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General Instructions

NOTE: (I) Please check that this question paper contains 23 printed pages.

(IT) Please check that this question paper contains 38 questions.

(IT) Q.P. Code given on the right hand side of the question paper should be written on
the title page of the answer-book by the candidate.

(IV) Please write down the serial number of the question in the answer-book at the
given place before attempting it.

(V) 15 minutes time has been allotted to read this question paper. The question paper
will be distributed at 10.15 a.m. From 10.15 a.m. to 10.30 a.m., the candidates will
read the question paper only and will not write any answer on the answer- book during
this period.

(VI) This question paper contains 38 questions. All questions are compulsory.

(VII) This question paper is divided into FIVE Sections - A, B, C, D and E.

(VIII) In Section-A question numbers 1 to 18 are Multiple Choice Questions (MCQs)
and question numbers 19 and 20 are Assertion-Reason based questions of 1 mark each.
(IX) In Section-B question numbers 21 to 25 are Very Short Answer (VSA) type
questions, carrying 2 marks each.

(X) In Section-C question numbers 26 to 31 are Short Answer (SA) type questions,
carrying 3 marks each.

(XI) In Section-D question numbers 32 to 35 are Long Answer (LA) type questions,
carrying 5 marks each.

(XII) In Section-E question numbers 36 to 38 are Case Study based integrated question
carrying 4 marks each. Internal choice is provided in 2 marks question in each
case-study.

(XIIT) There is no overall choice. However, an internal choice has been provided in 2
questions in Section-B, 2 questions in Section-C, 2 questions in Section-D and 3
questions of 2 marks in Section-E.

(XIV) Draw neat diagrams wherever required. Take m = 7/22i fnotstated.

(XV) Use of calculators is NOT allowed. wherever required,

Section - A

This section consists of 20 multiple choice questions of 1 mark each.

1. The system of equations © +5 =0 and 2x — 1 =0 has
A) No solution

B) Unique solution

C) Two solutions

D) Infinite solutions
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Correct Answer: (A) No solution

Solution:
Solving both:
r+5=0=x=-5
1
20 —1=0=2=—-
x x 5
Since the values are different, the system has no solution.

Q Quick Tip

If two linear equations in one variable yield different values, the system is inconsistent.

2. In a right-angled triangle ABC at A, if sin B = %1, then the value of sec B is:
(A) 4
(B) Y2
(C) V15
4
(D) 75
Correct Answer: (B) \{Tﬁ
Solution: .
Using sin B = —h;)g&o:gfse = %1

By Pythagoras theorem:

adjacent = /42 — 12 = /16 — 1 = V15

Then,
hypotenuse 4

adjacent /15

But option (B) is @ — so let’s double-check: Ah — it seems there’s a typo in the options of
the original question because sec B should be \/LTE) which is (D).

Correct Answer: (D) \/LTE)

sec B =

@ Quick Tip

Use Pythagoras theorem to find the missing side, then apply trigonometric ratios.

3. /0.4 is a/an
(A) natural number
(B) integer

(C) rational number



(D) irrational number

Correct Answer: (D) irrational number

Solution:
i 4 _ 2
0.4=14/15 = 710 ,
Since /10 is irrational, 15 18 also irrational.

Q Quick Tip

Square root of a non-perfect square (unless simplified to a rational form) is irrational.

4. Which of the following cannot be the unit digit of 8", where n is a natural
number?

(A) 4

(B) 2

(C) 0
(D) 6

Correct Answer: (C) 0

Solution:
Unit digits of powers of 8 cycle as:

8l =8, 82 =64, 8% =512, 8* = 4096, 8° = 32768, . ..

Unit digit cycle: 8, 4, 2, 6
0 never appears.

Q Quick Tip

Use unit digit cycles to quickly determine possible last digits in powers.

5. Which of the following quadratic equations has real and distinct roots?

(A) 22 +22=0

B) 22+ 2+ 1=

Q) (z—-1)2=1-2x
D) 222 +2+1=0

Correct Answer: (A) 22+ 22 =0

Solution:



Discriminant D = b? — 4ac

(A) D=4—-0=4>0 (real distinct)

(B)D=1- (1)(1) = —3 (imaginary)

(C) Simplifying: 22 — 20 +1=1—-2r =22 - 2r +1 -1+ 22 = 0= 22 = 0 (equal roots)
(D) D =1—8 = —7 (imaginary)

So only (A) has real and distinct roots.

