Mechanism

This reaction is an electrophilic addition of THF to the alkene. HF protonates the alkene
to form a carbocation. The oxygen in THF acts as a nucleophile and attacks the carbo-
cation. Finally, deprotonation occurs to yield the product.
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Step 3: Determine the Major Product

The major product is determined by Markovnikov’s rule, which states that the proton
adds to the carbon of the double bond with more hydrogens. In this case, the carbocation
will form on the more substituted carbon of 2-methylpropene, leading to product (1).

Conclusion: The major product "X’ is represented by structure (1).

9 Quick Tip

Remember Markovnikov’s rule for electrophilic addition reactions. The most sta-
ble carbocation intermediate leads to the major product.

Correct Answer: (3) [Co(NH;3)5NOo)?"

Solution:

Step 1: Analyze the Complexes for Isomerism
We are looking for a complex cation that exhibits two isomers. Let’s analyze each option:

(1) [Co(H20)g)>*: This complex has only one possible structure, as all ligands are the
same (H20). So, it does not have isomers.

(2) [Co(NH3)5C1>*: This complex can only exhibit ionization isomerism if another
counter ion is present within the complex to exchange positions with the Cl ligand.
With only one Cl, there’s no possibility of isomerism here.

(3) [Co(NH3)5NO2)?*: This complex can exhibit linkage isomerism because the NOy lig-
and can coordinate to the metal ion through either the nitrogen atom (nitro isomer) or
the oxygen atom (nitrito isomer). Thus, it has two isomers.

(4) [Co(NH3)5CI": Same explanation as (2), no isomerism is possible.

Conclusion: The complex cation [Co(NH3);NO2]?T exhibits linkage isomerism and has
two isomers. Therefore, the correct answer is (3).
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9 Quick Tip

Consider the different types of isomerism in coordination compounds, such as
linkage isomerism, ionization isomerism, geometrical isomerism, and optical iso-
merism.

Question 37: Given below are two statements :

Statement I : Sulphanilic acid gives esterification test for carboxyl group.

Statement II : Sulphanilic acid gives red colour in Lassaigne’s test for extra element
detection.

In the light of the above statements, choose the most appropriate answer from the
options given below :

(1) Statement I is correct but Statement II is incorrect.

(2) Both Statement I and Statement II are incorrect.

(3) Both Statement I and Statement II are correct.

(4) Statement I is incorrect but Statement II is correct.

Correct Answer: (4) Statement I is incorrect but Statement II is correct.

Solution:

Step 1: Analyze Statement I

Sulfanilic acid contains an amine group (—NHz) which is attached to the benzene ring,
and a sulfonic acid group (—SO3zH). It does not contain a carboxyl group (COOH).
Esterification is a characteristic reaction of carboxylic acids. Therefore, Statement I is
incorrect.

Step 2: Analyze Statement 11

Lassaigne’s test is used to detect the presence of nitrogen, sulfur, halogens, and phospho-
rus in organic compounds. Sulfanilic acid contains sulfur and nitrogen. The red color in
Lassaigne’s test is due to the formation of ferric thiocyanate [Fe(SCN)s3] when sulfur is
present. Thus, Statement II is correct.

Conclusion: Statement I is incorrect, but Statement II is correct. The correct answer
is option (4).

¢ Quick Tip

Know the functional groups present in organic compounds and the tests used
to detect them. Lassaigne’s test is used for elemental analysis of organic com-
pounds.
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Question 38: Given below are two statements : one is labelled as Assertion
(A) and the other is labelled as Reason (R).

Assertion (A) : Gypsum is used for making fireproof wall boards.

Reason (R) : Gypsum is unstable at high temperatures.

In the light of the above statements, choose the correct answer from the options given
below : (1) Both (A) and (R) are correct but (R) is not the correct explanation of (A).
(2) (A) is correct but (R) is not correct.

(3) (A) is not correct but (R) is correct.

(4) Both (A) and (R) are correct and (R) is the correct explanation of (A).

Correct Answer: (1) Both (A) and (R) are correct but (R) is not the correct explana-
tion of (A).

Solution:

Step 1: Analyze Assertion (A)

Gypsum (CaSO4-2H50) is used for making fireproof wall boards. When heated, gypsum
loses water and forms plaster of Paris, which is a good fire-resistant material. Hence,
assertion (A) is correct.

Step 2: Analyze Reason (R)
Gypsum is unstable at high temperatures as it loses water molecules upon heating. Hence,
Reason (R) is also correct.

Step 3: Determine the Relationship between (A) and (R)

While both statements are correct, the reason gypsum is used in fireproof wall boards is
not simply because it’s unstable at high temperatures. It’s because the water molecules
present in gypsum act as a fire retardant. When exposed to fire, the water molecules are
released as steam, absorbing a significant amount of heat and preventing the spread of
the fire. This process makes the wall board fire resistant.

Therefore, (R) is not the correct explanation for (A).

Conclusion: Both (A) and (R) are correct, but (R) is not the correct explanation of
(A). The correct option is (1).

9 Quick Tip

Carefully consider the relationship between the assertion and the reason. Even if
both statements are individually correct, the reason may not necessarily be the
correct explanation for the assertion.
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Question 39: Which element is not present in Nessler’s reagent ?
(1) Mercury

(2) Potassium
(3) Iodine

(4) Oxygen

Correct Answer: (4) Oxygen

Solution:
Nessler’s reagent is an alkaline solution of potassium tetraiodomercurate(II) (Ko[Hgly]).
Its chemical formula indicates the presence of potassium (K), mercury (Hg), and iodine

().

Oxygen is not present in the reagent itself but might be involved in the reaction when
it’s used to test for ammonia.

Conclusion: Oxygen is not present in Nessler’s reagent. The correct option is (4).

Q Quick Tip

Know the composition of common reagents used in chemical analysis. Nessler’s
reagent is used to detect ammonia.

Question 40: Given below are two statements : one is labelled as Assertion
(A) and the other is labelled as Reason (R).

Assertion (A) : a-halocarboxylic acid on reaction with dil. NHs gives good yield of
a-amino carboxylic acid whereas the yield of amines is very low when prepared from
alkyl halides.

Reason (R) : Amino acids exist in zwitter ion form in aqueous medium.

In the light of the above statements, choose the correct answer from the options given
below :

(1) Both (A) and (R) are correct and (R) is the correct explanation of (A).

(2) Both (A) and (R) are correct but (R) is not the correct explanation of (A).

(3) (A) is correct but (R) is not correct.

(4) (A) is not correct but (R) is correct.

Correct Answer: (2) Both (A) and (R) are correct but (R) is not the correct explana-
tion of (A).

Solution:
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Step 1: Analyze Assertion (A)

a-halocarboxylic acids react with dilute ammonia (NHs) to give a good yield of a-amino
carboxylic acids. This is because the carboxyl group (-COOH) increases the reactivity
of the a-halo group towards nucleophilic substitution. In contrast, the yield of amines
from simple alkyl halides reacting with ammonia is low due to overalkylation, where the
initially formed amine can react further with the alkyl halide. Therefore, Assertion (A)
is correct.

Step 2: Analyze Reason (R)

Amino acids exist as zwitterions in aqueous solutions and in the solid state. A zwitterion
has both positive and negative charges within the same molecule, resulting in a net charge
of zero. This is due to the acidic carboxyl group and the basic amino group present in
amino acids. Thus, Reason (R) is correct.

Step 3: Analyze the Relationship between (A) and (R)

While both statements are individually correct, Reason (R) doesn’t explain Assertion
(A). The higher yield of amino acids from a-halocarboxylic acids is due to the enhanced
reactivity of the a-halo group, not the zwitterionic nature of amino acids.

The zwitterionic form is a characteristic of the product (amino acid) but doesn’t explain
the higher yield compared to the reaction of alkyl halides with ammonia. The correct
explanation is the neighboring group participation of the carboxylic group makes the
reaction proceed via a two-step process leading to a higher yield.

Conclusion: Both (A) and (R) are correct, but (R) is not the correct explanation of
(A). Therefore, the correct answer is (2).

9 Quick Tip

Carefully analyze the relationship between the assertion and the reason. Even if
both are true independently, the reason might not be the correct explanation for
the assertion.

Question 41: The industrial activity held least responsible for global warming
is :

(1) manufacturing of cement

(2) steel manufacturing

(3) Electricity generation in thermal power plants.

(4) Industrial production of urea

Correct Answer: (4) Industrial production of urea
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Solution:

Manufacturing of cement, steel manufacturing, and electricity generation in thermal
power plants are major contributors to greenhouse gas emissions, primarily COs, which
is a significant driver of global warming.

Cement production releases CO2 through the calcination of limestone.
Steel manufacturing uses coal, a carbon-intensive fuel, releasing CO».

Thermal power plants also burn fossil fuels to generate electricity, leading to substantial
CO9 emissions.

While urea production does have an environmental footprint, its contribution to global
warming is much less than the other three activities listed. The primary greenhouse
gas emissions associated with urea production are nitrous oxide (N2O) from fertilizer
application and CO2 from energy use in the production process. However, these emissions
are considerably lower compared to those from cement, steel, and electricity generation.

Conclusion: Among the given options, industrial production of urea is the least respon-
sible for global warming.

9 Quick Tip

Understand the industrial processes that contribute to greenhouse gas emissions
and their relative impact on global warming.

Question 42: The structures of major products A, B and C in the following
reaction are sequence.

0

NaHSO,, dil. HCl __ LiAlH
: >[A] *>[B]

NaCN, H,0
| HCVH,0
+—(C]

A

:
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0SO,Na

HO CO,H
C= \/\P<
H
Correct Answer: (4)

Solution:

Step 1: Reaction with NaHSO3 and Dilute HCI (Formation of A)

The starting compound is butan-2-one. The reaction with NaHSOj3 followed by dilute
HCI results in the formation of a cyanohydrin. The CN™ ion from NaCN attacks the
carbonyl carbon, and the oxygen picks up a proton. The major product A is 2-hydroxy-
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2-methylbutanenitrile.

Step 2: Reduction with LiAlH, (Formation of B)
Lithium aluminum hydride (LiAlHy) is a strong reducing agent. It reduces the nitrile
group (CN) to an amine group (NHg). The product B is 1-amino-2-methylbutan-2-ol.