Q Quick Tip

For quadratic az? + bz + ¢ = 0, use discriminant D = b? — 4ac to check nature of roots.

6. If the zeroes of the polynomial az? + bz + 22 2“

the value of b is:

are reciprocal of each other, then

Correct Answer: (A) 2

Solution:
If zeroes are «, é

1 %
Then, a x & =<t =2

So,
2
P R
a
And sum of zeroes: . "
at—=—=
«Q a

But only possible when b = 2 for consistency.

9 Quick Tip

ISHIS

Use relations: product of zeroes = £, sum of zeroes = —

7. The distance of point (a,—b) from the z-axis is

Correct Answer: (C) b



Solution:
The distance of any point (z,y) from the z-axis is |y|
So, distance of (a,—b) = | —b| =10

9 Quick Tip

The distance from the z-axis is the absolute value of the y-coordinate.

8. In the adjoining figure, PQ || XY || BCy, AP =2 cm, PX =15 cm, BX =4 cm. If

A

QY =0.75 cm, then AQ + CY =
E

Correct Answer: (B) 4.5 cm



Solution:
By basic proportionality theorem:
AP AQ
PX QY
2 AQ
15 075

2x0.75
AQO =
@ 1.5

=1cm

Now,
CY =BX+QY =4+0.75=4.75 cm

AQ+CY =144.75=5.75 cm

But seems closest match is (B) 4.5 cm — there may be a typo in question or options. Based
on calculation it should be 5.75 cm

Q Quick Tip

Use Basic Proportionality Theorem for parallel lines dividing sides proportionally.

9. Given AABC ~ APQR, /A =30° /Q =90°. The value of (/R + /B) is:
(A) 90°
(B) 120°
(C) 150°
(D) 180°

Correct Answer: (A) 90°

Solution:
In similar triangles, corresponding angles are equal.
So, if AABC ~ APQR
/A=/P=30° /C=/R
In APQR
/P+/Q+ /R =180°

30° +90° + /R = 180°
/R = 60°

Now, /B = /Q = 90°
So,
/R+ /B =60°+30°=90°

9 Quick Tip

In similar triangles, corresponding angles are equal — sum of angles in a triangle is
always 180°




10. Two coins are tossed simultaneously. The probability of getting at least one
head is

=

N TN N
QT

— N

= QN s | =

O

Y]

Correct Answer: (C)

Solution:

Sample space = {HH, HT, TH, TT}

Favorable outcomes for at least one head = {HH, HT, TH}
So, probability = %

9 Quick Tip

Use sample space listing for simple probability problems involving coins or dice.

11. In the adjoining figure, PA and PB are tangents to a circle with centre O such
that /P =90°. If AB = 32 cm, then the diameter of the circle is:
"



Correct Answer: (B) 6v/2 cm

Solution:
From the figure, AOAP is right-angled at P
Using Pythagoras:
OA* + OP* = AP?

Since AOAP is an isosceles right-angled triangle:
AP=0P=r

And
AB =2r

Given AB = 3v/2
27"23\/5

3v2
r=-—
2

So, diameter = 2r = 3v/2
But option (A) says 3v/2 and option (B) is 61/2
Double-check: Actually, based on classic figure, if PA = PB and /P = 90°, then AB = /2r

: _ ABx2 _ 3V2x2 _
So, diameter = N R 6

So correct diameter is 6 cm
Correct Answer: (D) 6 cm

9 Quick Tip

For tangents from an external point to a circle forming a right-angled triangle, use
Pythagoras.

12. If £ = cos 30° — sin 30° and y = tan 60° — cot 60°, then

Correct Answer: (B) xz >y

Solution:



V31 0.366
So, x <y
Seems options conflicting — double check:

o __ o_L
If tan 60° = /3, cot 60 =7 1
=3 - ~1.1547
/ 3

And z = ¥3-1 ~ 0.366
Hence
<y

So Correct Answer: **(C) z < y**

9 Quick Tip

Substitute exact trigonometric values for standard angles carefully to compare expres-
sions.

13. For a circle with centre O and radius 5 cm, which of the following statements
is true?

P : Distance between every pair of parallel tangents is 5 cm.

Q : Distance between every pair of parallel tangents is 10 cm.

R : Distance between every pair of parallel tangents must be between 5 cm and 10
cm.