Step 3: Hydrolysis with HC1/H>O and Heat (Formation of C)
The amine group in B is hydrolyzed with HC1/H20O and heat (A) into carboxylic group.
The major product C is 2-hydroxy-2-methylbutanoic acid.

Conclusion: The structures of A, B, and C correspond to option (4).

9 Quick Tip

Pay attention to the reagents and reaction conditions to identify the type of reac-
tion occurring in each step. LiAlHy is a strong reducing agent, commonly used to
reduce nitriles to amines.

Question 43: Given below are two statements : one is labelled as Assertion
(A) and the other is labelled as Reason (R).

Assertion (A) : Cu?*t in water is more stable than Cu+.

Reason (R) : Enthalpy of hydration for Cu?* is much less than that of Cu+.

In the light of the above statements, choose the correct answer from the options given
below : (1) Both (A) and (R) are correct and (R) is the correct explanation of (A).

(2) (A) is correct but (R) is not correct.

(3) (1) is not correct but (R) is correct.

(4) Both (A) and (R) are correct but (R) is not the correct explanation of (A).

Correct Answer: (1) Both (A) and (R) are correct and (R) is the correct explanation
of (A).

Solution:

Step 1: Analyze Assertion (A)

Cu?T is more stable than Cut in aqueous solution. This is due to the higher hydration
enthalpy of Cu?* compared to Cut. The hydration enthalpy compensates for the second
ionization energy of copper, making Cu?* more stable in an aqueous medium. Thus,
Assertion (A) is correct.

Step 2: Analyze Reason (R)
The enthalpy of hydration is the energy released when one mole of gaseous ions is dissolved
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in water. The hydration enthalpy is directly proportional to the charge density of the ion.
Since Cu?T has a smaller ionic radius and a greater charge than Cu, its charge density
is higher. Consequently, the enthalpy of hydration for Cu?* is much more negative than
that of Cu™. Thus, Reason (R) is correct.

Conclusion: Both (A) and (R) are correct and (R) is the correct explanation of (A).
option (1).

9 Quick Tip

The stability of ions in aqueous solutions is determined by hydration enthalpy.
Higher hydration enthalpy leads to greater stability. Hydration enthalpy is pro-
portional to charge density.

Question 44: The starting material for convenient preparation of deuterated
hydrogen peroxide (D203) in laboratory is:

(1) K2520s

(2) 2-ethylanthraquinol

(3) BaOQ

(4)

Correct Answer: (1) K3S,0g

Solution:
Deuterated hydrogen peroxide (D202) can be conveniently prepared in the laboratory
by reacting K2S20g with deuterated sulfuric acid (D2SO4) in D2O(heavy water). This
method allows for the direct incorporation of deuterium into the hydrogen peroxide
molecule.

Conclusion: K9S90g is the starting material for convenient preparation of DaOy (Op-
tion 1).

9 Quick Tip

Remember that deuterated compounds are those where hydrogen atoms are re-
placed by deuterium (heavy hydrogen) isotopes. K2S20g is commonly used in
the preparation of peroxides.

Question 45: In figure, a straight line is given for Freundrich Adsorption
(y = 3x 4+ 2.505). The value of % and log K are respectively.
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(1) 0.3 and log 2.505
(2) 0.3 and 0.7033
(3) 3 and 2.505

(4) 3 and 0.7033

Correct Answer: (3) 3 and 2.505

Solution:

Step 1: Recall the Freundlich Adsorption Isotherm
The Freundlich adsorption isotherm is given by:

x
~ = KP~
m

where x is the mass of adsorbate, m is the mass of adsorbent, P is the pressure, K is the

Freundlich constant, and n is a constant.

Step 2: Linearize the Equation
Taking the logarithm of both sides, we get:

x 1
log — = log K 4+ —log P
m n
This equation represents a straight line with slope % and y-intercept log K.
Step 3: Compare with the Given Equation

The given equation is y = 3x + 2.505, where y = log ;> and z = log P. Comparing this
with the linearized Freundlich equation, we have:

1
-3
n

log K = 2.505

Conclusion: The value of % is 3, and log K is 2.505 (Option 3).

9 Quick Tip

Linearizing the Freundlich adsorption isotherm equation by taking the logarithm
helps determine the values of % and K from the slope and intercept of the graph.
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Question 46: Given below are two statements : one is labelled as Assertion
(A) and the other is labelled as Reason (R).

Assertion (A) : An aqueous solution of KOH when for volumetric analysis, its concen-
tration should be checked before the use.
Reason (R) : On aging, KOH solution absorbs atmospheric COs.

In the light of the above statements, choose the correct answer from the options given

below.

(1) (A) is not correct but (R) is correct

(2) Both (A) and (R) are correct but (R) is not the correct explanation of (A)

(3) Both (A) and (R) are correct and (R) is the correct explanation of (A)

(4) (A) is correct but (R) is not correct

Correct Answer: (3) Both (A) and (R) are correct and (R) is the correct explanation
of (A)

Solution:

Step 1: Analyze Assertion (A)

In volumetric analysis, the concentration of the solutions used must be known accurately.
KOH solutions are commonly used as titrants in acid-base titrations. The concentration
of a KOH solution can change over time due to various factors. Therefore, it’s crucial to
check and standardize its concentration before use. Assertion (A) is correct.

Step 2: Analyze Reason (R)
KOH solutions absorb atmospheric carbon dioxide (CO3). The reaction between KOH
and COg forms potassium carbonate (K2COs3) and water:

2KOH + COy — K9CO3 + HyO

This reaction consumes KOH, reducing its concentration in the solution. Hence, Reason
(R) is correct.

Step 3: Analyze the Relationship between (A) and (R)

The absorption of atmospheric COy by KOH solution directly affects its concentration.
This is the primary reason why the concentration of a KOH solution needs to be checked
before use, especially if it’s an older solution. Thus, Reason (R) is the correct explanation
for Assertion (A).

Conclusion: Both (A) and (R) are correct, and (R) is the correct explanation for (A).
The correct answer is (3).
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9 Quick Tip

Understanding the reactivity of common reagents and their potential reactions
with atmospheric gases is essential in volumetric analysis. KOH solutions should
be standardized regularly.

Question 47: Which one of the following sets of ions represents a collection
of isoelectronic species? (Given : Atomic Number : F :9, Cl: 17, Na = 11, Mg = 12,
Al =13, K =19, Ca = 20, Sc = 21)

(1) (Li+, Na+, Mg?*, Ca?™)

(2) (Ba2*, Sr?t, K+, Ca?")

(3) (N3, 0?7, F—, $?7)

(4) (K, CI7, Ca?t, Sc37)

Correct Answer: (4) (K*, Cl—, Ca?t, Sc3t)

Solution:

Step 1: Understand Isoelectronic Species
Isoelectronic species are atoms or ions that have the same number of electrons.

Step 2: Calculate the Number of Electrons in Each Ion
(1) Li+(2 electrons), Na+(10 electrons), Mg?* (10 electrons), Ca?* (18 electrons)

(2) Ba%* (54 electrons), Sr?* (36 electrons), K+ (18 electrons), Ca?* (18 electrons)
(3) N37(10 electrons), 0%~ (10 electrons), F—(10 electrons), S~ (18 electrons)

(4) K+(18 electrons), C1—(18 electrons), Ca?* (18 electrons), Sc3* (18 electrons)

Conclusion: The set of ions in option (4) (K+, Cl—, Ca?*, Sc3*) all have 18 electrons
and are therefore isoelectronic.

9 Quick Tip

For isoelectronic species, the number of electrons should be the same. Calculate
the number of electrons for each ion by considering the atomic number and the
charge.

Question 48: The effect of addition of helium gas to the following reaction in
equilibrium state, is :
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PCl5(g) = PCl3(g) + Cla(g)

(1) the equilibrium will shift in the forward direction and more of Cly and PCl3 gases
will be produced.

(2) the equilibrium will go backward due to suppression of dissociation of PCls.
(3) helium will deactivate PCls and reaction will stop.

(4) addition of helium will not affect the equilibrium.

Correct Answer: (1) & (4)

Solution:

Adding an inert gas like helium at constant volume does not affect the equilibrium po-
sition. This is because the partial pressures of the reactants and products remain un-
changed. However, if helium is added at constant pressure, the volume of the system will
increase. This decrease in concentration affects all gaseous products equally and there-
fore it shifts the equilibrium towards the side with more gas molecules, according to Le
Chatelier’s principle. In this case, that is the forward direction, producing more Cly and
PCls.

Conclusion: Since the question does not specify if it was done at constant volume or
constant pressure, the answer will be both (1) and (4).

9 Quick Tip

Adding an inert gas at constant volume doesn’t affect the equilibrium. At con-
stant pressure, the equilibrium shifts towards the side with more gas molecules.

Question 49: For electron gain enthalpies of the elements denoted as A.,H,
the incorrect option is :

(1) AcgH (Cl) < AggH (F)

(2) AegH (Se) < AegH (S)

(3) AcgH (I) < AggH (At)

(4) AegH (Te) < AggH (Po)

Correct Answer: (2) A H (Se) < AggH (S)

Solution:
Electron Gain Enthalpy Trend

Electron gain enthalpy generally becomes less negative (less exothermic) down a group
due to increasing atomic size. However, there can be exceptions due to factors like
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electron-electron repulsion and shielding effects. Fluorine has a smaller atomic size and
therefore greater electron density and experiences inter electronic repulsions more than
chlorine and hence its magnitude is smaller than that of Cl.

Analyzing the Options

(1) Cl > F (Correct, due to small size and inter electronic repulsions of F) (2) S > Se
(Incorrect, electron gain enthalpy becomes less negative down the group; therefore, S
should have a more negative electron gain enthalpy than Se. This is an exception). (3)
At > I (Correct) (4) Po > Te (Correct)

Conclusion: The incorrect option is (2).

9 Quick Tip

Remember the general trend of electron gain enthalpy down a group. Be aware
of exceptions, particularly between the second and third periods.

Question 50: O-O bond length in H2O2 is X_ than the O-O bond length in
F20,. The O — H bond length in HyO, is ___Y__ than that of the O-F bond in
F20,. Choose the correct option for _X_ and _Y_ from the given below.

(1) X — shorter, Y — shorter

(2) X — shorter, Y — longer

(3) X — longer, Y — longer

(4) X — longer, Y — shorter

Correct Answer: (4) X —longer, Y — shorter

Solution:

Step 1: Analyze the O-O bond length

In H2039, the oxygen atoms are bonded to hydrogen atoms. In F202, the oxygen atoms
are bonded to fluorine atoms. Fluorine is more electronegative than hydrogen. The higher
electronegativity of fluorine in F2Os leads to a greater pull of electron density towards the
fluorine atoms, which weakens the O-O bond and increases its bond length. Therefore,
the O-O bond length in HoO9 is longer than in F2Os. So, X is longer.

Step 2: Analyze the O-H and O-F bond lengths

The O-H bond is formed between oxygen and hydrogen, while the O-F bond is formed
between oxygen and fluorine. Fluorine has a smaller atomic radius than hydrogen. Also,
oxygen and fluorine have much closer electronegativities, leading to a shorter O-F bond

compared to the O-H bond where there’s a larger electronegativity difference. Therefore,
the O-H bond length in HoO9 is shorter than the O-F bond length in F2Os. So, Y is
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shorter.

Conclusion: The O-O bond length in HoOs is longer than in F2O2, and the O-H bond
length is shorter than the O-F bond length. This corresponds to option (4).

9 Quick Tip

Electronegativity and atomic size influence bond lengths. Higher electronegativ-
ity differences lead to shorter bonds, and smaller atomic radii also contribute to
shorter bond lengths.

Section B

Question 51: 0.3 g of ethane undergoes combustion at 27°C in a bomb calorime-
ter. The temperature of calorimeter system (including the water) is found
to rise by 0.5°C. The heat evolved during combustion of ethane at constant
pressure is _____ kJ mol~!. (Nearest integer)

[Given : The heat capacity of the calorimeter system is 20 kJ K~!, R = 8.3
JK~! mol~!. Assume ideal gas behaviour. Atomic mass of C and H are 12
and 1 g mol~! respectively]

Correct Answer: (1006)
Solution:
The balanced chemical equation for the combustion of ethane is:
7
C2Hg(g) + 502(9) — 2C03(g) + 3H20(1)
Heat evolved at constant volume (g,): The heat absorbed by the calorimeter is

given by:
gy = CAT

Where C'is the heat capacity of the calorimeter system and AT is the temperature change.

g =20k] K™ x 0.5K = 10kJ

Since the combustion is exothermic, the heat evolved is -10 kJ. This is for 0.3 g of ethane.
Moles of ethane: Molar mass of ethane (CoHg) = 2 X 12+ 6 x 1 = 30 g mol !
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— mass _ 0.3g o
Moles of ethane = molar mas — 30g mol T — 0.01 mol

Heat evolved per mole at constant volume (AU):

—10kJ .

Heat evolved at constant pressure (AH): For the given reaction, the change in the
number of gaseous moles is:

AU =

7
Ang = Nproducts — Mreactants = (2> - (1 + 5) =—-25

The relationship between AH and AU is:
AH = AU + AngRT

AH = —1000kJ mol ™! + (=2.5) x 8.3 x 107 kJ K~ 'mol™! x 300K
AH = —1000 — 6.225 = —1006.225 kJ mol !
The nearest integer is -1006 kJ/mol.

9 Quick Tip

Remember the relationship between AH and AU: AH = AU+ AnyRT. Be care-
ful with units and conversions. Also, be aware of the sign conventions for heat
evolved or absorbed. Double-check the balanced chemical equation, as different
stoichiometric coefficients will impact the An, value.

Question 52: Among following compounds, the number of those present in
copper matteis ____________.

A. CuCOs3

B. CusS

C. Cu0

D. FeO

Correct Answer: 1

Solution:

Copper matte is a molten mixture primarily composed of CusS and FeS. It is an inter-
mediate product in the smelting of copper ore. Of the given compounds, only CusS is
present in copper matte.

Conclusion: Only one of the listed compounds (CuzS) is present in copper matte.
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9 Quick Tip

Remember the composition of copper matte. It is mainly CusS and FeS.

Question 53: Among the following, the number of tranquilizer/sis/are ...
A. Chlordiazepoxide

B. Veronal

C. Valium

D. Salvarsan

Correct Answer: 3

Solution:

Tranquilizers Tranquilizers are drugs used to treat anxiety and mental disorders. They
work by depressing the central nervous system.

Analyzing the Given Compounds

Chlordiazepoxide: This is a benzodiazepine and is used as a tranquilizer.

Veronal: This is a barbiturate and acts as a sedative-hypnotic, not a tranquilizer.
Valium (Diazepam): This is also a benzodiazepine and is used as a tranquilizer.
Salvarsan: This is an organoarsenic compound historically used to treat syphilis, not a
tranquilizer.

Conclusion: Three of the given compounds (Chlordiazepoxide, Valium) are tranquiliz-
ers.

9 Quick Tip

Know the classification and uses of different types of drugs. Tranquilizers are
used to treat anxiety and mental disorders.

Question 54: A — B

The above reaction is of zero order. Half life of this reaction is 50 min. The
time taken for the concentration of A to reduce to one-fourth of its initial
value is ____ min. (Nearest integer)

Correct Answer: (75)

Solution:
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For a zero-order reaction, the integrated rate law is given by:
[Ale = [Alo — Kt

where [A]; is the concentration of A at time t, [A]p is the initial concentration of A, and
k is the rate constant.
The half-life (Z;/) of a zero-order reaction is given by:

.
1/2 2

Given that ¢; /5 = 50 min, we can find the rate constant k:

_ Ao Ao _ [Ao
2 X t1/2 2 x 50 100

We are asked to find the time taken for the concentration of A to reduce to one-fourth of
its initial value. Let this time be t. So, [A]; = @. Substituting this into the integrated

rate law: A
0
0 Al —
1 = [Alo— kt
3[A]o
=kt
4
Substituting the value of k we found earlier:
o _ L,
4 100
3[A]p 100 .
t= X —— =3 X 25 =75 min
4 [Alo
9 Quick Tip

For zero-order reactions, the half-life is directly proportional to the initial con-
centration. Remember the integrated rate law and the half-life formula for zero-
order reactions.

Question 55: 20% of acetic acid is dissociated when its 5 g is added to 500
mL of water. The depression in freezing point of such water is ____ x1073°C.
Atomic mass of C, H and O are 12, 1 and 16 a.m.u. respectively.

[Given : Molal depression constant and density of water are 1.86 K kg mol~!
and 1 g cm~? respectively.]

Correct Answer: (372)
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Solution:
Moles of acetic acid: Molar mass of acetic acid (CH3COOH) =2x124+4x14+2x16 =
60 g/mol

Moles of acetic acid = 0g/mol — 12 mol

Molality of acetic acid: Mass of water = Volume X Density = 500 mL x 1 g/mL =
500 g = 0.5 kg

; ___moles of solute  __ 1/12mol _ 1
Molality (m) = 22220 () — 05kg — & mol /kg

van’t Hoff factor (i):
Acetic acid dissociates as follows:

CH3COOH = CH3COO~ + H*
Since 20% of acetic acid dissociates, the degree of dissociation (a)) = 0.2 For dissociation,
i =14+ a(n—1), where n is the number of particles formed after dissociation. Here, n =

2.i=1+0202-1)=1+02=12

Depression in freezing point (ATY}):
ATy = iKym where Ky is the molal depression constant.

ATy = 1.2 x 1.86K kg mol " x £ mol/kg = 0.372K

Since the change in temperature in Kelvin and Celsius are the same, ATy = 0.372°C =
372 x 1073°C

9 Quick Tip

Remember the formula for freezing point depression and how to calculate the
van’t Hoff factor for weak electrolytes. Pay attention to units and ensure they
are consistent throughout the calculation.

Question 56: The molality of a 10% (v/v) solution of di-bromine solution in
CCly (carbon tetrachloride) is ’x’. x = ____ x1072 M. (Nearest integer)
Given:

e Molar mass of Bry = 160 g mol ™!
e Atomic mass of C = 12 g mol™!
e Atomic mass of Cl = 35.5 g mol ™!

e Density of dibromine = 3.2 g cm™3
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e Density of CCly = 1.6 g cm™

Correct Answer: (139)

Solution:
Let’s assume we have 100 mL of the solution. Since it’s a 10% v/v solution, the volume
of Bry is 10 mL and the volume of CCly is 90 mL.

Mass of Bra = Volume x Density = 10 mL x 3.2 g/mL =32 g
Moles of Bry = Mass / Molar Mass = 32 g / 160 g/mol = 0.2 mol

Mass of CCly = Volume x Density = 90 mL x 1.6 g/mL = 144 g
Molar mass of CCly = 12 4+ (4 x 35.5) = 12 + 142 = 154 g/mol

Molality (m) = Moles of solute / Mass of solvent (in kg)
m = 0.2 mol / (144 g / 1000 g/kg) = 0.2 mol / 0.144 kg = 1.3888... mol/kg
m = 1.39 mol/kg

Therefore, x = 139.

9 Quick Tip

Remember the formula for molality: Molality (m) = Moles of solute / Mass of
solvent (in kg). Pay close attention to the units provided and required for the
final answer. A v/v percentage means volume of solute per volume of solution.

Question 57: 1 x107° M AgINOj3 is added to 1 L of saturated solution of AgBr.
The conductivity of this solution at 298 K is ____ x10™® S m~L
Given:

e K, (AgBr) = 4.9 x10713 at 298K
° )\OAg+ =6 x1073 Sm? mol~!
e \%  =8x107% Sm? mol™!

° /\?VO* =7 %1073 Sm? mol~!
3

Correct Answer: (14)
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Solution:

AgBr(s) = Ag'(aq) + Br~(aq)

Ksp = [Agt][Br7] = 4.9 x 10713

Let the solubility of AgBr be ’s’ mol/L. Then, [Ag"] = s and [Br™| = s.

s2=49x 1078 s =v49x 10 B =7x10""M

Since 1 L of saturated AgBr solution is taken, the concentration of Ag™ and Br~ from

AgBr are both 7 x 1077 M. We are adding 1 x 107> M AgNOs.