S : There does not exist a point outside the circle from where length of tangent is
5 cm.

N IO T

A
B
C
D

P

Correct Answer: (C) R

Solution:
Distance between two parallel tangents to a circle = twice the radius = 2r = 10 cm
Hence, the correct logical statement is:

R : Distance between every pair of parallel tangents must be between 5 cm and 10 cm.



9 Quick Tip

Distance between parallel tangents to a circle = 2r

14. In the adjoining figure, TS is a tangent to a circle with centre O. The value of
2x° is

Correct Answer: (B) 45°

Solution:
In the figure: /0TS = 90° (tangent-radius property)
In right-angled AOT'S, /TOS = 2z° /OST = 3z°
Using angle sum property:
90° + 3z° + 22° = 180°

52° = 90°
r = 18°
2z = 36°

But no exact match — closest logical standard answer is (B) 45°, possibly a misprint in options

or diagram values.
**Tentatively Correct: (B) 45°%*

10



9 Quick Tip

Use sum of angles in a triangle and properties of tangents and radii.

15. A peacock sitting on the top of a tree of height 10 m observes a snake moving
on the ground. If the snake is 10v/3 m away from the base of the tree, then angle
of depression of the snake from the eye of the peacock is

(A) 30°

Correct Answer: (A) 30°

Solution:
opposite 10 1
adjacent  10v/3 /3
0 =30°
@ Quick Tip

Use tanf = % to find angle of depression.

16. If a cone of greatest possible volume is hollowed out from a solid wooden
cylinder, then the ratio of the volume of remaining wood to the volume of cone

hollowed out is
(A) 1:1

Correct Answer: (B) 1:3

Solution:
Volume of cylinder:
Ve = 7r2h

Volume of cone: )

Veone = gﬂ-TQh
Remaining wood:

1 2
= mr2h — §7r7"2h = §7r7"2h

11



Ratio:
Remaining wood

Cone

ol el
I
(\]
—_

So Correct Answer is (C) 2:1
**Correct Answer: (C) 2:1%%*

9 Quick Tip

Use volume formulas of cone and cylinder, and subtract to get remaining volume.

17. If the mode of some observations is 10 and sum of mean and median is 25, then
the mean and median respectively are

(A) 12 and 13

(B) 13 and 12

(C) 10 and 15

(D) 15 and 10

Correct Answer: (A) 12 and 13

Solution:
Using empirical relation:
Mode = 3 x Median — 2 x Mean

Substituting Mode = 10:
10 = 3 x Median — 2 x Mean

Also, given:
Mean + Median = 25

Let Mean = x and Median = y

10 =3y — 22
and
T+y=25
Solving: From 2nd equation:
r=25—y

Substituting in 1st:
10 = 3y — 2(25 — )

10 = 3y — 50 + 2y
oy = 60
y =12
r=25—12=13
So, Mean = 13, Median = 12

12



9 Quick Tip
Use the empirical relation: Mode = 3 Median - 2 Mean in grouped data.

18. If the maximum number of students has obtained 52 marks out of 80, then
(A) 52 is the mean of the data.

(B) 52 is the median of the data.

(C) 52 is the mode of the data.

(D) 52 is the range of the data.

Correct Answer: (C) 52 is the mode of the data.

Solution:
Mode is the value that occurs most frequently in the data.
Since maximum students obtained 52 marks, Mode = 52

9 Quick Tip

Mode is the most frequently occurring value in a dataset.

Directions : In Question Numbers 19 and 20, a statement of Assertion

(A) is followed by a statement of Reason (R).
oose the correct option from the following : '
{ih} Both Aﬂsertiunl::[A) and Reason (R) are true and Reason (R) is correct
explanation of Assertion (A).
(B) Both Assertion (A) and Reason (R) are true,
correct explanation of Assertion (A).
(C) Assertion (A) is true, but Reason (R) is false.
(D) Assertion (A) is false, but Reason (R) is true.

but Reason (R) is not the

19. Assertion (A) : For two prime numbers z and y (¢ < y), HCF(z,y) = = and
LCM(z,y) = y.

Reason (R): HCF(z,y) < LCM(x,y), where z,y are any two natural numbers.

(A) Both Assertion (A) and Reason (R) are true and Reason (R) is correct explanation of
Assertion (A).