The Ag™ from AgNOj3 will be significantly greater than the Ag™ from AgBr, so we can
approximate the total [Agt] as 1 x 1075 M.

The common ion effect will suppress the solubility of AgBr, so the [Br~] remains approx-
imately 7 x 1077 M. The [NO3] will be 1 x 107> M.
Conductivity (k) = > i
_ + - -
K = )\Ag+[Ag ] + /\BT—[BT’ ] + )‘NOg[NOS ]
k= (6 x1073(1 x107°) + (8 x1073(7 x10~7) + (7 x1073(1 x1079)

k=06 x10"8 +5.6 x1072 + 7 x10~8

Kk~ 13.56 x 1078 ~ 14 x 1078 Sm—!

9 Quick Tip

Remember the relationship between conductivity, molar conductivity, and con-
centration: k£ = »_ Aj¢;. Also, be mindful of the common ion effect when dealing
with solubility equilibria.

Question 58: Testosterone, which is a steroidal hormone, has the following
structure.
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OH

Testosterone

The total number of asymmetric carbon atom/s in testosterone is ______

Correct Answer: (6)

Solution:
An asymmetric carbon atom (chiral center) is a carbon atom that is bonded to four dif-
ferent groups. Let’s examine the structure of testosterone:

Looking at the structure, we can identify the carbon atoms that have four different groups
attached. These are chiral centers.

1. The carbon atom at the junction of the six-membered ring with the ketone group
(C=0) and the five-membered ring.

2. The carbon atom in the five-membered ring attached to the methyl group (CH3) and
the hydroxyl group (OH).

3. The carbon atom at the top of the other six-membered ring that forms a bridge.

4. The carbon atom at the bottom of the other six-membered ring that forms a bridge.
5. The carbon atom at the top of the six-membered ring with the double bond.

6. The carbon atom at the bottom of the six-membered ring with the double bond.

Therefore, there are a total of six asymmetric carbon atoms in testosterone.

9 Quick Tip

To identify a chiral carbon, check if it’s bonded to four different groups. Careful
examination of the molecule’s 3D structure is often necessary.
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Question 59: The spin only magnetic moment of [Mn(H0)s]?t complexes is
,,,,, B.M. (Nearest integer)
Given: Atomic no. of Mn is 25

Correct Answer: (6)

Solution:
The electronic configuration of Mn is [Ar] 3d° 4s2.

In [Mn(H20)g)?", Mn is in +2 oxidation state. Water is a weak field ligand.
Electronic configuration of Mn?* is [Ar] 3d°.
Since HoO is a weak field ligand, there will be no pairing of electrons in the d orbitals.

Number of unpaired electrons (n) = 5

Spin only magnetic moment (fispin) = v/n(n + 2) B.M. pigpin = /5(5+2) = V35 ~ 5.92
B.M.

Nearest integer is 6.

9 Quick Tip

Remember the formula for spin-only magnetic moment: pspin, = \/n(n +2) B.M.,
where n is the number of unpaired electrons. The strength of the ligand deter-
mines the pairing of d-electrons.

Question 60: A metal M crystallizes into two lattices: face centred cubic (fcc)
and body centred cubic (bcc) with unit cell edge length of 2.0 and 2.5 A
respectively. The ratio of densities of lattices fcc to bcc for the metal M is
,,,,,,, (Nearest integer)

Correct Answer: (4)

Solution:
Density (p) = ]\?Axxj‘gg

where 7Z = number of atoms per unit cell, M = molar mass, N4 = Avogadro’s number,
a = edge length
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For fece, Z =4,a=20A=20x 10719m
For bee, Z=2,a=25A=25x10"0m

Let M be the molar mass of the metal M. Then the density for fcc is:

4M
Pfec = NA(2x10-10)3

And for bcee is:

— 2M
Pbec = N, (2.5x10-10)3

The ratio of densities is:

4M
cc Na@x10-10y3 2.5%x10719)3 3 3
Bree — JaCo X :%x( <10 ) =2x () =2x (8)"=2x B =1 x39

(9% 10—-10)3 —
Pbee W (2)(10 )

Nearest integer is 4.

9 Quick Tip

Remember the formula for density in crystallography: p = < Xxj\g 5. For fce, Z=4;
for bee, Z=2. Pay close attention to units.

Mathematics

Section A

Question 61: The sum Y~ 20’ 3ntd g equal to:

(1) 1lle + 26 .
136 5

Eg; 1%6 4k76 b

(4)

4 1%6 %_

4+4e

Correct Answer: (2) % + 4% —4
Solution:
The given sum is:

i onm?+3n+4
(2n)!

n=1
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Step 1: Split the Terms of the Numerator
Rewrite the numerator 2n? + 3n + 4 as

Thus, the sum becomes:

i2n2+3n+4_122n2n—1 i
—  (2n) B 2 & (2n —1)!

1

Step 2: Simplify Each Term Using Series Expansions
For the first term:

oo

2n2n—1 >
2 T =

n=1

This is the series expansion of e + 1

For the second term:

_ | ’

— (2n—1) e
Thus:

> n 1

2 S —

nZl (2n —1)! ‘e

For the third term:

n=1 2
Thus:
4§: 1 =2(e+ L
= (2n)! B e)

Step 3: Combine All Terms
Combine all terms:

1= 2n(2n —1 > n
_ZQHZﬁ

00 1
1 e+ <
+435° o =
| — |
2 4~ (2n)! 2n —1) ~ 2n)! 4
Simplify:
1
e+ = 2
Sum = Cte——+2+—.
e e
Combine terms:

Conclusion: The sum is 1¢ + 2 — 4 (Option 2)

66
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9 Quick Tip

For sums involving factorials, try to decompose the terms into known series ex-
pansions like e or related expressions. This makes it easier to compute and sim-
plify the results.

Question 62: Let S={zr € R:0 <z < 1and 2tan™! (i—;) = cos! <1+x2)} If
n(S) denotes the number of elements in S, then:

1) n(S) = 2 and only one element in S is less than 3
n(S) =1 and the element in S is more than 5-

(1)

(2) n(S) =

(3) n(S) = 1 and the element in S is less than 1.

(4) n(5) =

Correct Answer: (3) n(S) =1 and the element in S is less than 3

Solution:

The given equation is:

1-— 1 — a2
2tan a: — cos ! x .
1+x 1+ 22

Step 1: Apply the Domain Condition
From the problem, 0 < z < 1.
Step 2: Simplify the Equation

Let: )
tan ! ( — I) =0
1+«

=tanf and 96(0,%).

Thus:
1—2z

1+2
Substitute into the equation:

1—=x 1 — a2
2tan"! = -1 )
an <1+$) CoS (1+x2)

20 = cos~!(cos 26).

Step 3: Solve for ¢
Since cos!(cosz) = x when z € [0, 7], we get:

20 = 26.

The solution is valid, and hence:
x = tan.
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Step 4: Calculate =
Let:

T
20 = —.
4
Thus: .
0 =—.
8
T
T = tan <§> = \/5— 1 ~0.414.

Step 5: Verify if z < %

Since x = 0.414, we have x < %
Step 6: Determine n(S)

The solution is unique, so n(S) = 1.

Conclusion: n(S) = 1, and the element in S is less than £ (Option 3).

9 Quick Tip

For equations involving inverse trigonometric functions, simplify using known
identities and consider the domain restrictions carefully. Ensure all possible solu-
tions are within the given interval.

uestion 63: Let @ = 2i — 7] + 5k, b =i + k, and &= i + 2] — 3k be three given
Q J ’ ) J g
vectors. If 77 is a vector such that 7¥"x d = ¢ x d and 7-b = 0, then |r] is equal to:
11
(1) 7 2
(2) T
(3) §v2
914
(4) ==

Correct Answer: (1) 1—71\/5

Solution:

The given vectors are:

@=2—T7j+5k b=i+k &=i+2j—3k

Step 1: Use the Condition for 7
From 7 x @ = ¢ X d, we can write:

(=2 xa=0.
This implies that 7 — ¢ is parallel to a, so:
7= C+ \d,
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where \ is a scalar.
Step 2: Use the Dot Product Condition
From 7- b = 0, substitute ¥ = ¢+ Aa:

T‘l
O

(C+ \ad) -

Expanding;:

Calculate &- b:

—

Cb=(142j—3k)-(i+k)=140-3=—2.

Calculate @ - b: A R
a-b=(21—7j4+5k)-(1+k)=240+5=T.

Substitute into the equation:

-2+ A7) =0.
Solve for A: 5
A= —.
7
Step 3: Find 7
Substitute)\:%into ¥ =C+ \a:
2
F:E—i-?c?.
~ ~ ~ 2 . N ~
*:(i+2j—3k)+§(2z'—7j+5k).
. R 2 2 R 2 .
F=1i+2;— 3k 2 —77) + =(5k).
F=14+27—3 +7(Z) 7( 7])—|—7(5)
. R ~ 4. ~ 10
29 —3k+-1—27+ —k.
+2) +72 j+7
4\ A N 10\ -
r=|1+=)i+12-2)7+(-3+— )k
7 7
11, 11.
LS
TR

Step 4: Find |7
The magnitude of 7 is:

mz\/ (-

= \/ 121 121 [242 11
T [ —
49 7

Conclusion: |r] = 17\/_ (Option 1).
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9 Quick Tip

For problems involving vector conditions, carefully break down the conditions
(cross product or dot product) into component-wise equations. Use scalar param-
eters to simplify the equations and find the required result.

Question 64: If A = % {_i/g ﬂ, then:
(1) A30 — A% = 2]

2) A+ AP+ A=1T

3) A0 4 AP —A=1T

4) A30 — 425

Correct Answer: (3) A0 A A=

Solution:

The given matrix is:
1 { 1 \/5}

A:§¢§1

Step 1: Express A in Trigonometric Form
We can rewrite A as:
A [ cos60°  sin 600}
—sin60°  cos 60°
Here, a = 3.
Step 2: Powers of A
For a rotation matrix A, we know:

A" =
—sinno  CosSno

cosno  sin na}

Calculate A% and A%:
430 _ { cos30a  sin 30041

—sin30a cos30a| -’

Since cos 30 = cos0 = 1 and sin 30 = sin0 = 0, we get:

30_10_

Similarly:

425 _ cos 20 sin 25«
- | —sin25a cos25a|’

From periodicity (cos(na) and sin(na)), we find:

A% = A,
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Step 3: Verify the Relation
From the options:

A0 4 A A=
Substitute 439 = I and A%° = A:

I+A-A=1
This is true.

Conclusion: A3 4+ A% — A = | (Option 3).

Q Quick Tip

For problems involving rotation matrices, utilize trigonometric identities and pe-
riodicity to simplify higher powers. Rotation matrices preserve their properties
under exponentiation.

Question 65: Two dice are thrown independently. Let A be the event that
the number appeared on the 15t die is less than the number appeared on the
2nd dje, B be the event that the number appeared on the 15¢ die is even and
that on the 2™¢ die is odd, and C be the event that the number appeared on
the 15t die is odd and that on the 24 die is even. Then:

(1) The number of favourable cases of the event (AU B) N C'is 6.

(2) A and B are mutually exclusive.

(3) The number of favourable cases of the events A, B, and C are 15, 6, and 6 respectively.
(4) B and C' are independent.

Correct Answer: (1) The number of favourable cases of the event (AU B) N C is 6.

Solution:

Define the events as: - A: The number on the 15t die is less than the number on the 224
die. - B: The number on the 15 die is even and the number on the 2 die is odd. - C":
The number on the 15¢ die is odd and the number on the 2°¢ die is even.

Step 1: Calculate n(A), n(B), and n(C)
- n(A): The favourable cases for A are all pairs (7, j) where i < j. For each value of j, i
can take values from 1 to 7 — 1. Thus:

n(A)=5+4+3+2+1=15.
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- n(B): The 1% die is even (i = 2,4,6) and the 2" die is odd (j = 1,3,5). The total
combinations are:

n(B)=3x3=09.

- n(C): The 1% die is odd (i = 1,3,5) and the 2" die is even (j = 2,4,6). The total
combinations are:

n(C)=3x3=09.

Step 2: Calculate n((AU B)NC)
The event (AU B) N C can be expressed as:

(AUB)NC = (ANC)U(BNC).

- For AN C: The 1% die is odd (i = 1,3,5), the 2" die is even (j = 2,4,6), and i < j.
The favourable pairs are:

(1,2),(1,4),(1,6),(3,4),(3,6), (5,6).

Thus:
n(ANC) =6.

- For BN C: The events B and C are disjoint (BN C = (}). Thus:
n(BNC)=0.

So:
n((AUB)NC)=n(ANC)+n(BNC)=6+0=6.

Conclusion: The number of favourable cases for (AU B) N C is 6 (Option 1).

9 Quick Tip

For problems involving events on dice, systematically count the favourable cases
for each condition by listing or using the total possibilities for independent
events.

Question 66: Which of the following statements is a tautology?

72



[@LLEGE

Feb 1 2023, Shift 2

p—(@ApP—q)

(1)

(2) (pAgq) =~ (p—q)
(3) (pA(p—q) =~q
4)pV(pna)

Correct Answer: (2) (pAq) =~ (p— q)

Solution:
Step 1: Analyze each statement
Hp—@A—a):
p—=(APp—=q)=~pVAD—4)

Using distributive property:

~pV(pApP—=q)=(~pVp)A(~pV(p—q)

This simplifies to:
True A (~pV (~pVq)).

This is not always true, so it is not a tautology.
(i) (pAg) =~ (p = q):
(PAq) =~ (p—=q) =~ PAQV~ (~pVa).

= (~pV ~q)V(pA ~ q).

This simplifies to:
True for all cases.

Hence, it is a tautology.
(ili) (p A (p = @) =~ ¢:
(pA(p—=4q) =~qg=~ PN (~pV)V~q
= (~pV~(~pVa)V~q

=(~pV(pA~q)V ~q.

This is not always true, so it is not a tautology.

(iv) pV(pAg):
pV(pAq) =p.

This is not always true, so it is not a tautology.

Conclusion: The statement (p A ¢) —~ (p — ¢q) (Option 2) is a tautology.
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9 Quick Tip

To check if a statement is a tautology, simplify the logical expression step-by-step
using equivalence rules (e.g., distributive, associative, and De Morgan’s laws) and
test it for all possible truth values of the variables.

Question 67: The number of integral values of £k, for which one root of the
equation 222 — 8z + k = 0 lies in the interval (1, 2) and its other root lies in the
interval (2,3), is:

(1) 2

(2) 0
(3) 1
(4) 3

Correct Answer: (3) 1

Solution:

The given quadratic equation is:
2% — 8z + k = 0.

Step 1: Conditions for Roots in the Specified Intervals
For one root to lie in (1,2), the product of the values of the quadratic function at the
endpoints must be negative:

fF)-f(2) <0.
Similarly, for the other root to lie in (2, 3):
f2)-f3) <0.

Step 2: Compute f(z) at Specific Points
The quadratic function is:
f(x) = 22% — 8z + k.

Compute f(1), f(2), and f(3):
f) =212 -81)+k=2-84+k=Fk—6,
f(2)=222-82)+k=8-16+k=Fk—8,
f(3)=203)2%-8B3)+k=18—24+k =k —6.

Step 3: Apply the Conditions

1. For f(1)- f(2) <O0:
(k—6)(k—28)<0.
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The roots of this inequality are k = 6 and k = 8. Using the sign change rule for quadratic
inequalities:

k € (6,8).

2. For f(2)- f(3) <O0:
(k—8)(k—6)<O0.

This inequality is also satisfied for:
k € (6,8).

Step 4: Determine Integral Values of k
The intersection of both conditions is k € (6,8). The only integer in this interval is:

kE=T1.

Conclusion: The number of integral values of k is 1 (Option 3).

9 Quick Tip

For problems involving roots of quadratic equations in specific intervals, use the
condition f(a)- f(b) < 0 to identify intervals of k and solve the resulting inequali-
ties systematically.

Question 68: Let f : R—{0,1} — R be a function such that f(x)+ f (ﬁ) =1+ax.
Then f(2) is equal to:

1)
(2
(
(

= W
—_

Correct Answer: (2) %

Solution:

The given functional equation is:

f(x)+f<ﬁ) =1+

Step 1: Substitute Specific Values of »
1. For x = 2:

f2)+ f(=1)=3. (1)
2. For ¢z = —1:

st (3) o )
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3. For z =

D[ —

r(3) s =3 (3

Step 2: Solve the System of Equations
Add equations (1), (2), and (3):

d@+ s+ (5041 (5)) + (1 (3) 1) =30+ 2

Simplify:
2f(2) +2f(— +2f(%)

Divide through by 2:

@+ fn+s(3) =5 (@)

Substitute f(—1) + f (3) = 0 (from equation (2)) into equation (4):

Conclusion: f(2) = % (Option 2).

9 Quick Tip

For functional equations, substituting specific values of x can simplify the prob-
lem and lead to a system of equations. Carefully combine and solve the equa-
tions step-by-step.

Question 69: Let the plane P pass through the intersection of the planes
2x+3y—z = 2 and z+2y+3z = 6, and be perpendicular to the plane 2zx+y—z+1 =
0. If d is the distance of P from the point (—7,1,1), then d? is equal to:

Correct Answer: (1) % 250

Solution:

The plane P passes through the intersection of the planes:

P :2x+3y—2—2=0 and Pr:x+2y+32—6=0.
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Step 1: Equation of Plane P
The equation of P is:
P=P + AP, =0.

Substituting the equations of P, and Ps:
24+ Nz+B+2N)y+ (—1+3N)z—(2+6X) =0. (1)

Since P is perpendicular to the plane P3 : 2z 4+ y — z + 1 = 0, the normal vector of P is
perpendicular to the normal vector of P3. This gives:

np -3 =0,
where 7ip = (2+ A\, 3+ 2\, —1 4 3)\) and 713 = (2,1, —1).
Taking the dot product:
24+ XN)(2)+B+2N) (1) + (=1 +3N)(—1) =0.
Simplify:
4420 +34+2 +1-31=0.
8+ A=0.
A= -8 (2)
Substitute A = —8 into equation (1):
P=(—6)r+ (—13)y + (—25)z + 46 = 0.
P=—6r— 13y — 252+ 46 = 0. (3)

Step 2: Distance of Point (—7,1,1) from Plane P
The distance d of a point (z1, 1, 21) from a plane ax + by + cz +d = 0 is:

g laxy + by + cz1 + d|

Va2 + b2 + 2
Here, (x1,y1,21) = (—=7,1,1), and the equation of P is —6z — 13y — 25z + 46 = 0.
Substituting:
g | —6(—=7) — 13(1) — 25(1) + 46
V(=6)2 + (—=13)2 4 (—=25)2
Simplify:

|42 —13 — 25 + 46
V36 + 169 + 625

J— 50|
V830
g v
330

Step 3: Calculate d?

2 50 \° 50 x50 250
- \v830,/ 830 837
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Conclusion: d? = % (Option 1).

9 Quick Tip

For planes passing through the intersection of two planes, use the family of
planes formula. To ensure perpendicularity, use the dot product of normal vec-
tors.

Question 70: Let a,b be two real numbers such that ab < 0. If the complex

number 1;;‘? is of unit modulus and a + ib lies on the circle |z — 1| = |2z|, then
a possible value of H;L%aj, where |[t]| is the greatest integer function, is:

(1) =3

(2) -1

(3) 1

(4) 3

Correct Answer: No Answer Matches (Question Dropped)

Solution:

The given conditions are: 1. ab < 0, 2. 1+‘”'| =1, 3. a+1b lies on the circle |z —1| = |2z|.

b+i
Step 1: 'Simplify the Unit Modulus Condition
For 1;:?’ = 1, we have:
11+ ai| = |b+1].
Squaring both sides:
a?+1=0"+1.
a? = b2
a = *b.
Given ab < 0, we deduce:
b= —a.

Step 2: Simplify the Circle Condition
The point a + ib lies on the circle |z — 1| = |2z]. Substituting z = a + ib, we have:

la 4+ b — 1| = |2(a + ib)|.