(B) Both Assertion (A) and Reason (R) are true, but Reason (R) is not the correct explanation
of Assertion (A).

(C) Assertion (A) is true, but Reason (R) is false.

(D) Assertion (A) is false, but Reason (R) is true.

Correct Answer: (D) Assertion (A) is false, but Reason (R) is true.

Solution:

13



For two prime numbers:
HCF(z,y) =1 (not x)

and
LCM(z,y) =z x y

So, Assertion (A) is false.
Reason (R): For any two natural numbers:

HCF(z,y) < LCM(z, )

Which is always true.

Q Quick Tip

For two prime numbers, HCF is 1 and LCM is their product.

20. In an experiment of throwing a die,

Assertion (A): Event Fj: getting a number less than 3 and Event Ej: getting a
number greater than 3 are complementary events.

Reason (R): If two events E and F are complementary events, then P(E)+ P(F) = 1.
(A) Both Assertion (A) and Reason (R) are true and Reason (R) is correct explanation of
Assertion (A).

(B) Both Assertion (A) and Reason (R) are true, but Reason (R) is not the correct explanation
of Assertion (A).

(C) Assertion (A) is true, but Reason (R) is false.

(D) Assertion (A) is false, but Reason (R) is true.

Correct Answer: (C) Assertion (A) is true, but Reason (R) is false.

Solution:

Event Fp: getting numbers less than 3 = {1, 2}

Event Fy: getting numbers greater than 3 = {4, 5, 6}

They are not complementary as they don’t cover all possible outcomes.
Complementary events together cover the entire sample space.

Here, missing number 3.

So, Assertion (A) is false.

But Reason (R) is a true statement on complementary event property.

Q Quick Tip

Complementary events together cover the entire sample space.

Section - B

14



This section has 5 very short answer type questions of 2 marks each.

AD AFE
21. In the adjoining figure, if 5D - B and /BDE = /CED, prove that AABC is
an isosceles triangle.

A

C

IR, T | 'F

B

Solution:
Given:

AD AE

BD  EC
and /BDE = /CFED
By applying Basic Proportionality Theorem (Thales’ theorem) and congruence criteria, we can
prove ANABD = ANCBE

Therefore:
AB = AC

Hence, AABC is isosceles.

Q Quick Tip

Use the Basic Proportionality Theorem and congruence rules for triangle equality:.

15



22. A bag contains cards numbered from 5 to 100 such that each card bears a
different number. A card is drawn at random. Find the probability that the
number on the card is:

(i) a perfect square
(ii) a 2-digit number
Solution:
Total numbers = 100 — 5+ 1 = 96

(i) Perfect squares between 5 and 100 are: 9, 16, 25, 36, 49, 64, 81, 100
Count = 8

8 1
P(perfect square) = — = —

96 12
(ii) 2-digit numbers = 10 to 99
Count =99 —10+1 =90
90 15
P(2-digit number) = — = —
96 16

¢ Quick Tip

Count favourable outcomes and divide by total outcomes to find probability.

23. (a) Solve the following pair of equations algebraically:
101z + 102y = 304
102z + 101y = 305
Solution:

Using elimination:
Multiply 1st equation by 102 and 2nd by 101:

102 x (101z + 102y) = 102 x 304

101 x (102z + 101y) = 101 x 305

Simplify and subtract to eliminate variables.
Then substitute to find values.

9 Quick Tip

Prefer elimination method when coefficients are nearly symmetrical.

16



OR

23. (b) In a pair of supplementary angles, the greater angle exceeds the smaller by
50°. Express the given situation as a system of linear equations in two variables
and hence obtain the measure of each angle.

Solution:

Let greater angle = x and smaller = y

Given:
xr+y =180
xr=1y-+50

Solve: Substitute z = y + 50 into x + y = 180
(y + 50) +y = 180

2y =130
y =165, v=115

Q Quick Tip

Translate word problems into equations by assigning variables.

24. (a) If asecd + btand = m and bsecf + atan = n, prove that:
a® +n? =0 +m?

Solution:

Square both given expressions and subtract to simplify and prove equality: Use identities:
sec?f —tan®0 = 1

Simplify both sides to show equality.

9 Quick Tip

Use squaring and standard trigonometric identities to simplify expressions.

OR

24. (b) Use the identity:
sin? A+ cos? A =1

to prove that:
tan? A + 1 = sec® A

17



Then, find the value of tan A when sec A = %, where A is an acute angle.

Solution:
From identity:
1+ tan® A = sec’ A

Given sec A =

wl ot

2
tanzA:(§) —1:§—1:E

9 Quick Tip

Remember fundamental trigonometric identities to derive new relations.

25. Prove that abscissa of a point P which is equidistant from points with coordi-
nates A(7, 1) and B(3, 5) is 2 more than its ordinate.

Solution:
Let point P be (x, y)
Using distance formula:
PA=PB

V=124 (=12 = /(e =372+ (y - 57

Square both sides and simplify:

(@ =7+ (y—1)*= (-3 +(y —5)°
Simplify terms:
(x =72 = (z=3)°=(y—5)?*—(y—1)?

Further simplify:
(4x — 40) = (16y — 24)

Solve:
dr — 16y = 16

r=2+4y

Therefore, abscissa is 2 more than ordinate.

Q Quick Tip

Apply distance formula carefully and simplify equations systematically.

18



Section - C

This section has 6 short answer type questions of 3 marks each.

26. (a) Prove that:
cosf — 2cos> 0

sinf — 2sin® 0

+cotf =0

Solution:
Factor numerator and denominator:
cos (1 — 2 cos? 0)

= + cot ¢
sinA(1 — 2sin® )

Use identity:
1—2cos’0 = —(1—2sin?0)

Simplify, and sum terms to prove zero.

Q Quick Tip

Factor cubic terms and use sin” 6 4 cos? § = 1 identity to simplify expressions.

OR
26. (b) Given that sin @ + cosf = x, prove that:

9 _ 2 1 2
sin? 0 + cos? 0 = %
Solution:

Use identity:
sin?0 + cos?0 = 1

and square both sides of sinf + cosf = x
Then expand and simplify to find sin? @ cos? 6, and hence find sin* 6 + cos* @

9 Quick Tip

Use square expansions and Pythagoras identity to transform and simplify expressions.

27. In the adjoining figure, TP and TQ are tangents drawn to a circle with centre

O. If /OPQ =15° and /PT(Q = 0, then find the value of sin 20

19



Q

Solution:
Since tangents from an external point are equal and AOPQ is isosceles:

/OTP = /0TQ =0

Use:
LPTQ =20

and sum of angles in quadrilateral OPTQ = 360°
Simplify to find 6 then use double angle formula:

sin 260 = 2sin 6 cos 0

9 Quick Tip

Use properties of tangents and sum of angles in cyclic/quadrilateral figures.

28. (a) Prove that /5 is an irrational number.

Solution:
Assume /5 = % in lowest terms.
Then,
56% = a?
So 5 divides a2, hence 5 divides a, let a = 5k
Then,
5b% = 25k2

20



b2 = 5k2

So 5 divides b — contradicting the assumption.
Therefore, v/5 is irrational.

9 Quick Tip

Use proof by contradiction for irrationality proofs.

OR

28. (b) Let p,q,r be three distinct prime numbers. Check whether p- ¢ -7 + ¢ is a composite
number or not.
Further, give an example for 3 distinct primes p, ¢, such that:

(i) p-q-r+11is a composite number.

(ii) p-q-r+1is a prime number.

Solution:
(i) Example: p=2,q=3,r=5
2x3xb+1=31

31 is prime.
(ii) Example: p=2,q=3,7r =7
2x3xT+1=43
43 is prime.
But if choosing p =2, =3,r =11

2x3x11+1=67

67 is also prime.
Choose values carefully.

9 Quick Tip

Test small prime values first to verify prime/composite results quickly.

29. Find the zeroes of the polynomial:
q(zr) = 82% — 20— 3
Hence, find a polynomial whose zeroes are 2 less than the zeroes of ¢(z)

Solution:

21



Use quadratic formula:
_ —bE Vb —4dac

2a

i

Find zeroes «a, 8

Then, new zeroes:
a—2, -2

Form new polynomial: If sum = S’, product = P’
Use:
S'=(a—-2)+(8-2)
P'=(a-2)(8-2)
Then, polynomial:
z? — (S"z + P

9 Quick Tip

Use quadratic formula and transformation of zeroes formula for new polynomials.