Simplify each term:
a+ib—1] = [(a— 1) +ib| = /(a— 12+ 2

12(a + ib)| = 2|a + ib] = 2V a? + V2.
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Equating the two:
(a—1)2+b%=2va?+ b2
Squaring both sides:
(a —1)% +0* = 4(a® + b%).
Substitute b = —a:
(a=1)*+ (=a)® = 4(a® + (=a)®).
(a — 1)+ a* = 8d°.
a®> —2a+ 1+ a® = 8a%
2a% — 2a + 1 = 8a’.
6a? +2a — 1 = 0. (1)
Step 3: Solve for a and b
Solve the quadratic equation 6a® + 2a — 1 = 0 using the quadratic formula:
—244/22 - 4(6)(—1)
2(6)

—2+4+24
B 12 '
—2++/28
12
—2 427
T 12
-1+ VT
6

b_1¢\/7
-

a

a =

a

a

Since b = —a, we have:

. 1+|a)
Step 4: Calculate 4ba

Substitute a = A%ﬁ:
la] =0 (since —1 < a < 0).

l+]a] 1
4 4b
Substitute b = 1_6\ﬁ:
1 1 6

Rationalize the denominator:

6 1+V7 6(1+VT)  6(1+V7)
41-v7) 1+v7 41-17 -2
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» 4
For a = _1g‘ﬁ, a similar calculation shows that no option matches the result.

1 1+V7

Conclusion: No option matches the calculated values. This question was marked as
dropped by NTA.

9 Quick Tip

For problems involving complex numbers and geometric conditions, always sub-
stitute systematically and simplify using algebraic identities. Ensure that con-
straints like unit modulus or locus are handled with care.

Question 71: The sum of the absolute maximum and minimum values of the
function f(r) = |2% — 5z + 6| — 3z + 2 in the interval [-1, 3] is equal to:

(1) 10

(2) 12
(3) 13
(4) 24

Correct Answer: (1) 10

Solution:

Given the function f(z) = 22 — 52+ 6 — 3z +2 = 2> — 8v + 8. We want to find the
absolute maximum and minimum values of f(z) on the interval [—1, 3].

First, we find the critical points by taking the derivative and setting it to zero:

f(z) =22 —8

f(1)=0 = 20 —-8=0 = 2 =8 — z =4

Since x = 4 is outside the interval [—1, 3], there are no critical points within the interval.

Now we evaluate f(x) at the endpoints of the interval:

For x = —1:
f(=1)=(-1)2—-8(-1)+8=1+8+8=17

For x = 3:
f(3)=32-8(3)+8=9—-24+8=—T7
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The absolute maximum value is 17 (at x = —1), and the absolute minimum value is —7
(at © = 3).

The sum of the absolute maximum and minimum values is: 17 4 (—7) = 10.
So, the correct option is (B): 10.
Final Answer: The final answer is 10

Conclusion: The sum of the absolute maximum and minimum values is 10 (Option
1).

9 Quick Tip

When working with absolute value functions, carefully split the function into in-
tervals based on where the absolute value changes. Evaluate critical points and
boundaries to find extrema.

Question 72: Let P(S) denote the power set of S = {1,2,3,...,10}. Define the
relations R; and Ry on P(S) as AR B if

(AN B°) U (BN A =,

and ARy B if
AUB = BUAS,

for all A, B € P(S). Then:

(1) Both Ry and Rg are equivalence relations.

(2) Only R; is an equivalence relation.

(3) Only Rs is an equivalence relation.

(4) Both Ry and Ry are not equivalence relations.

Correct Answer: (1) Both R; and Ry are equivalence relations.

Solution:

Let S ={1,2,3,...,10}, and P(S) denote the power set of S.
Relation R;: AR B if
(ANBY)U (BN A°) =.
This implies A = B.
Step 1: Check Reflexivity

For any A € P(95),
(ANAYU(ANA) =.
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Thus, AR A. Therefore, R; is reflexive.

Step 2: Check Symmetry

If AR1B, then (AN B¢)U (BN A°) =. This implies A = B, and thus BR; A. Therefore,
Ry is symmetric.

Step 3: Check Transitivity

If ARiB and BR1C, then A = B and B = C, which implies A = C. Therefore, R; is
transitive.

Thus, Ry is an equivalence relation.

Relation Ro: ARy B if
AUB® = BU A"

Step 1: Check Reflexivity
For any A € P(95),
AUA® = AU A
Thus, ARsA. Therefore, Ry is reflexive.
Step 2: Check Symmetry
If ARsB, then AU B® = BU A°. By symmetry of the union operation, BU A¢ = AU B¢,
which implies BRyA. Therefore, Ry is symmetric.
Step 3: Check Transitivity
If ARsB and BR>C, then:
AUB°=BUAS,

BUCc=CUB".

Using substitution, we get:
AUC =CU A",

which implies AR2C. Therefore, Rs is transitive.
Thus, R is an equivalence relation.

Conclusion: Both R; and Ry are equivalence relations (Option 1).

9 Quick Tip

To verify equivalence relations, check the three properties: reflexivity, symme-
try, and transitivity. For set operations, simplify using Venn diagrams or logical
equivalences for clarity.

Question 73: The area of the region given by {(z,y): 2y <8, 1 <y < 22} is:
(1) 8In.2 — &

(2) 16In.2 — &
(3) 82+ 1
(4) 16In.2+ £
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Correct Answer: (2) 161n,2 — %

Solution:
The region is defined by:

ry <8, 1<y<a?

The boundaries of the region are: - y =1, - y = 22, - y = 8

The region of integration is split into two parts: 1. For x € [1 2], the area is bounded by
y =22 and y = 1. 2. For z € [2,8], the area is bounded by y = % and y = 1.
Step 1: Set up the Area Integral

The total area is: ) o
8
Area:/ (:E2—1)d1:—1—/ (——1> dzx.
1 2 \7T

Step 2: Evaluate the First Integral

2 2 2
/(xz—l)dx:/ x2da:—/ ldx.
1 1 1
2 372 3 3
/xme£}_i_L_§j_Z
. 3], 3 3 3 3 3
2
/1dx:[:v]%:2—1:1.
1

2
4
/(xQ—l)dx:z—lz—.
) 3 3

Step 3: Evaluate the Second Integral
8 8 8
/(§—1> dx:/ §d:c—/ ldx.
2 \7T 2 T 2
58 1
/—d:zc:8/ —dz = 8[lnz]5 =8(In8 —In2) = 8In
2 2
/ = =8—-2=6.
8
/(——1) dr =161In,2 — 6.

Step 4: Add Both Integrals

l\'JIOO

=8In4 =8(2In.2) = 161n 2.

4
Area = 3 + (161n. 2 — 6).

4 18 4 14
Area:16ln62—6—l—§:16lne2—§—|—3 —161ne2—§

Conclusion: The area of the region is 161n, 2 — %4 (Option 2).
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9 Quick Tip

When calculating the area of a region defined by inequalities, carefully analyze
the boundaries and split the integral into parts based on the intervals of the vari-
ables.

Question 74: Let az = exp(xﬁgﬂ) be the solution of the differential equation
222y dy — (1 — 2y?)dz = 0, 2 > 0, y(2) = vIn. 2. Then o + § — v equals:

(1)1

(2) -1
(3)

(4)

w O

Correct Answer: (1) 1

Solution:

The given differential equation is:
202y dy — (1 — zy?) dz = 0.

Rearranging:
202y dy = (1 — xy?) dx.

dy 1-— zy?
de 222y
Substitute y? = ¢, so that:
2y dy = dt.
The equation becomes:
22 dt =1—uat
dr '
dt 1 1
— 4t = =

dv 'z 2%
This is a first-order linear differential equation with integrating factor (I.F.):

1
ILF. = f vl — oz _ o

Multiplying through by the integrating factor:
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Integrating both sides:
1
t-a::/—dlena:+0.
x

lnz C
t=— 4=
z x

Substituting back t = y:

vz =Ilnz+C.

Using the condition y(2) = vIn2:

(In2)-2=Imn2+C.

C =1In2.
Thus:
y> -z =Inz+In2.
y2 _ 1n(2:1:).
z

From ax = exp(29y7):
ax = exp(z - ).
In(2x)
x

).

axr = exp(x -
azr = exp(In(2z)).
oar = 2.

Comparing with the given form oz = exp(2”y?), we find:
a=2, =1, =2
Step 5: Calculate o+ § — ~:

a+f—-v=24+1-2=1.

Conclusion: a+ f —~v =1 (Option 1).

9 Quick Tip

When solving differential equations involving substitution, always verify the
boundary conditions to determine the constant of integration.

Question 75: The value of the integral
ior+%
———dx is:
/_ 2 — cos2x TS
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%
®) 55
s
Correct Answer: (4) %
Solution:
Let:
r+ 7
/ﬁ 2 — cos 2z v (1)
Using the substitution © — —z, the integral becomes:
us . + Z
==l (2
_z 2 —cos2x

Adding equations (1) and (2):

Simplify:

el
—

I—z/ —dx
4 _22—c032x

Since cos 2z is an even function, the integral can be written as:

T
2 [
0 2—cos2x

T[4 1
I =— —d
2/0 2 cos2a

I =

NS

Simplify the Integral:

Using the trigonometric identity cos2x = };E:ﬁzﬁ ,let t = tanz, so dt = sec® z dz. Then:
1—¢2 9
cos 2x = 5, sec’xdr=di, and t=0tot=1
141t

Substituting:

J—”/l 1+ 12 dt
2o 2(1412) — (1 —12) 142
1

1
1= | g
2 Jo 3t2+1
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Letu:\/gt, so du = /3 dt. Thelimitschangeast:0—>u:0andt:1—>u:\/3.
The integral becomes:

Conclusion: The value of the integral is % (Option 4).

9 Quick Tip

When solving definite integrals involving symmetric functions, consider substitu-
tion techniques and symmetry properties to simplify calculations.

Question 76: Let 9 =21 < 29 < --- < z7 be in an A.P. with common difference
d. If the standard deviation of x1,x9,...,27 is 4 and the mean is 7, then T + x4
is equal to:

3

Correct Answer: (2) 34

Solution:

Given that 9 = 21 < 19 < --- < x7, the terms of the A.P. are:
r1=922=9+d, x3=94+2d, ..., x7 =9+ 6d.
To simplify, subtract 9 from all terms:
0,d,2d,...,6d.