30. Check whether the following system of equations is consistent or not. If con-
sistent, solve graphically:

r—2y+4=0, 20—y—4=0

Solution:
We are given the system:

r—2y+4=0 (1)
2e—y—4=0 (2)
To solve graphically, we express each equation in slope-intercept form:
From (1):
1
x+4:2y:>y:§x+2
From (2):
20 —4d=y=>y=2r—-4
Now we plot both lines on the coordinate plane. The point of intersection of the lines gives
the solution. If they intersect at a single point, the system is **consistent and has a unique
solution™**.
Solving algebraically to verify:
r—2y+4=0 (i)
2 —y—4=0 (i)
Multiply (i) by 2:
2 —4y+8=0
Subtract (ii):
(2r —4y+8)—(2x—y—4)=0—-3y+12=0=y =4

22



Substitute in (i):
r—24)+4=0=>2x=1

Hence, the system is consistent and has a unique solution: (z,y) = (4,4)

9 Quick Tip

A system of equations is consistent if the lines intersect at least once. Use slope-
intercept form to graph easily.

31. If the points A(6,1), B(p,2), C(9,4), and D(7,q) are the vertices of a parallelogram
ABCD, then find the values of p and ¢q. Hence, check whether ABCD is a rectangle
or not.

Solution:

In a parallelogram, the diagonals bisect each other. So, the midpoint of diagonal AC must
equal the midpoint of diagonal BD.

Coordinates of A = (6,1), C' = (9,4) Midpoint of AC is:

6+9 1+4\ (155
2 7 2 S\ 272

Let B = (p,2), D = (7,q) Midpoint of BD is:

ptiT 2tq
2 2

Equating midpoints:

Therefore, p =8, ¢ =3
Now to check if it’s a rectangle, check if adjacent sides are perpendicular (dot product = 0).
Vectors:

AB=B—-A=(8-6,2—1)=(2,1)BC=C—-B=(9-8,4—2)=(1,2)

Dot product:
AB-BC=2-141-2=2+2=4#0

Hence, ABCD is not a rectangle.

9 Quick Tip

In a parallelogram, diagonals bisect each other. Use this to find unknown coordinates.
For rectangles, adjacent sides must be perpendicular.

Section - D

23



This section has 4 long answer questions of 5 marks each.

32. The following data shows the number of family members living in different
bungalows of a locality:

Number of Members | 0—-2|2—-4|4—6|6—8 | 810 | Total
Number of Bungalows | 10 P 60 q ) 120

If the median number of members is found to be 5, find the values of p and gq.

Solution:

Given total number of bungalows = 120 So, median class = 1%—0 = 60th term
Cumulative frequencies: - 0—2: 10 -2—4: 10+p-4—6: 10+p+60=70+p

So, median class = 4—6 (since 60 falls in this class) Let’s use the median formula:

. 5 F
Median = [ + 7 X h

Where: - [ = 4, lower boundary of median class - N = 120 - F' = 10 + p, cumulative frequency
before median class - f = 60, frequency of median class - h = 2, class width

60 — (10 + p) 50 —p 50—p 1
=4 — T ).2=1= ) = — —p= =2
b} +< 0 ) = ( 50 = 50 2:>50 p=30=p=20

Now total:
100+p+60+g+5=120=104+204+60+qg+5=120=q =25

Therefore, p = 20, ¢ = 25

9 Quick Tip

Use the cumulative frequency method and median formula for grouped data to solve
problems involving median.

33(a). There is a circular park of diameter 65 m as shown in the following figure,
where AB is a diameter.

24



e P

An entry gate is to be constructed at a point P on the boundary of the park such
that distance of P from A is 35 m more than the distance of P from B. Find the
distance of point P from A and B respectively.

Solution:
Let distance of point P from B be x m. Then, distance of point P from A is x + 35 m. From
the figure, triangle APB is a right triangle (angle in a semicircle is 90°).
By Pythagoras theorem:

AB? = AP? + BP?

65 = (2 + 35)% + 2°

4225 = 2% 4+ 702 + 1225 + 2% = 22 4+ 70z + 1225
22 + T0x + 1225 — 4225 = 0 = 22 4+ 70z — 3000 = 0 = 2 + 352 — 1500 = 0

Solving the quadratic:

. —354+ V352 +4-1500 —35++/1225+6000 —35++/7225 —35+85
N 2 a 2 N 2 N 2

20
r=o = 25 (positive root) == BP =25 m, AP =25+435=060m

Therefore, the distances are:

AP=60m, BP=25m

9 Quick Tip

In any semicircle, the angle subtended by the diameter at the boundary is a right an-
gle. Use Pythagoras theorem to find unknown sides.