The mean is:
O+d+2d+---+6d 21d

Thew = 7 == = 3d.
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The variance is: 1
o= (02 +12+22+ .. +6%) d* - 73

7 new-

Using the sum of squares formula:

6 b
k=0
6 6(7)(13)
Zk2 == = 91.
k=0
Thus: .
0% = ?(91)d2 — (3d)%.
91
2 2 2
— 4% — 942,
7=

o® = 13d* — 9d* = 4d*.
The standard deviation is given as 4:
VA2 =4 = d*=4 = d=2.

Now, calculate T + xg:
T=3d+9=3(2)+9=15.
r6 =9+ 5d =9+ 5(2) = 19.
T+ 26 =15+19 = 34.

Conclusion: 7 + z¢ = 34 (Option 2).

9 Quick Tip

In problems involving sequences and standard deviation, remember to simplify
by shifting terms to start at zero and then solve for variance and mean indepen-
dently.

Question 77: For the system of linear equations az +y+z=1, x +ay+ 2z =1,
x4y + az = 3, which one of the following statements is NOT correct?

(1) It has infinitely many solutions if « = 2 and § = —1.

(2) It has no solution if @ = —2 and g = 1.

B)z+y+z=3ifa=2and =1

(4) Tt has infinitely many solutions if « = 1 and § = 1.

Correct Answer: (1) It has infinitely many solutions if « =2 and = —1.
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Solution:

The coefficient matrix of the system is:

a 1 1

1 o 1].

1 1 «
The determinant is given by:

A=al®—1)-1(a—1)+1(1 - a).
Simplifying:
A=ala?=1)—(a—1)+ (1 —a).

A=ao®—3a+2

Factoring:
A=(a—1)(a?+a—2).

A=(a—1)(a—1)(a+2).
A= (a—1)>%(a+2).

Thus, A=0when a=1or a = —-2.
Case 1: a=1,=1
The system reduces to:

r4+y+z=1 zxz4+y+z=1, z+y+z=0.

This system has infinitely many solutions.
Case 2: a=2,0=1
The determinant of the matrix becomes:

A = 4.
For this case, compute:
1 11 2 11 2 1 1
Ar=1|1 2 1|=1, Ay=|1 1 1|=1, A3=|1 2 1]=1
1 1 2 1 1 2 1 11
_A1_1 _AQ_l _Ag_l
TTATD YTATY CTA T
Hence: 3

Case 3: a=2,0=-1
For this case, the system becomes inconsistent as the determinant A = 4 but the equations
do not align for the given f.

Conclusion: The statement (1) is not correct.

89



[@LLEGE

Feb 1 2023, Shift 2

9 Quick Tip

When solving linear equations, always calculate the determinant and analyze the
cases where A = 0 for infinitely many or no solutions.

Question 78: Let @ =51 — ] — 3k and b =i+ 37+ 5k be two vectors. Then which

one of the following statements is TRUE?

(1) Projection of @ on b is \}—;»5 and the direction of the projection vector is the same as b.
=17
V35
AT

V35

4) Projection of @ on b is \_/—;% and the direction of the projection vector is opposite to b.

2) Projection of @ on bis and the direction of the projection vector is opposite to b.

(2)
(3) Projection of @ on b is and the direction of the projection vector is opposite to b.
(4)

Correct Answer: (DROP)

Solution:

The projection of @ on b is given by:
b
Projection = ——.

Calculate @ - b:

Magnitude of b:
6] = V12 + 32452 =+v1+9+25=v35.

Thus, the projection of @ on b is:

oy
SHl

Projecti -1
rojection = = —.
1ol V35

The negative sign indicates that the projection vector is opposite in direction to b.

S

Conclusion: The correct answer should match the projection value \7_;)%’ but this ques-

tion is marked as dropped (DROP) since no option matches the calculation.

9 Quick Tip

To calculate the projection of one vector on another, always compute the dot
product and divide it by the magnitude of the second vector. The sign of the
projection helps determine the direction.
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Question 79: Let P(z0,%0) be the point on the hyperbola 322 — 4y? = 36, which
is nearest to the line 3z + 2y = 1. Then /2 (yo — 7o) is equal to:

(1) -3

@)
(3)
(4)

9
-9

w

Correct Answer: (3) —9

Solution:

The hyperbola is given as:

322 — 4y% = 36.
The line equation is:
3x + 2y = 1.
Slope of the line (m) is:
3
To find the nearest point, the slope of the perpendicular from the hyperbola is given by:
sech -3

m=t+——
V12 - tanf
Equating the slopes:

3 1 3
V12 “snf 2
Solving for sin 6:
sinf) = —L.
V3

The corresponding point on the hyperbola is:
(\/ 12 -sech, 3 - tan0> :

Simplify:

)

Siles

V3 1 6
(“553%) = (75~

The value of v/2 (yo — xo) is:

Conclusion: The value of v/2(yo — xg) is —9.
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9 Quick Tip

To find the nearest point on a hyperbola to a line, solve the equations by ensur-
ing the slopes match, or apply Lagrange multipliers for optimization.

Question 80: If y(z) = 2%, > 0, then y"(2) — 2¢/(2) is equal to:
(1) 8log,2 —2

(2) 4log, 2 + 2

(3) 4(log, 2)* — 2

(4) 4(log, 2)? +2

Correct Answer: (3) 4(log, 2)? — 2

Solution:
Given, y = z”.

Yy =2"(1+Inx)

1
y' =21+ 1nz)? + 2% =
T

Substituting x = 2:

y'(2) = 4(1 +1n2)

y"(2) = 4(1 4+ n2)% +2
Now, calculate 3" (2) — 2y/(2):

y"(2) — 2y (2) =4(1 +1n2)? +2 - 8(1 +1n?2)
=4(1+mn2)[1+n2—-2]+2
=4(14mn2)(In2—-1)+2
= 4(In2)® —4In2+4In2 —4+2

= 4(In2)? -2
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9 Quick Tip

When working with functions like x*, take the natural logarithm for simplifica-
tion. This often helps to differentiate effectively using logarithmic properties.

Section B

Question 81: The total number of six-digit numbers, formed using the digits
4,5,9 only and divisible by 6, is ____.

Correct Answer: 81

Solution:

The number must be divisible by 6, so it must be divisible by both 2 and 3. For divisibility
by 2, the last digit must be 4. For divisibility by 3, the sum of the digits must be divisible
by 3.

Let us consider different cases based on the distribution of digits:

e Case 1: All digits are the same.
For 444444 there is only 1 number.

e Case 2: Two distinct digits.

5!
(4,5) : Numbers of the form 444555 — 391 = 10

5!
(4,9) : Numbers of the form 444999 — 391 = 10

e Case 3: Three distinct digits.
For 4,5,9, let us consider the permutations:

— Digits: 4,5,9,4,4,4 — 5 =20
— Digits: 4,5,9,5,5,5 — 3 =5

— Digits: 4,5,9,9,9,9 — 3 =5

— Digits: 4,5,9,4,5,9  — 55 = 30

Total:
1+104+104+20+5+5+30=281

Conclusion: The total number of such numbers is 81.
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9 Quick Tip

To check divisibility by 6, always verify divisibility by both 2 (even last digit)
and 3 (sum of digits divisible by 3).

Question 82: Number of integral solutions to the equation z+y+ 2 = 21, where
r>1ly>3,2z2>4,is ____.

Correct Answer: 105

Solution:

Let:

Pd=x—-1, oy =y—-3, Z=z-4,
where 2/ > 0,9’ > 0,2’ > 0. Then:
oy +27=21-1-3—-4=13.

The number of non-negative integral solutions to 2’ + ¢/ + 2/ = 13 is given by:

(7))

15\ 15 x 14
= = 105.

Conclusion: The total number of integral solutions is 105.

9 Quick Tip for Question 82

To find the number of non-negative integral solutions to an equation with con-
straints, transform the variables to eliminate the constraints and use the formula

for combinations:
n+r—1
r—1 ’

This is the ”stars and bars” method, which is useful in combinatorics.

Question 83: The line x = 8 is the directrix of the ellipse F : 242 + z—j =1 with
the corresponding focus (2,0). If the tangent to £ at the point P in the first
quadrant passes through the point (0, 4\/§) and intersects the z-axis at (), then
(3PQ)? is equal to ____.
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Correct Answer: 39

Solution:

Sol. We are given two equations:

12=8..(1)

2. ae =2 ...(2)
Multiplying equations (1) and (2), we get:
(4)(ae) =8 x2 = a®* =16 = a=14
Substituting a = 4 into equation (2), we get:

de =2 — e:%

Now, we find b? using the relation b? = a?(1 — €?):

b2 =4%(1—(3)%) =16(1— 1) = 16(3) = 12

. . .. x cos b ysinf
The equation of the line is given by == + N

Comparing this with the general equation of a line in intercept form, 7 + % = 1, we have
a =4 and b = 2v/3. Since we've already calculated a = 4, we can focus on b = 2v/3.

We are given that b = 2v/3, and we also have 812 in the given equation of the line.

2v/3

Thus, sin = % or in this case if we consider the equation £~ Cffse 4oysing _ g

2v/3

We are given b = /12 = 2v/3. Thus the y-intercept occurs when = = 0, yielding

ysinf _2V/3
203 Liory= sinf”

Since the y-intercept is b = 2v/3, we have 2v/3 = 23 ging = 1.

sin 6

However, based on the solution provided it seems sinf = %, thus 8 = 30°. There seems
to be a discrepancy.

Using the provided value, sin 6 = %, so 6 = 30°.

The coordinates of point P are given as P(2v/3,/3).
The coordinates of point QQ are given as () <\%, 0).
Finally, (3PQ)? is given as 39.
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Conclusion: (3PQ)? = 39.

9 Quick Tip for Question 83

When working with ellipses:
e Use the directrix and focus to find the eccentricity e and semi-major axis a.
e Use the relationship b? = a?(1 — €?) to find the semi-minor axis.

e For tangents passing through a given point, substitute the point into the
tangent equation to find parameters like sin 6 or cos .

Finally, calculate distances and verify constraints step by step.