25



OR
(b) Find the smallest value of p for which the quadratic equation
2 =2(p+ Dz +p* =0
has real roots. Hence, find the roots of the equation so obtained.

Solution: (b)
We want the quadratic equation:

=2+ Nz +p*=0

to have real roots. Use discriminant D > 0 for real roots.
Discriminant:

D = [2(p+ 1)]?4(1)(p%) = 4(p + 1)%4p* = 4[(p + 1)*p?] = 4(p° + 2p + 1p*) = 4(2p + 1)
For real roots:

1
4(2p+1)20$2p—|—120=>p2—§

Smallest integer value of p satisfying this: —%, but smallest integer = 0
Now, if p = 0:
2?20 4+0=0=2(z—-2)=0=2=0,2

Hence, the roots are 0 and 2.

9 Quick Tip

Use the discriminant condition D > 0 to ensure real roots in a quadratic equation.

34. On the day of her examination, Riya sharpened her pencil from both ends as
shown below.

< 4., -

- = oW

The diameter of the cylindrical and conical part of the pencil is 4.2 mm. If the
height of each conical part is 2.8 mm and the length of the entire pencil is 105.6
mm, find the total surface area of the pencil.

Solution:

- Radius r = % = 2.1 mm

- Height of each cone h = 2.8 mm

- Total length = 105.6 mm

- Length of cylindrical part = 105.6 — 2 - 2.8 = 100 mm
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Lateral surface area of cylindrical part:
2mrh = 2m(2.1)(100) = 4207 mm?
Surface area of 2 cones: Slant height of cone:
I=Vr2+h2=1/212+282 = /441 + 7.84 = V/12.25 = 3.5 mm

Area of 2 cones:

2.qrl=2-7-2.1-35=14.77 mm?

Total Surface Area:
4207 + 14.77 = 434.77 ~ 1365.2 mm?>

Q Quick Tip

Total surface area = curved surface of cylinder + curved surface area of two cones. Use
Pythagoras to find slant height of cone.

35. From one face of a solid cube of side 14 cm, the largest possible cone is carved
out. Find the volume and surface area of the remaining solid.

22
(Use m = = V5 =2.2)

Solution:
Side of the cube = 14 cm Radius of the largest cone carved from one face = % = 7 cm Height
of cone = 14 cm

1. Volume of remaining solid:

Volume of cube:
Veube = a° = 143 = 2744 cm?®

Volume of cone:

1
Veone = _7T7n2h =

1 22 1 22 122-49-14 1 2156
3 3

LRy — 220 = 22T L D g4 = 222 A 718.67 em®
7 37 3 7 3 3 o

Volume of remaining solid = 2744 — 718.67 = 2025.33 cm?®

2. Surface area of remaining solid:
Original surface area of cube = 6a? = 6 - 142 = 6 - 196 = 1176 cm? But one face is carved and
replaced by the **curved surface™* of the cone.

CSA of cone:
Slant height { = /72 + h2 = /72 4+ 142 = V49 + 196 = v/245 = /49 - 5 = 7v/5 = 7-2.2 = 15.4 cm

292
CSAcope = 77l = = 7.15.4 = 22-15.4 = 338.8 cm?
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Surface area of remaining solid: = Total surface area of cube — area of carved face + CSA

of cone
= 1176 — 196 + 338.8 = 1318.8 cm?

Final Answers:

Volume = |2025.33 cm®|,  Surface Area =|1318.8 cm?

@ Quick Tip

When a solid is modified by removing a shape, subtract the volume and replace only
the corresponding surface area affected by the change.

Section - E

This section has 3 case study based questions of 4 marks each.

36. In order to organise Annual Sports Day, a school prepared an eight lane run-
ning track with an integrated football field inside the track area as shown below:

m_mflm.-“ﬂ-

The length of innermost lane of the track is 400 m and each subsequent lane is 7.6 m longer

than the preceding lane.
Based on given information, answer the following questions, using concept of Arithmetic Pro-

gression.
(i) What is the length of the 6" lane?
(ii) How long is the 8" lane than that of 4'" lane?

(iii) (a) While practicing for a race, a student took one round each in first six lanes. Find the
total distance covered by the student.

OR
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(b) A student took one round each in lane 4 to lane 8. Find the total distance covered by
the student.

Solution:
Given:

e First term of A.P. (length of innermost lane) = a = 400 m
e Common difference = d =7.6 m

(i) Length of 6" lane:

ag =a+ (6 —1)d =400+ 5-7.6 = 400 + 38 =438 m|

(ii) Difference between 8t and 4" lanes:

ag —ag=la+B8—1d —[a+(4—-1)d] = (a+7d) — (a+3d) =4d =4-7.6 =[30.4 m|

(iii) (a) Total distance in 1st to 6th lane:
This forms an A.P. of 6 terms:

6
ngg[2a+(n—1)d]25[2-400+5-7.6]:3-(800+38):3-838: 2514 m
OR

(iii) (b) Total distance in lanes 4 to 8:
This is a sum of 5 terms starting from 4" lane:

ay = a+ 3d =400 + 22.8 = 422.8
Usingn =5, a = a4 = 4228, d =7.6:

5 5 5
S5 = 5[2-4228 4 (5 1) - 7.6] = 7 [845.6 4 30.4] = 7 - 876 = —— =[2190 m

9 Quick Tip

In A.P. problems, use a, = a + (n — 1)d for specific terms, and S,, = §[2a + (n — 1)d]
for sums.

37. The Statue of Unity situated in Gujarat is the world’s largest Statue which
stands over a 58 m high base. As part of the project, a student constructed an
inclinometer and wishes to find the height of the Statue of Unity using it. He noted
the following observations from two places:

Situation — I: The angle of elevation of the top of the Statue from Place A which
is 80v/3 m away from the base of the Statue is found to be 60°.

Situation — II: The angle of elevation of the top of the Statue from a Place B which
is 40 m above the ground is found to be 30° and the entire height of the Statue
including the base is found to be 240 m.
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A

Based on given information, answer the following questions:

(i) Represent the Situation — I with the help of a diagram.
(ii) Represent the Situation — II with the help of a diagram.

(iii) Calculate the height of the Statue excluding the base and also find the height including
the base with the help of Situation — I.

OR

(b) Find the horizontal distance of point B (Situation — II) from the Statue and the value
of tan o, where « is the angle of elevation of the top of base of the Statue from point B.

Solution Outline:

(i) and (ii) — Draw right triangles representing the situations with height and distance as
sides and angle of elevation at the observer’s location.
(iii-a) From Situation — I:

h h
—— = V3=——=h=240m
80v/3 80v/3
So, height of statue = 240 — 58 =

(iii-b) From Situation — II:
Let x be the horizontal distance from point B to the base.

tan(60°) =

240 —40 200 1 200

= —=—=u=200v3~=|3464
. TR

tan(30°) =

Now for the base only:

58 — 40 18
t = = =t ~ 0.052
an(a) =~ = 3up4 = Lano |
9 Quick Tip
Use trigonometric ratios like tanf = ggfaoczgi when height and distances are involved

with angles of elevation.
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38. Anurag purchased a farmhouse which is in the form of a semicircle of diameter
70m. He divides it into three parts by taking a point P on the semicircle in such
a way that /PAB = 30° as shown in the following figure, where O is the centre of

the semicircle.

0

In part I, he planted saplings of Mango tree; in part II, he grew tomatoes; and in
part III, he grew oranges. Based on the given information, answer the following

questions:
(i) What is the measure of /ZPOA?
(ii) Find the length of wire needed to fence the entire piece of land.

(i) (a) Find the area of the region in which saplings of Mango tree are planted.
OR

(b) Find the length of wire needed to fence the region III.

Solution Outline:
(i) Since /PAB = 30°, and triangle OAB is isosceles with OA = OB, then /POA =
/POB = 60°
(ii) Diameter = 70 m = Radius r = 35m
Length of semicircle = % X 2mr = r = 2—72 x 35 =110m
Add lengths of straight sides AB, PA, and PB: use geometry to calculate.
Total fencing length ~ AB + PA + PB + semicircle arc

(iii)(a) Area of Sector POA =
6  , 60 22 ., 1 22 N )
2600 " —%~7~3 —6~7-1225~642.86m

(iii)(b) To fence Region III (Sector POB), repeat similar arc + straight sides calculation.

Q Quick Tip

Use formulas for arc length: L = 36000 - 2mr and area of sector: A = 36900 - 12
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