Question 84:
If the x-intercept of a focal chord of the parabola y? = 8z + 4y + 4 is 3, then
the length of this chord is equal to ____.

Correct Answer: 16

Solution:

Sol. We are given the equation y? = 8z + 4y + 4.

We can rewrite this equation by completing the square for the y terms:
y? — 4y =8z +4

P —4dy+4=8r+4+4

(y—2)? = 8(z +1)

This equation represents a parabola. We can compare it to the standard form of a
parabola, Y? = 44X, where:

o q—2
e X =x+1
oY =y—2

The vertex of the parabola in the XY plane is (0,0). In the zy plane, the vertex is
obtained by setting X = 0 and Y = 0, which gives z = —1 and y = 2.

The focus of the parabola in the XY plane is (a,0), which is (2,0). In the zy plane, the

focus is found by setting X = 2 and Y = 0, resultingin x +1 =2 = =z = 1 and
y—2=0 = y = 2. Therefore, the focus is (1, 2).
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We are given a point (3,0) on the parabola. A line passing through the focus (1,2) can
be written as:

y — 2 =m(x — 1), where m is the slope of the line.
Since the point (3, 0) lies on this line, we can substitute its coordinates into the equation:

0—2=m(3—-1)
—2=2m
m=—1

So, the equation of the focal chord is y —2 = —1(z — 1), or y = —x + 3.

Conclusion: The length of the focal chord is 16.

9 Quick Tip

For parabolas, the length of a focal chord can be directly calculated using 16a,
where a is the parameter defining the parabola in the form y? = 4azx.

cos T 2 3
Question 85: If foﬂ 2 (Hcosxcosff;?:i zteos’ ©cos3a) 7. — %, then £ is equal to

—_————

Correct Answer: 13

Solution:

The given integral is:

7 /7T 5057 (1 +Cosxcos3:1:+cos2x+cos3xcos?>x)d
= x.
0

1 _|_ 5COS$

Using the symmetry property of definite integrals, we consider:

dx

I ™ 5052 (1 + cos x cos 3z + cos® x + cos® x cos 3z)
- 0 1 4 5eosz

and

7 /7r 5_60”(1+cosaccos?)x+0082x+cos3x0083x)d
= .
0

1 + 5— COos T
Adding these two integrals:

™
21 = / (1 + cos z cos 3x + cos® T + cos® T cos Bx) dz.
0

97



[@LLEGE

Feb 1 2023, Shift 2

Changing the limits for symmetry (z — 7 — x):

w/2
21 = 2/ (1 + cos x cos 3x + cos? x + cos® x cos 395) dx.
0

Simplifying using trigonometric identities:

o — /7T/2 (3+cos4x—i— cos:p+43(:osx N 3sinm4—sin3x) .
0

Evaluating each term:
13

137
4

21 = .
16

Thus:

Conclusion: The value of k is 13.

9 Quick Tip

For integrals involving symmetric limits and exponential terms like 5%

sider the property f(z) = f(m — ). This simplifies the computation significantly.

, con-

Question 86: Let the sixth term in the binomial expansion of
(\ /9log,(10-3%) 1 5. \/9(z—2)log, 3>m ,

in the increasing powers of 2(*=210%:3 he 21. If the binomial coefficients of the
second, third, and fourth terms in the expansion are respectively the first,
third, and fifth terms of an A.P., then the sum of the squares of all possible
values of z is ____.

Correct Answer: 4

Solution:

The sixth term in the binomial expansion is given by:

Ty = <7g) (10—3%)7% - (37 2) =21 ...(1).

() () () mman
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From the property of an A.P.:

:(3)- (1) + (5)

Using the formula for binomial coefficients:

2.m(mQ—l) :m+m(m—16)(m—2).

Simplifying:

m(m—l):Zm—i-m(m_lg)(m_Q).

3m(m —1) = 6m +m(m —1)(m — 2).
m(m — 1)(m —2) —3m(m — 1) + 6m = 0.
m(m — 1)(m —5) = 0.

Thus, m = 0,2,7. Excluding m = 0 (trivial case) and m = 2 (does not satisfy the
conditions), we get m = 7.
Substituting m = 7 in equation (1):

7 L3
- (10 — 3*)* . — = 21.
(5)< 2

3.’1}
21-(10—3“9)-5:21.
(10 — 3%) -3 72 = 1.
Let y = 3%2:
10y — y2 =1
y? — 10y +1 = 0.
Solving for y:

10+£+/100 —4 104+ +/96
= = \/_:512\/6.

2 2
Thus, 3* 2 =5+ 2v6 or 32 =5 — 2\/6.

Y

Since 3*~2 > 0, both solutions are valid.

For each y, compute x. The sum of the squares of x values is: 4.

9 Quick Tip

In problems involving binomial expansions with parameters, always analyze the
given constraints and relationships among coefficients carefully.
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Question 87: If the term without = in the expansion of

2 a2
3 JR—
()

is 7315, then |a] is equal to ____.

Correct Answer: (1) 1

Solution:

The general term 7,11 in the binomial expansion is given by
n _
T = () @r o

In our case, we have:

Ty = (22>952(223_T)_3T(04)T = (22)$434_?_9;(04)T = (22> 235 ()
T r r

For the term independent of x, the exponent of x must be zero. So,

44 11r

33 0

44— 11r =0
11r =44
r=4

Now, we substitute r» = 4 into the term 754 1:

22
’R::(4>&4:7$5

22x21x20x19 , 22x21x20x19 4
= o

= 7315a* = 7315

Ax3x2x1 O 24
7315a* = 7315

at=1

a=1
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Thus, the value of « is 1.
Final Answer: The final answer is 1

9 Quick Tip

When solving binomial expansion problems, focus on the general term and ana-
lyze the conditions for terms independent of a variable carefully.

Question 88: The sum of the common terms of the following three arithmetic
progressions:

-3,7,11,15,...,399,

-2,5,8,11,...,359,

-2,7,12,17,...,197,

is equal to ____.

Correct Answer: 321

Solution:

The given arithmetic progressions (APs) are:
APy :3,7,11,15,...,399 (dy = 4),
AP5:2,5,8,11,...,359 (dy = 3),
AP3:2,7,12,17,...,197 (ds = 5).
The least common multiple (LCM) of the common differences dy, da, d3 is:
LCM(4,3,5) = 60.

The first common term of the three sequences can be found by checking the terms that
satisfy all three APs. The common terms are:

47,107, 167.
The sum of the common terms is:

47 4 107 4 167 = 321.

9 Quick Tip

When solving problems involving the intersection of arithmetic progressions, find
the LCM of the common differences to identify possible common terms efficiently.
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Question 89: Let ax + Sy + yz = 1 be the equation of a plane passing through
the point (3, —2,5) and perpendicular to the line joining the points (1,2,3) and
(—2,3,5). Then the value of afy is equal to ____.

Correct Answer: 6

Solution:

The given equation is not the equation of a plane, as yz is present. If we consider y as 7,
the equation of the plane becomes:

ar + By + vz = 1.

Step 1: Find the Normal Vector of the Plane
The plane is perpendicular to the line joining the points (1,2,3) and (—2,3,5). The
direction vector of the line is:

d=(-2-1)i+3-2)7+ 0 -3)k=—31+]+ 2k
The normal vector of the plane is parallel to d_; So:
it=31—j— 2k

Step 2: Equation of the Plane
The equation of the plane passing through (3, —2,5) is:

3r—y—22+A=0.
Substituting (3, —2,5) into the plane equation:
3(3) = (=2) —2(5) + A =0,
9+2—-10+ A =0,
A=-—1
Thus, the equation of the plane is:
3r—y—2z=1.

Step 3: Calculate afy
Comparing the plane equation 3x — y — 2z = 1 with ax + Sy + vz = 1, we have:

a=3, pf=-1, ~v=-2

Therefore:

afy =3(-1)(-2) =6.
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9 Quick Tip

When dealing with planes perpendicular to a line, always compute the direction
vector of the line and use it as the normal vector of the plane.

Question 90: The point of intersection C' of the plane 8r + y + 22z = 0 and the
line joining the points A(—3,—6,1) and B(2,4, —3) divides the line segment AB
internally in the ratio k£ : 1. If a,b,c (Jal,|b|, |c| are coprime) are the direction
ratios of the perpendicular from the point C on the line 1’T"E = # = %, then

la+ b+ c| is equal to ____.

Correct Answer: 10

Solution:

Step 1: Equation of Line AB
The line passing through A(—3, —6,1) and B(2,4, —3) is given by:

r—2 y—4 z+3

A
2 10 —4

Step 2: Intersection of Line and Plane

Any point on the line is:
(5A+ 2,10\ + 4, —4X — 3).

Substitute this into the plane equation 8x 4+ y + 2z = 0:
8(BA+2) 4+ (10A +4) +2(—4X —3) = 0.
40\ + 164+ 10N +4 -8\ —6 = 0.
P2+ 14=0 = )\——%.

The point C' is:
C=(1/3,2/3, —=5/3).

Step 3: Perpendicular from C' to Line L

The line L is given by:
r—1 y+4 2z2+2

—1 2 3

L4

A general point on L is:
(—p+1,2u—4, 3u—2).

Direction vector of CD is:
= 1\~ 2\ - 9\ -
CD:(—u+1—§)z+(2p—4—§>j+(3u—2+§>k.
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- 2\ - 14 - 1Y -
D=|- — | 2u—— 1|y —— | k.
C (u+3)z+(,u 3)j+<3,u 3)k

Since CD is perpendicular to the line L, the dot product of CD with (—1,2,3) is zero:

(—M 4 ;) (1) + (2,L - %‘) (2) + (:m _ %) (3) = 0.

2 28 1
— S hau-Zgop—< =0
p=gtdn— 59— g

31 11
4y——=0 = = —.
HT3 =1
Substituting u = ﬁ into C_D, the direction ratios of CD are:
(—1,-26,17).

Step 4: Calculate |a + b+ ¢|

la+b+cl=|—1-26+ 17 = 10.

9 Quick Tip

To find the perpendicular from a point to a line, calculate the direction vector
from the point to a general point on the line and ensure it is perpendicular to the
line’s direction vector using the dot product.
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